Problems in General Physics |. E. Irodov 


Problems 
in General 
Physics 




Mir Publishers 
Moscow 


The book is intended for col- 
lege undergraduates majoring 
in physics. It contains about 
2000 problems covering the 
major areas of physical 
science: mechanics, ther- 
modynamics, molecular 
physics, electrodynamics, 
oscillations and waves, optics, 
atomic and nuclear physics. 
Each section is preceded by a 
short summary of appropriate 
formulas whose total number 
exceeds 300. The answers to 
all problems are given at the 
end of the volume. The most 
difficult problems are provided 
with explanations. Moreover, 
the author presents some 
general hints helping the 
undergraduate to tackle the 
physical problems. 

Problems in General Physics is 
an excellent book which may 
serve as a valuable supplement 
to any college course on the 
subject. 


Igor Evgenyevich Irodov, Can- 
didate of Sciences (Physics 
and Mathematics), Professor of 
General Physics, has published 
a number of scientific papers 
and books, among which are 
several manuals: Fundamental 
Laws of Mechanics, Problems 
in Genera/ Physics, 

A Laboratory Course on Optics. 
His Problem Book on Atomic 
and Nuclear Physics appeared 
in six Russian editions, and 
was published in Great Britain, 
USA, Romania, and twice in 
Poland. 

A Problem Book on General 
Physics (with I. V. Savelyev and 
O. I. Zamsha as co-authors) 
was printed three times in Rus- 
sian and published in Poland. 
Mir Publishers have translated 
it into French; its publication 
in Arabic and Vietnamese is 
expected. 


ABOUT THE PUBLISHERS 


Mir Publishers of Moscow publishes Soviet scien- 
tific and technical literature in twenty-five 
languages comprising those most widely used. 
Titles include textbooks for higher technical and 
vocational schools, literature on the natural 
sciences and medicine, popular science and 
science fiction. The contributors to Mir Publishers 
are leading Soviet scientists and engineers from all 
fields of science and technology. Skilled staff pro- 
vides a high standard of translation from the 
original Russian. Many of the titles already issued 
by Mir Publishers have been adopted as textbooks 
and manuals at educational institutions in India, 
France, Cuba, Syria, Brazil, and many other coun- 
tries. 

Books from Mir Publishers can be purchased or 
ordered through booksellers in your country dealing 
with V/O “Mezhdunarodnaya Kniga”, the authorized 


ISBN 5-03-000800-4 



Problems In General Physics I. E. Irodov 


Problems 
in General 
Physics 

I.E. Irodov 


MENDELEEV’S PERIODIC 




Li 3 Be 4 

Lithium Beryllium 
6.94 9.0122 

Na 11 Mg 12 

Sodium Magnesium 
22.9898 24.305 

K 19 Ca 20 

Potassium Calcium 
39.098 40.08 


29 Cu 30 Zn 

Copper Zinc 

63.546 65.38 

Rb 37 Sr 38 

Rubidium Stronti 
85.47 


5 B 

6 C 

Boron 

Carbon 

10.811 

12.01115 

13 A1 

14 Si 

Aluminium 

Silicon 

26.9815 

28.086 

SC 21 

Ti 22 

Scandium 

Titanium 

44.956 

47.90 

31 Ga 

32 Ge 

Gallium 

Germanium 

69.72 

72.59 


7 N 

Nitrogen 

14.0067 


15 P 

Phosphorus 

30.9376 



Strontium 

87.62 


47 Agl 48 Cd 



Silver 

107.868 


Cs 55 B 

Cesium 
132.905 


79 Au 

Gold 

196.967 


Fr 87 

Francium 

[ 223 ] 



La 57 * 

Lanthanum 

a 

138.91 * 


80 Hg 81 T1 

Mercury Thallium 
200.59 204.37 

Ra 88 Ac 89 I 


82 Pb 

Lead 

207.19 


Nb 41 

Niobium 

92.906 


51 Sb 

Antimony 

121.75 

Ta 73 

Tantalum 

180.948 


83 Bi 

Bismuth 

208.980 


105 



**ACTINI 



Np 93 

Pll 94 

Neptunium 

Plutonium 

[ 237 ] 

[ 244 ] 













































table of the elements 


Elements 


8 O 

Oxygen 


VII 


H 1 

Hydrogen 

1.00797 


9 F 

Fluorine 



He 2 

Helium 

4.00260 


Ne 10 


16 S 

Sulphur 


17 Cl 

Chlorine 


|Ar 18 


Cr 24 Mn 25 Fe 26 Co 27 Ni 28 

Chromium Manganese Iron Cobalt Nickel 


51.996 

34 Se 

Selenium 


\Mo 42 


35 Br 

Bromine 

79.904 

Tc 43 Ru 44 


|Rh 45 I Pd 46 


Kr 36 

Krypton 

83.80 


Molybdenum Technetium Ruthenium Rhodium Palladium 


52 Te 

Tellurium 


Xe 54 


IW 74 


Re 75 


Os 76 fir 77 |Pt 78 


Tungsten Rhenium 


Osmium 


84 Po 

Polonium 

[209] 


186.2 190.2 

85 At 

Astatine 

1210] 


Platinum 


|Rn 86 





Problems in General Physics 



M. E. HpoflOB 

3AAA4H no OELUEfl t»H3MKE 

MaAaTe^bCTBo «Hay«a» Mocnaa 



I. E. Irodov 


Problems 
in General 
Physics 



Mir Publishers Moscow 



Translated from the Russian by Yuri Atanov 


First published 1981 

Second printing 1983 

Third printing 1988 

Revised from the 1979 Russian edition 


Ha amjLuucKOM whine 


Printed in the Union of Soviet Socialist Republics 


ISBN 5-03-000800-4 © HaflaTenbCTBo «HayKa», rjiaBnan pe^aKuim 

^BOHKo-MaTeMaTHHecKOH jiHTepaTypu, 1979 

© English translation, Mir Publishers, 1981 



PREFACE 


This book of problems is intended as a textbook for students at 
higher educational institutions studying advanced course in physics. 
Besides, because of the great number of simple problems it may be used 
by students studying a general course in physics. 

The book contains about 1900 problems with hints for solving the 
most complicated ones. 

For students' convenience each chapter opens with a time-saving 
summary of the principal formulas for the relevant area of physics. As a 
rule the formulas are given without detailed explanations since a stu- 
dent, starting solving a problem, is assumed to know the meaning of the 
quantities appearing in the formulas. Explanatory notes are only given 
in those cases when misunderstanding may arise. 

All the formulas in the text and answers are in SI system, except in 
Part Six, where the Gaussian system is used. Quantitative data and 
answers are presented in accordance with the rules of approximation and 
numerical accuracy. 

The main physical constants and tables are summarised at the end of 
the book. 

The Periodic System of Elements is printed at the front end sheet 
and the Table of Elementary Particles at the back sheet of the book. 

In the present edition, some misprints are corrected, and a number 
of problems are substituted by new ones, or the quantitative data in 
them are changed or refined (1.273, 1.361, 2.189, 3.249, 3.97, 4.194 and 
5.78). 

In conclusion, the author wants to express his deep gratitude to col- 
leagues from MIPhI and to readers who sent their remarks on some prob- 
lems , helping thereby to improve the book. 


I.E. Irodov 
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A FEW HINTS FOR SOLVING 
THE PROBLEMS 


1. First of all, look through the tables in the Appendix, for many 
problems cannot be solved without them. Besides, the reference data 
quoted in the tables will make your work easier and save your time. 

2. Begin the problem by recognizing its meaning and its formula- 
tion. Make sure that the data given are sufficient for solving the 
problem. Missing data can be found in the tables in the Appendix. 
Wherever possible, draw a diagram elucidating the essence of the 
problem; in many cases this simplifies both the search for a solution 
and the solution itself. 

3. Solve each problem, as a rule, in the general form, that is in 
a letter notation, so that the quantity sought will be expressed in 
the same terms as the given data. A solution in the general form is 
particularly valuable since it makes clear the relationship between 
the sought quantity and the given data. What is more, an answer ob- 
tained in the general form allows one to make a fairly accurate judge- 
ment on the correctness of the solution itself (see the next item). 

4. Having obtained the solution in the general form, check to see 
if it has the right dimensions. The wrong dimensions are an obvious 
indication of a wrong solution. If possible, investigate the behaviour 
of the solution in some extreme special cases. For example, whatever 
the form of the expression for the gravitational force between two 
extended bodies, it must turn into the well-known law of gravitational 
interaction of mass points as the distance between the bodies increases. 
Otherwise, it can be immediately inferred that the solution is wrong. 

5. When starting calculations, remember that the numerical values 
of physical quantities are always known only approximately. There- 
fore, in calculations you should employ the rules for operating with 
approximate numbers. In particular, in presenting the quantitative 
data and answers strict attention should be paid to the rules of 
approximation and numerical accuracy. 

6. Having obtained the numerical answer, evaluate itsplausibil 
ity. In some cases such an evaluation may disclose an error in the 
result obtained. For example, a stone cannot be thrown by a man 
over the distance of the order of 1 km, the velocity of a body cannot 
surpass that of light in a vacuum, etc. 



NOTATION 


Vectors are written in boldface upright type, e.g M r, F; the same 
letters printed in lightface italic type (r, F) denote the modulus of 
a vector. 

Unit vectors 

i, j, k are the unit vectors of the Cartesian coordinates x, y,z (some- 
times the unit vectors are denoted as e*, e y , e z ), 
e p , ©<p ? e z are the unit vectors of the cylindrical coordinates p, q>, z, 
n, t are the unit vectors of a normal and a tangent. 

Mean values are taken in angle brackets ( ), e.g., (v), <P>. 

Symbols A, d , and 6 in front of quantities denote: 

A, the finite increment of a quantity, e.g. Ar = r 2 — r x ; A U = 
= U % - U l9 

d, the differential (infinitesimal increment), e.g. dr, dU , 

6, the elementary value of a quantity, e.g. &4, the elementary work. 

Time derivative of an arbitrary function / is denoted by dfldt , 
or by a dot over a letter, /. 

Vector operator V (“nabla”). It is used to denote the following 
operations: 

V<p, the gradient of <p (grad cp). 

V-E, the divergence of E (div E), 

VxE, the curl of E (curl E). 

Integrals of any multiplicity are denoted by a single sign j and 
differ only by the integration element: dV, a volume element, dS, 
a surface element, and dr , a line element. The sign <£ denotes an 
integral over a closed surface, or around a closed loop. 



PART ONE 


PHYSICAL FUNDAMENTALS 
OF MECHANICS 


1.1. KINEMATICS 

• Average vectors of velocity and acceleration of a point: 


<v> = 


At 
~A T' 


(w> = 


Av 

~a7 


where Ar is the displacement vector (an increment of a radius vector). 
• Velocity and acceleration of a point: 


dr 

dt 


w = 


d\ 

dt 


(1.1a) 


(Mb) 


• Acceleration of a point expressed in projections on the tangent and the 
normal to a trajectory: 


dv x 

~sr 


R 


where R is the radius of curvature of the trajectory at the given point. 
• Distance covered by a point: 


— ^ v dt, 


where v is the modulus of the velocity vector of a point. 

• Angular velocity and angular acceleration of a solid body: 

dq) o ___ dto 

“ 57 * 


<0 = 


(Me) 


(l.ld) 


(l.le) 


body: 


• Relation between linear and angular quantities for a rotating solid 


v = [o>r], w n = co 2 i?, 


= p R, 


(l.l.f) 


where r is the radius vector of the considered point relative to an arbitrary point 
on the rotation axis, and R is the distance from the rotation axis. 


1.1. A motorboat going downstream overcame a raft at a point A; 
x = 60 min later it turned back and after some time passed the raft 
at a distance l — 6.0 km from the point A. Find the flow velocity 
assuming the duty of the engine to be constant. 

1.2. A point traversed half the distance with a velocity v 0 . The 
remaining part of the distance was covered with velocity v 1 for half 
the time, and with velocity v 2 for the other half of the time. Find 
the mean velocity of the point averaged over the whole time of mo- 
tion. 


1.3. A car starts moving rectilinearly, first with acceleration w = 
— 5.0 m/s 2 (the initial velocity is equal to zero), then uniformly, and 
finally, decelerating at the same rate w , comes to a stop. The total 
time of motion equals t = 25 s. The average velocity during that 
time is equal to (v) = 72 km per hour. How long does the car move 
uniformly? 

1.4. A point moves rectilinearly in one direction. Fig. 1.1 shows 



0 70 20 tjS 

Fig. 1.1. 


the distance s traversed by the point as a function of the time t . 
Using the plot find: 

(a) the average velocity of the point during the time of motion; 

(b) the maximum velocity; 

(c) the time moment t Q at which the instantaneous velocity is 
equal to the mean velocity averaged over the first t 0 seconds. 

1.5. Two particles, 1 and 2, move with constant velocities v x and 
v 2 . At the initial moment their radius vectors are equal to r 1 and r 2 . 
How must these four vectors be interrelated for the particles to col- 
lide? 

1.6. A ship moves along the equator to the east with velocity 
v Q = 30 km/hour. The southeastern wind blows at an angle <p = 60° 
to the equator with velocity v = 15 km/hour. Find the wind velocity 
v' relative to the ship and the angle cp' between the equator and the 
wind direction in the reference frame fixed to the ship. 

1.7. Two swimmers leave point A on one bank of the river to reach 
point B lying right across on the other bank. One of them crosses 
the river along the straight line AB while the other swims at right 
angles to the stream and then walks the distance that he has been 
carried away by the stream to get to point B. What was the velocity u 
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of his walking if both swimmers reached the destination simulta- 
neously? The stream velocity v 0 = 2.0 km/hour and the velocity v' 
of each swimmer with respect to water equals 2.5 km per hour. 

1.8. Two boats, A and B , move away from a buoy anchored at the 
middle of a river along the mutually perpendicular straight lines: 
the boat A along the river, and the boat B across the river. Having 
moved off an equal distance from the buoy the boats returned. 
Find the ratio of times of motion of boats t a /t b if the velocity of 
each boat with respect to water is r] = 1.2 times greater than the 
stream velocity. 

1.9* A boat moves relative to water with a velocity which is n = 
= 2.0 times less than the river flow velocity. At what angle to the 
stream direction must the boat move to minimize drifting? 

1 . 10 . Two bodies were thrown simultaneously from the same point: 
one, straight up, and the other, at an angle of 0 = 60° to the hori- 
zontal. The initial velocity of each body is equal to v 0 = 25 m/s. 
Neglecting the air drag, find the distance between the bodies t — 
= 1.70 s later. 

1.11. Two particles move in a uniform gravitational field with an 
acceleration g . At the initial moment the particles were located at 
one point and moved with velocities v 1 = 3.0 m/s and v 2 = 4.0 m/s 
horizontally in opposite directions. Find the distance between the 
particles at the moment when their velocity vectors become mutu- 
ally perpendicular. 

1.12. Three points are located at the vertices of an equilateral 
triangle whose side equals a. They all start moving simultaneously 
with velocity v constant in modulus, with the first point heading 
continually for the second, the second for the third, and the third 
for the first. How soon will the points converge? 

1.13. Point A moves uniformly with velocity i>so that the vector v 
is continually “aimed” at point B which in its turn moves recti- 
linearly and uniformly with velocity u < v. At the initial moment of 
time v JLu and the points are separated by a distance /. How soon 
will the points converge? 

1.14. A train of length l = 350 m starts moving rectilinearly with 
constant acceleration w = 3.0- 10 -2 m/s 2 ; £ = 30 s after the start 
the locomotive headlight is switched on (event i), and x = 60 s 
after that event the tail signal light is switched on (event 2). Find the 
distance between these events in the reference frames fixed to the 
train and to the Earth. How and at what constant velocity V rela- 
tive to the Earth must a certain reference frame K move for the two 
events to occur in it at the same point? 

1.15. An elevator car whose floor-to-ceiling distance is equal to 
2.7 m starts ascending with constant acceleration 1.2 m/s 2 ; 2.0 s 
after the start a bolt begins falling from the ceiling of the car. Find: 

(a) the bolt’s free fall time; 

(b) the displacement and the distance covered by the bolt during 
the free fall in the reference frame fixed to the elevator shaft. 
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1.16. Two particles, 1 and 2 , move with constant velocities vi 
and v 2 along two mutually perpendicular straight lines toward the 
intersection point 0 . At the moment t = 0 the particles were located 
at the distances l x and l 2 from the point O . How soon will the distance 
between the particles become the smallest? What is it equal to? 

1.17. From point A located on a highway (Fig. 1.2) one has to get 
by car as soon as possible to point B located in the field at a distance l 
from the highway. It is known that the car moves in the field q 
times slower than on the highway. At what distance from point D 
one must turn off the highway? 

1.18. A point travels along the x axis with a velocity whose pro- 
jection v x is presented as a function of time by the plot in Fig. 1.3. 


A 

o» 


6 U 



\ 


id 


Fig. 1.2. 
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Assuming the coordinate of the point x = 0 at the moment t — 0, 
draw the approximate time dependence plots for the acceleration w xi 
the x coordinate, and the distance covered s. 

1.19. A point traversed half a circle of radius R = 160 cm during 
time interval x = 10.0 s. Calculate the following quantities aver- 
aged over that time: 

(a) the mean velocity { v ); 

(b) the modulus of the mean velocity vector | (v) (; 

(c) the modulus of the mean vector of the total acceleration | <w)| 
if the point moved with constant tangent acceleration. 

1.20. A radius vector of a particle varies with time t as r = 
— at (1 — at), where a is a constant vector and a is a positive factor. 
Find: 

(a) the velocity v and the acceleration w of the particle as functions 
of time; 

(b) the time interval At taken by the particle to return to the ini- 
tial points, and the distance s covered during that time. 

1.21. At the moment t = 0 a particle leaves the origin and moves 
in the positive direction of the x axis. Its velocity varies with time 
as v = v 0 (1 — tix), where v 0 is the initial velocity vector whose 
modulus equals v 0 = 10.0 cm/s; x = 5.0 s. Find: 

(a) the x coordinate of the particle at the moments of time 6.0, 
10, and 20 s; 

(b) the moments of time when the particle is at the distance 10.0 cm 
from the origin; 


(c) the distance s covered by the particle during the first 4.0 and 
8.0 s; draw the approximate plot s ( t ). 

1.22. The velocity of a particle moving in the positive direction 
of the x axis varies as v = a]/ x, where a is a positive constant. 
Assuming that at the moment t = 0 the particle was located at the 
point x = 0, find: 

(a) the time dependence of the velocity and the acceleration of the 
particle; 

(b) the mean velocity of the particle averaged over the time that 
the particle takes to cover the first s metres of the path. 

1.23. A point moves rectilinearly with deceleration whose modulus 
depends on the velocity v of the particle as w = a]/ y, where a is a 
positive constant. At the initial moment the velocity of the point 
is equal to y<>. What distance will it traverse before it stops? What 
time will it take to cover that distance? 

1.24. A radius vector of a point A relative to the origin varies with 
time t as r = ati — bt 2 j, where a and b are positive constants, and i 
and j are the unit vectors of the x and y axes. Find: 

(a) the equation of the point’s trajectory y (x); plot this function; 

(b) the time dependence of the velocity v and acceleration w vec- 
tors, as well as of the moduli of these quantities; 

(c) the time dependence of the angle a between the vectors w and v; 

(d) the mean velocity vector averaged over the first t seconds of 
motion, and the modulus of this vector. 

1.25. A point moves in the plane xy according to the law x — at , 
y = at (1 — - at), where a and a are positive constants, and t is 
time. Find: 

(a) the equation of the point’s trajectory y (x); plot this function; 

(b) the velocity v and the acceleration w of the point as functions 
of time; 

(c) the moment t 0 at which the velocity vector forms an angle jt/ 4 
with the acceleration vector, 

1.26. A point moves in the plane xy according to the law x = 
= a sin tot, y = a ( 4 — cos co£), where a and co are positive constants. 
Find: 

(a) the distance s traversed by the point during the time x; 

(b) the angle between the point’s velocity and acceleration vectors. 

1.27. A particle moves in the plane xy with constant acceleration w 
directed along the negative y axis. The equation of motion of the 
particle has the form y = ax — bx 2 , where a and b are positive con- 
stants. Find the velocity of the particle at the origin of coordinates. 

1.28. A small body is thrown at an angle to the horizontal with 
the initial velocity v 0 . Neglecting the air drag, find: 

{a) the displacement of the body as a function of time r (t); 

(b) the mean velocity vector <v> averaged over the first t seconds 
and over the total time of motion. 

1.29. A body is thrown from the surface of the Earth at an angle a 
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to the horizontal with the initial velocity v 0 . Assuming the air drag 
to be negligible, find: 

(a) the time of motion; 

(b) the maximum height of ascent and the horizontal range; at 
what value of the angle a they will be equal to each other; 

(c) the equation of trajectory y {x), where y and x are displacements 
of the body along the vertical and the horizontal respectively; 

(d) the curvature radii of trajectory at its initial point and at its 
peak. 

1.30. Using the conditions of the foregoing problem, draw the ap- 
proximate time dependence of moduli of the normal w n and tangent w x 
acceleration vectors, as well as of the projection of the total accele- 
ration vector w v on the velocity vector direction. 

1.31. A ball starts falling with zero initial velocity on a smooth 
inclined plane forming an angle a with the horizontal. Having fall- 
en the distance h, the ball rebounds elastically off the inclined plane. 
At what distance from the impact point will the ball rebound for 
the second time? 

1.32. A cannon and a target are 5.10 km apart and located at the 
same level. How soon will the shell launched with the initial velocity 
240 m/s reach the target in the absence of air drag? 

1.33. A cannon fires successively two shells with velocity v 0 = 
= 250 m/s; the first at the angle = 60° and the second at the angle 
0 2 = 45° to the horizontal, the azimuth being the same. Neglecting 
the air drag, find the time interval between firings leading to the 
collision of the shells. 

1.34. A balloon starts rising from the surface of the Earth. The 
ascension rate is constant and equal to v 0 . Due to the wind the bal- 
loon gathers the horizontal velocity component v x = ay , where a 
is a constant and y is the height of ascent. Find how the following 
quantities depend on the height of ascent: 

(a) the horizontal drift of the balloon x (y); 

(b) the total, tangential, and normal accelerations of the balloon. 

1.35. A particle moves in the plane xy with velocity v = ai + bx j, 
where i and j are the unit vectors of the x and y axes, and a and b 
are constants. At the initial moment of time the particle was located 
at the point x = y = 0. Find: 

(a) the equation of the particle’s trajectory y (z); 

(b) the curvature radius of trajectory as a function of x . 

1.36. A particle A moves in one direction along a given trajectory 
with a tangential acceleration w x = ax, where a is a constant vector 
coinciding in direction with the x axis (Fig. 1.4), and x is a unit vector 
coinciding in direction with the velocity vector at a given point. 
Find how the velocity of the particle depends on x provided that its 
velocity is negligible at the point x = 0. 

1.37. A point moves along a circle with a velocity v = at , where 
a = 0.50 m/s 2 . Find the total acceleration of the point at the mo- 
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meat when it covered the n-th ( n *= 0,10) fraction of the circle after 
the beginning of motion. 

1.38. A point moves with deceleration along the circle of radius R 
so that at any moment of time its tangential and normal accelerations 


are equal in moduli. At the initial moment t = 0 the velocity of the 
point equals v 0 . Find: 

(a) the velocity of the point as a function of time and as a function 
of the distance covered s; 

(b) the total acceleration of the point as a function of velocity and 
the distance covered. 

1.39. A point moves along an arc of a circle of radius /?. Its velocity 
depends on the distance covered s as v = a\f s, where a is a constant. 
Find the angle a between the vector of the total acceleration and 
the vector of velocity as a function of s . 

1.40. A particle moves along an arc of a circle of radius R according 
to the law l = a sin c of, where l is the displacement from the initial 
position measured along the arc, and a and co are constants. Assum- 
ing R — 1.00 m, a = 0.80 m, and co — 2.00 rad/s, find: 

(a) the magnitude of the total acceleration of the particle at the 
points l = 0 and l — ±a\ 

(b) the minimum value of the total acceleration w min and the cor- 
responding displacement Z m . 

1.41. A point moves in the plane so that its tangential acceleration 
w x = a , and its normal acceleration w n — 6f 4 , where a and b are 
positive constants, and t is time. At the moment t = 0 the point was 
at rest. Find how the curvature radius R of the point’s trajectory and 
the total acceleration w depend on the distance covered s . 

1.42. A particle moves along the plane trajectory y {x) with velo- 
city v whose modulus is constant. Find the acceleration of the par- 
ticle at the point x = 0 and the curvature radius of the trajectory 
at that point if the trajectory has the form 

(a) of a parabola y — ax 2 ; 

(b) of an ellipse (xia) 2 -f ( y/b ) 2 = 1; a and b are constants here. 

1.43. A particle A moves along a circle of radius R = 50 cm so 
that its radius vector r relative to the point O (Fig. 1.5) rotates with 
the constant angular velocity co = 0.40 rad/s. Find the modulus of 
the velocity of the particle, and the modulus and direction of its 
total acceleration. 
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Fig. 1.4. 
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1.44. A wheel rotates around a stationary axis so that the rotation 
angle cp varies with time as (p = at 2 , where a — 0.20 rad/s 2 . Find the 
total acceleration w of the point A at the rim at the moment t — 2.5 s 
if the linear velocity of the point A at this moment v = 0.65 m/s. 

1.45. A shell acquires the initial velocity v == 320 m/s, having 
made n = 2.0 turns inside the barrel whose length is equal to l = 
= 2.0 m. Assuming that the shell moves 
inside the barrel with a uniform accelera- 
tion, find the angular velocity of its axial 
rotation at the moment when the shell 
escapes the barrel. 

1.46. A solid body rotates about a station- 
ary axis according to the law cp = at — 

— bt z , where a = 6.0 rad/s and b = 2.0 
rad/s 3 . Find: 

(a) the mean values of the angular velo- 
city and angular acceleration averaged over 
the time interval between t = 0 and the 
complete stop; 

(b) the angular acceleration at the moment when the body stops. 

1.47. A solid body starts rotating about a stationary axis with an 
angular acceleration (J = at , where a — 2.0- 10" 2 rad/s 3 . How soon 
after the beginning of rotation will the total acceleration vector of 
an arbitrary point of the body form an angle a = 60° w,ith its velo- 
city vector? 

1.48. A solid body rotates with deceleration about a stationary 
axis with an angular deceleration p oc where co is its angular 
velocity. Find the mean angular velocity of the body averaged over 
the whole time of rotation if at the initial moment of time its angular 
velocity was equal to co 0 . 

1.49. A solid body rotates about a stationary axis so that its angu- 
lar velocity depends on the rotation angle (p as (o == co 0 — acp, where 
co 0 and a are positive constants. At the moment t = 0 the angle 
(p = 0. Find the time dependence of 

(a) the rotation angle; 

(b) the angular velocity. 

1.50. A solid body starts rotating about a stationary axis with an 
angular acceleration P = p o cos cp, -where p o is a constant vector and cp 
is an angle of rotation from the initial position. Find the angular 
velocity of the body as a function of the angle <p. Draw the plot of 
this dependence. 

1.51. A rotating disc (Fig. 1.6) moves in the positive direction of 
the x axis. Find the equation y ($) describing the position of the 
instantaneous axis of rotation, if at the initial moment the axis C 
of the disc was located at the point O after which it moved 

(a) with a constant velocity v , while the disc started rotating coun- 
terclockwise with a constant angular acceleration p (the initial angu- 
lar velocity is equal to zero); 
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(b) with a constant acceleration w (and the zero initial velocity), 
while the disc rotates counterclockwise with a constant angular velo- 
city oa. 

1.52. A point A is located on the rim of a wheel of radius R — 
= 0.50 m which rolls without slipping along a horizontal surface 
with velocity v = 1.00 m/s. Find: 

(a) the modulus and the direction Of the acceleration vector of the 
point A ; 

(b) the total distance s traversed by the point A between the two 
successive moments at which it touches the surface. 

1.53. A ball of radius R = 10.0 cm rolls without slipping down 
an inclined plane so that its centre moves with constant acceleration 


A 




w — 2.50 cm/s 2 ; i = 2.00 s after the beginning of motion its position 
corresponds to that shown in Fig. 1.7. Find: 

(a) the velocities of the points A, B , and O', 

(b) the accelerations of these points. 

1.54. A cylinder rolls without slipping over a horizontal plane. 
The radius of the cylinder is equal to r. Find the curvature radii of 
trajectories traced out by the points A and B (see Fig. 1.7). 

1.55. Two solid bodies rotate about stationary mutually perpen- 
dicular intersecting axes with constant angular velocities % = 
= 3.0 rad/s and co 2 = 4.0 rad/s. Find the angular velocity and angu- 
lar acceleration of one body relative to the other. 

1.56. A solid body rotates with angular velocity to = ati -f bt 2 j, 
where a = 0.50 rad/s 2 , b — 0.060 rad/s 3 , and i and j are the unit 
vectors of the x and y axes. Find: 

(a) the moduli of the angular velocity and the angular acceleration 
at the moment t = 10.0 s; 

(b) the angle between the vectors of the angular velocity and the 
angular acceleration at that moment. 

1.57. A round cone with half-angle a = 30° and the radius of the 
base R = 5.0 cm rolls uniformly and without slipping over a hori- 
zontal plane as shown in Fig. 1.8. The cone apex is hinged at the 
point O which is on the same level with the point C, the cone base 
centre. The velocity of point C is v = 10.0 cm/s. Find the moduli of 
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(a) the vector of the angular velocity of the cone and the angle it 
forms with the vertical; 

(b) the vector of the angular acceleration of the cone. 

1,58. A solid body rotates with a constant angular velocity co 0 = 
= 0.50 rad/s about a horizontal axis AB. At the moment t — 0 



Fig. 1.8. 


the axis AB starts turning about the vertical with a constant angu- 
lar acceleration p 0 = 0.10 rad/s 2 . Find the angular velocity and 
angular acceleration of the body after t = 3.5 s. 

1.2. THE FUNDAMENTAL EQUATION OF DYNAMICS 

• The fundamental equation of dynamics of a mass point (Newton’s sec. 
ond law): 

ro ir= F - ( 12a ) 

• The same equation expressed in projections on the tangent and the 
normal of the points trajectory: 

m ^jjf = F X’ m~Y = F n . (1.2b) 

• The equation of dynamics of a point in the non-inertial reference frame 
K' which rotates with a constant angular velocity <0 about an axis translating 
with an acceleration w 0 : 

mw' = F — mw 0 -f mco 2 R + 2m [v'coj, (1.2c) 

where R is the radius vector of the point relative to the axis of rotation of the 
K' frame. 

1.59. An aerostat of mass m starts coming down with a constant 
acceleration w . Determine the ballast mass to be dumped for the 
aerostat to reach the upward acceleration of the same magnitude. 
The air drag is to be neglected. 

1.60. In the arrangement of Fig. 1.9 the masses m 0 , m lf and m 2 
of bodies are equal, the masses of the pulley and the threads are 
negligible, and there is no friction in the pulley. Find the accel- 
eration w with which the body m Q comes down, and the tension of 
the thread binding together the bodies m 1 and m 2 , if the coefficient 
of friction between these bodies and the horizontal surface is equal 
to k . Consider possible cases. 
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1.61. Two touching bars 1 and 2 are placed on an inclined plane 
forming an angle a with the horizontal (Fig. 1.10). The masses of 
the bars are equal to m x and m 2 , and the coefficients of friction be- 


tween the inclined plane and these bars are equal to k x and k 2 re- 
spectively, with k x > k 2 . Find: 

(a) the force of interaction of the bars in the process of motion; 

(b) the minimum value of the angle a at which the bars start slid- 
ing down. 

1.62. A small body was launched up an inclined plane set at an 
angle a = 15° against the horizontal. Find the coefficient of friction, 
if the time of the ascent of the body is r\ = 2.0 times less than the 
time of its descent. 

1.63. The following parameters of the arrangement of Fig. 1.11 
are available: the angle a which the inclined plane forms with the 
horizontal, and the coefficient of friction k between the body m 1 
and the inclined plane. The masses of the pulley and the threads, 
as well as the friction in the pulley, are negligible. Assuming both 
bodies to be motionless at the initial moment, find the mass ratio 
m 2 lm l at which the body m 2 

(a) starts coming down; 

(b) starts going up; 

(c) is at rest. 

1.64. The inclined plane of Fig. 1.11 forms an angle a = 30° with 
the horizontal. The mass ratio m 2 lm 1 = t] = 2/3. The coefficient of 
friction between the body m 1 and the inclined plane is equal to k = 
— 0.10. The masses of the pulley and the threads are negligible. 
Find the magnitude and the direction of acceleration of the body m 2 
when the formerly stationary system of masses starts moving. 

1.65. A plank of mass m 1 with a bar of mass m 2 placed on it lies on 
a smooth horizontal plane. A horizontal force growing with time t 
as F = at (a is constant) is applied to the bar. Find how the acceler- 
ations of the plank w x and of the bar w 2 depend on t , if the coefficient 
of friction between the plank and the bar is equal to k. Draw the ap- 
proximate plots of these dependences. 

1.66. A small body A starts sliding down from the top of a wedge 
(Fig. 1.12) whose base is equal to l = 2.10 m. The coefficient of 
friction between the body and the wedge surface is k = 0.140. At 



Fig. 1.9. 


Fig. 1.10. 


21 


what value of the angle a will the time of sliding be the least? What 
will it be equal to? 

1.67. A bar of mass m is pulled by means of a thread up an inclined 
plane forming an angle a with the horizontal (Fig. 1.13). The coef- 




ficient of friction is equal to k. Find the angle |3 which the thread 
must form with the inclined plane for the tension of the thread to be 
minimum. What is it equal to? 

1.68. At the moment t = 0 the force F — at is applied to a small 
body of mass m resting on a smooth horizontal plane {a is a constant). 




The permanent direction of this force forms an angle a with the hori- 
zontal (Fig. 1.14). Find: 

(a) the velocity of the body at the moment of its breaking off the 
plane; 

(b) the distance traversed by the body up to this moment. 

1.69. A bar of mass m resting on a smooth horizontal plane starts 
moving due to the force F = mg ! 3 of constant magnitude. In the 
process of its rectilinear motion the angle a between the direction of 
this force and the horizontal varies as a — as, where a is a constant, 
and s is the distance traversed by the bar from its initial position. 
Find the velocity of the bar as a function of the angle a. 

1.70. A horizontal plane with the coefficient of friction k supports 
two bodies: a bar and an electric motor with a battery on a block. 
A thread attached to the bar is wound on the shaft of the electric 
motor. The distance between the bar and the electric motor is equal 
to 1. When the motor is switched on, the bar, whose mass is twice 
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as great as that of the other body, starts moving with a constant ac- 
celeration w. How soon will the bodies collide? 

1.71. A pulley fixed to the ceiling of an elevator car carries a 
thread whose ends are attached to the loads of masses m 1 and m 2 . 
The car starts going up with an acceleration w 0 . Assuming the masses 
of the pulley and the thread, as well as the friction, to be negligible 
find: 

(a) the acceleration of the load m 1 relative to the elevator shaft 
and relative to the car; 

(b) the force exerted by the pulley on the ceiling of the car. 

1.72. Find the acceleration w of body 2 in the arrangement shown 
in Fig. 1.15, if its mass is r) times as great as the mass of bar 1 and 




the angle that the inclined plane forms with the horizontal is equal 
to a. The masses of the pulleys and the threads, as well as the fric- 
tion, are assumed to be negligible. Look into possible cases. 

1.73. In the arrangement shown in Fig. 1.16 the bodies have masses 
m 0 , /»!, m 2 , the friction is absent, the masses of the pulleys and 
the threads are negligible. Find the acceleration of the body m v 
Look into possible cases. 

1.74. In the arrangement shown in Fig. 1.17 the mass of the rod M 
exceeds the mass m of the ball. The ball has an opening permitting 
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it to slide along the thread with some friction. The mass of the pulley 
and the friction in its axle are negligible. At the initial moment the 
ball was located opposite the lower end of the rod. When set free, 


both bodies began moving with constant accelerations. Find the 
friction force between the ball and the thread if t seconds after the 
beginning of motion the ball got opposite the upper end of the rod. 
The rod length equals L 

1.75. In the arrangement shown in Fig. 1.18 the mass of ball 1 
is r\ = 1.8 times as great as that of rod 2. The length of the latter is 
l = 100 cm. The masses of the pulleys and the threads, as well as 
the friction, are negligible. The ball is set on the same level as the 
lower end of the rod and then released. How soon will the ball be 
opposite the upper end of the rod? 

1.76. In the arrangement shown in Fig. 1.19 the mass of body 1 
is r] = 4.0 times as great as that of body 2 . The height h == 20 cm. 
The masses of the pulleys and the threads, as well as the friction, 
are negligible. At a certain moment body 2 is released and the arrange- 
ment set in motion. What is the maximum height that body 2 will 
go up to? 

1.77. Find the accelerations of rod A and wedge B in the arrange- 
ment shown in Fig. 1.20 if the ratio of the mass of the wedge to that 
of the rod equals rj, and the friction between all contact surfaces is 
negligible. 

1.78. In the arrangement shown in Fig. 1.21 the masses of the 
wedge M and the body m are known. The appreciable friction exists 




only between the wedge and the body m, the friction coefficient being 
equal to k . The masses of the pulley and the thread are negligible. 
Find the acceleration of the body m relative to the horizontal surface 
on which the wedge slides. 

1.79. What is the minimum acceleration with which bar A (Fig. 1.22) 
should be shifted horizontally to keep bodies 1 and 2 stationary 
relative to the bar? The masses of the bodies are equal, and the coef- 
ficient of friction between the bar and the bodies is equal to k. The 
masses of the pulley and the threads are negligible, the friction in 
the pulley is absent. 

1.80. Prism 1 with bar 2 of mass m placed on it gets a horizontal 
acceleration w directed to the left (Fig. 1.23). At what maximum 
value of this acceleration will the bar be still stationary relative to 
the prism, if the coefficient of friction between them k< cot a? 
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1.81. Prism 1 of mass m x and with angle a (see Fig. 1.23) rests on 
a horizontal surface. Bar 2 of mass m 2 is placed on the prism. Assum- 
ing the friction to be negligible, find the acceleration of the prism. 

1.82. In the arrangement shown in Fig. 1.24 the masses m of the 
bar and M of the wedge, as well as the wedge angle a, are known. 



Fig. 1.22. 
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The masses of the pulley and the thread are negligible. The friction 
is absent. Find the acceleration of the wedge M. 

1.83. A particle of mass m moves along a circle of radius R. Find 
the modulus of the average vector of the force acting on the particle 
over the distance equal to a quarter of the 
circle, if the particle moves 

(a) uniformly with velocity v\ 

(b) with constant tangential acceleration 
w xy the initial velocity being equal to zero. 

1.84. An aircraft loops the loop of radius 
R = 500 m with a constant velocity u = 

== 360 km per hour. Find the weight of the Fig. 1.24. 

flyer of mass m = 70 kg in the lower, upper, 

and middle points of the loop. 

1.85. A small sphere of mass m suspended by a thread is first taken 
aside so that the thread forms the right angle with the vertical and 
then released. Find: 

(a) the total acceleration of the sphere and the thread tension as 
a function of 0, the angle of deflection of the thread from the vertical; 

(b) the thread tension at the moment when the vertical component 
of the sphere’s velocity is maximum; 

(c) the angle 0 between the thread and the vertical at the moment 
when the total acceleration vector of the sphere is directed horizon- 
tally. 

1.86. A ball suspended by a thread swings in a vertical plane so 
that its acceleration values in the extreme and the lowest position 
are equal. Find the thread deflection angle in the extreme position. 

1.87. A small body A starts sliding off the top of a smooth sphere 
of radius R. Find the angle 0 (Fig. 1.25) corresponding to the point 
at which the body breaks off the sphere, as well as the break-off veloc- 
ity of the body. 

1.88. A device (Fig. 1.26) consists of a smooth L-shaped rod locat- 
ed in a horizontal plane and a sleeve A of mass m attached by a weight- 
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less spring to a point B . The spring stiffness is equal to x. The whole 
system rotates with a constant angular velocity w about a vertical 
axis passing through the point 0. Find the elongation of the spring. 
How is the result affected by the rotation direction? 

1.89, A cyclist rides along the circumference of a circular horizontal 
plane of radius R, the friction coefficient being dependent only on 




distance r from the centre 0 of the plane as k~k^{\ — rlR), where 
k 0 is a constant. Find the radius of the circle with the centre at the 
point along which the cyclist can ride with the maximum velocity. 
What is this velocity? 

1.90. A car moves with a constant tangential acceleration w x = 
= 0.62 m/s 2 along a horizontal surface circumscribing a circle of 
radius R — 40 m. The coefficient of sliding friction between the 
wheels of the car and the surface is k = 0 . 20 . What distance will 
the car ride without sliding if at the initial moment of time its veloc- 
ity is equal to zero? 

1.91. A car moves uniformly along a horizontal sine curve y — 
— a sin (x/a), where a and a are certain constants. The coefficient of 
friction between the wheels and the road is equal to k. At what veloc- 
ity will the car ride without sliding? 

1.92. A chain of mass m forming a circle of radius R is slipped on a 
smooth round cone with half-angle 0. Find the tension of the chain 
if it rotates with a constant angular velocity co about a vertical axis 
coinciding with the symmetry axis of the cone. 

1.93. A fixed pulley carries a weightless thread with masses m 1 
and m 2 at its ends. There is friction between the thread and the pul- 
ley. It is such that the thread starts slipping when the ratio m 2 lm 1 = 
= r] 0 . Find: 

(a) the friction coefficient; 

(b) the acceleration of the masses when m 2 /m 1 = *1 > T| 0 . 

1.94. A particle of mass m moves along the internal smooth sur- 
face of a vertical cylinder of radius R . Find the force with which the 
particle acts on the cylinder wall if at the initial moment of time 
its velocity equals u 0 and forms an angle a with the horizontal. 
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1.95. Find the magnitude and direction of the force acting on the 
particle of mass m during its motion in the plane xy according to the 
law x = a sin octf, y = b cos c at, where a, b, and co are constants. 

1.96. A body of mass m is thrown at an angle to the horizontal 
with the initial velocity v 0 . Assuming the air drag to be negligible, 
find: 

(a) the momentum increment Ap that the body acquires over the 
first t seconds of motion; 

(b) the modulus of the momentum increment Ap during the total 
time of motion. 

1.97. At the moment t = 0 a stationary particle of mass m expe- 
riences a time-dependent force F = at (t — t), where a is a constant 
vector, t is the time during which the given force acts. Find: 

(a) the momentum of the particle when the action of the force dis- 
continued; 

(b) the distance covered by the particle while the force acted. 

1.98. At the moment t = 0 a particle of mass m starts moving due 
to a force F = F 0 sin cd£, where Fp and co are constants. Find the 
distance covered by the particle as a function of t. Draw the approx- 
imate plot of this function. 

1.99. At the moment t = 0 a particle of mass m starts moving due 
to a force F = F 0 cos c ot, where F 0 and co are constants. How long 
will it be moving until it stops for the first time? What distance will 
it traverse during that time? What is the maximum velocity of the 
particle over this distance? 

1.100. A motorboat of mass m moves along a lake with velocity v Q . 
At the moment t = 0 the engine of the boat is shut down. Assuming 
the resistance of water to be proportional to the velocity of the boat 
F = — rv, find; 

(a) how long the motorboat moved with the shutdown engine; 

(b) the velocity of the motorboat as a function of the distance cov- 
ered with the shutdown engine, as well as the total distance covered 
till the complete stop; 

(c) the mean velocity of the motorboat over the time interval 
(beginning with the moment t — 0), during which its velocity de- 
creases T) times. 

1.101. Having gone through a plank of thickness h, a bullet 
changed its velocity from u 0 to v. Find the time of motion of the 
bullet in the plank, assuming the resistance force to be proportional 
to the square of the velocity. 

1.102. A small bar starts sliding down an inclined plane forming 
an angle a with the horizontal. The friction coefficient depends on 
the distance x covered as k = ax, where a is a constant. Find the 
distance covered by the bar till it stops, and its maximum velocity 
over this distance. 

1.103. A body of mass m rests on a horizontal plane with the fric- 
tion coefficient k. At the moment t = 0 a horizontal force is applied 
to it, which varies with time as F = at, where a is a constant vector. 
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Find the distance traversed by the body during the first t seconds after 
the force action began. 

1.104. A body of mass m is thrown straight up with velocity v 0 . 
Find the velocity v with which the body comes down if the air drag 
equals kv 2 , where A; is a constant and v is the velocity of the body. 

1.105. A particle of mass m moves 
in a certain plane P due to a force 
F whose magnitude is constant and 
whose vector rotates in that plane with 
a constant angular velocity to. Assum- 
ing the particle to be stationary at 
the moment t = 0 t find: 

(a) its velocity as a function of 
time; 

(b) the distance covered by the 
particle between two successive stops, 
and the mean velocity over this time. 

1.106. A small disc A is placed on an inclined plane forming an 
angle a with the horizontal (Fig. 1.27) and is imparted an initial 
velocity i> 0 . Find how the velocity of the disc depends on the angle (p 
if the friction coefficient k = tan a and at the initial moment <p 0 = 

= Jt/2. 

1.107. A chain of length l is placed on a smooth spherical surface 
of radius R with one of its ends fixed at the top of the sphere. What 
will be the acceleration w of each element of the chain when its upper 

I 

end is released? It is assumed that the length of the chain l< — nR. 

1.108. A small body is placed on the top of a smooth sphere of 
radius R. Then the sphere is imparted a constant acceleration w 0 
in the horizontal direction and the body begins sliding down. Find: 

(a) the velocity of the body relative to the sphere at the moment of 
break-off; 

(b) the angle 0 O between the vertical and the radius vector drawn 
from the centre of the sphere to the break-off point; calculate 0 O 
for iv Q = g . 

1.109. A particle moves in a plane under the action of a force 
which is always perpendicular to the particle’s velocity and depends 
on a distance to a certain point on the plane as l/r n , where n is a 
constant. At what value of n will the motion of the particle along 
the circle be steady ? 

1.110. A sleeve A can slide freely along a smooth rod bent in the 
shape of a half-circle of radius R (Fig. 1.28). The system is set in rota- 
tion with a constant angular velocity to about a vertical axis 00\ 
Find the angle 0 corresponding to the steady position of the sleeve. 

1.111. A rifle was aimed at the vertical line on the target located 
precisely in the northern direction, and then fired. Assuming the air 
drag to be negligible, find how much off the line, and in what direc- 
tion, will the bullet hit the target. The shot was fired in the horizontal 
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direction at the latitude <p = 60°, the bullet velocity v — 900 m/s, 
and the distance from the target equals s — 1.0 km. 

1.112. A horizontal disc rotates with a constant angular velocity 
o) — 6.0 rad/s about a vertical axis passing through its centre. A 
small body of mass m — 0.50 kg moves along a 
diameter of the disc with a velocity v — 50 cm/s 
which is constant relative to the disc. Find the 
force that the disc exerts on the body at the 
moment when it is located at the distance 
r = 30 cm from the rotation axis. 

1.113. A horizontal smooth rod AB rotates 
with a constant angular velocity to = 2.00 rad/s 
about a vertical axis passing through its end 
A . A freely sliding sleeve of mass m = 0.50 kg 
moves along the rod from the point A with the 
initial velocity v 0 — 1.00 m/s. Find the Coriolis 
force acting on the sleeve (in the reference frame 
fixed to the rotating rod) at the moment When 
the sleeve is located at the distance r = 50 cm 
from the rotation axis. 

1.114. A horizontal disc of radius R rotates with a constant angu- 
lar velocity o:> about a stationary vertical axis passing through its 
edge. Along the circumference of the disc a particle of mass m moves 
with a velocity that is constant relative to the disc. At the moment 
when the particle is at the maximum distance from the rotation axis, 
the resultant of the inertial forces F in acting on the particle in the 
reference frame fixed to the disc turns into zero. Find: 

(a) the acceleration w' of the particle relative to the disc; 

(b) the dependence of F in on the distance from the rotation axis. 

1.115. A small body of mass m — 0.30 kg starts sliding down from 
the top of a smooth sphere of radius R — 1.00 m. The sphere rotates 
with a constant angular velocity w = 6.0 rad/s about a vertical 
axis passing through its centre. Find the centrifugal force of inertia 
and the Coriolis force at the moment when the body breaks off the 
surface of the sphere in the reference frame fixed to the sphere. 

1.116. A train of mass m = 2000 tons moves in the latitude <p = 
= 60° North. Find: 

(a) the magnitude and direction of the lateral force that the train 
exerts on the rails if it moves along a meridian with a velocity v — 
= 54 km per hour; 

(b) in what direction and with what velocity the train should move 
for the resultant of the inertial forces acting on the train in the ref- 
erence frame fixed to the Earth to be equal to zero. 

1.117. At the equator a stationary (relative to the Earth) body 
falls down from the height h = 500 m. Assuming the air drag to be 
negligible, find how much off the vertical, and in what direction, 
the body will deviate when it hits the ground. 
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1.3. LAWS OF CONSERVATION OF ENERGY, MOMENTUM, AND 
ANGULAR MOMENTUM 

• Work and power of the force F: 

A = j F dr = j F 3 ds, P = Fv. (1.3a) 

• Increment of the kinetic energy of a particle: 

T 2 - T t = A, (1.3b) 

where A is the work performed by the resultant of all the forces acting on the 
particle. 

• Work performed by the forces of a field is equal to the decrease of the 
potential energy of a particle in the given field: 

A = U 1 — U 2 . (1.3c) 

• Relationship between the force of a field and the potential energy of a 
particle in the field: 

F=— VU 9 (1.3d) 

i.e. the force is equal to the antigradient of the potential energy. 

• Increment of the total mechanical energy of a particle in a given poten- 
tial field: 

E 2 Ei —A ex t r (1.3e) 

where A ?xtr is the algebraic sum of works performed by all extraneous forces, 
that is, by the forces not belonging to those of the given field. 

• Increment of the total mechanical energy of a system: 

E 2 ~~ Ei — A ext + A™~, (1 ,3f ) 

where E = T + U, and U is the inherent potential energy of the system. 

• Law of momentum variation of a system: 

d V /dt = F, (1.3g) 

where F is the resultant of all external forces. 

• Equation of motion of the system’s centre of inertia: 


nr~ F ' 

where F is the resultant of all external forces. 
• Kinetic energy of a system 

mv% 


7*= T ■ 


where T is its kinetic energy in the system of centre of inertia. 
• Equation of dynamics of a body with variable mass: 


dy dm 


(1.3h) 


(1.3i) 


<1.3j) 


where u is the velocity of the separated (gained) substance relative to the body 
considered. 
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Law of angular momentum variation of a system: 



(1.3k) 


where M is the angular momentum of the system, and N is the total moment of 
all external forces. 

• Angular momentum of a system: 

M — M + [r c p], (1.31) 


where M is its angular momentum in the system of the centre of inertia, r c is 
the radius vector of the centre of inertia, and p is the momentum of the system. 

1 . 118 . A particle has shifted along some trajectory in the plane xy 
from point 1 whose radius vector r x = i + 2j to point 2 with the 
radius vector r 2 = 2i — 3j. During that time the particle experi- 
enced the action of certain forces, one of which being F = 3i + 4j. 
Find the work performed by the force F. (Here r x , r 2 , and F are given 
in SI units). 

1 . 119 . A locomotive of mass m starts moving so that its velocity 
varies according to the law v = aY s, where a is a constant, and s 
is the distance covered. Find the total work performed by all the 
forces which are acting on the locomotive during the first t seconds 
after the beginning of motion. 

1 . 120 . The kinetic energy of a particle moving along a circle of 
radius R depends on the distance covered s as T = as 2 , where a is 
a constant. Find the force acting on the par- 
ticle as a function of s. 

1 . 121 . A body of mass m was slowly hauled 
up the hill (Fig. 1.29) by a force F which at 
each point was directed along a tangent to the 
trajectory. Find the work performed by this 
force, if the height of the hill is h, the length 
of its base Z, and the coefficient of friction k . 

1 . 122 . A disc of mass m = 50 g slides with 
the zero initial velocity down an inclined 
plane set at an angle a = 30° to the horizontal; 
having traversed the distance l — 50 cm along the horizontal plane, 
the disc stops. Find the work performed by the friction forces over 
the whole distance, assuming the friction coefficient k = 0.15 for 
both inclined and horizontal planes. 

1 . 123 . Two bars of masses m x and m 2 connected by a non-deformed 
light spring rest on a horizontal plane. The coefficient of friction 
between the bars and the surface is equal to k. What minimum constant 
force has to be applied in the horizontal direction to the bar of mass m 1 
in order to shift the other bar? 

1 . 124 . A chain of mass m — 0.80 kg and length Z = 1.5 m rests 
on a rough-surfaced table so that one of its ends hangs over the edge. 
The chain starts sliding off the table all by itself provided the over- 
hanging part equals r\ = 1/3 of the chain length. What will be the 
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total work performed by the friction forces acting on the chain by 
the moment it slides completely off the table? 

1.125. A body of mass m is thrown at an angle a to the horizontal 
with the initial velocity v 0 . Find the mean power developed by gravity 
overthe whole time of motion of the body, and the instantaneous power 
of gravity as a function of time. 

1.126. A particle of mass m moves along a circle of radius R with 
a normal acceleration varying with time as w n = at 2 , where a is 
a constant. Find the time dependence of the power developed by all 
the forces acting on the particle, and the mean value of this power 
averaged over the first t seconds after the beginning of motion. 

1.127. A small body of mass m is located on a horizontal plane at 
the point O . The body acquires a horizontal velocity v 0 . Find: 

(a) the mean power developed by the friction force during the 
whole time of motion, if the friction coefficient k = 0.27, m = 1.0 kg, 
and v 0 = 1.5 m/s; 

(b) the maximum instantaneous power developed by the friction 
force, if the friction coefficient varies as k = ax , where a is a constant, 
and x is the distance from the point 0 . 

1.128. A small body of mass m = 0.10 kg moves in the reference 
frame rotating about a stationary axis with a constant angular veloc- 
ity a) = 5.0 rad/s. What work does the centrifugal force of inertia 
perform during the transfer of this body along an arbitrary path 
from point 1 to point 2 which are located at the distances r x = 30 cm 
and r 2 = 50 cm from the rotation axis? 

1.129. A system consists of two springs connected in series and 
having the stiffness coefficients k x and k 2 . Find the minimum work 
to be performed in order to stretch this system by AJ. 

1.130. A body of mass m is hauled from the Earth’s surface by 
applying a force F varying with the height of ascent y as F = 2 (ay — 
— 1) mg , where a is a positive constant. Find the work performed 
by this force and the increment of the body’s potential energy in 
the gravitational field of the Earth over the first half of the ascent. 

1.131. The potential energy of a particle in a certain field has the 
form U = air 2 — blr , where a and b are positive constants, r is the 
distance from the centre of the field. Find: 

(a) the value of r 0 corresponding to the equilibrium position of the 
particle; examine whether this position is steady; 

(b) the maximum magnitude of the attraction force; draw the 
plots U (r) and F r (r) (the projections of the force on the radius vec- 
tor r). 

1.132. In a certain two-dimensional field of force the potential 
energy of a particle has the form U ~ ax 2 + (3j/ 2 , where a and p 
are positive constants whose magnitudes are different. Find out: 

(a) whether this field is central; 

(b) what is the shape of the equipotential surfaces and also of the 
surfaces for which the magnitude of the vector of force F = const. 

1.133. There are two stationary fields of force F = ayi and F = 
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ss axi + byjt where i and 3 are the unit vectors of the x and y axes, 
and a and b are constants. Find out whether these fields are potential, 

1.134. A body of mass m is pushed with the initial velocity v 0 
up an inclined plane set at an angle a to the horizontal. The friction 
coefficient is equal to k . What distance will the body cover before it 
stops and what work do the friction forces perform over this dis- 
tance? 

1.135. A small disc A slides down with initial velocity equal to 
zero from the top of a smooth hill of height H having a horizontal 
portion (Fig. 1.30). What must be the height of the horizontal por- 
tion h to ensure the maximum distance 5 covered by the disc? What 
is it equal to? 

1.136. A small body A starts sliding from the height h down an 
inclined groove passing into a half-circle of radius hi 2 (Fig. 1.31V 




Assuming the friction to be negligible, find the velocity of the body 
at the highest point of its trajectory (after breaking off the groove). 

1.137. A ball of mass m is suspended by a thread of length L With 
what minimum velocity has the point of suspension to be shifted 
in the horizontal direction for the ball to move along the circle about 
that point? What will be the tension of the thread at the moment it 
will be passing the horizontal position? 

1.138. A horizontal plane supports a stationary vertical cylinder 
of radius R and a disc A attached to the cylinder by a horizontal 
thread AB of length l 0 (Fig. 1.32, top view). An initial velocity v 0 



Fig. 1.32. Fig. 1.33. 


is imparted to the disc as shown in the figure. How long will it 
move along the plane until it strikes against the cylinder? The fric- 
tion is assumed to be absent. 
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1.139. A smooth rubber cord of length l whose coefficient of elas- 
ticity is k is suspended by one end from the point 0 (Fig. 1.33). 
The other end is fitted with a catch B. A small sleeve A of mass m 
starts falling from the point O. Neglecting the masses of the thread 
and the catch, find the maximum elongation of the cord. 

1.140. A small bar A resting on a smooth horizontal plane is at- 
tached by threads to a point P (Fig. 1.34) and, by means of a weightless 
pulley, to a weight B possessing the same mass as the bar itself. 


Besides, the bar is also attached to a point O by means of a light non- 
deformed spring of length l 0 = 50 cm and stiffness x = 5 mg/l 0 , 
where m is the mass of the bar. The thread PA having been burned, 
the bar starts moving. Find its velocity at the moment when it is 
breaking off the plane. 

1.141. A horizontal plane supports a plank with a bar of mass 
m = 1.0 kg placed on it and attached by a light elastic non-de- 
formed cord of length Z 0 = 40 cm to a point 0 (Fig,. 1.35). The coef- 
ficient of friction between the bar and the plank equals k = 0.20. 
The plank is slowly shifted to the right until the bar starts sliding 
over it. It occurs at the moment when the cord deviates from the 
vertical by an angle 0 = 30°. Find the work that has been performed 
by that moment by the friction force acting on the bar in the ref- 
erence frame fixed to the plane. 

1.142. A smooth light horizontal rod AB can rotate about a ver- 
tical axis passing through its end A . The rod is fitted with a small 
sleeve of mass m attached to the end A by a weightless spring of length 
Z 0 and stiffness x. What work must be performed to slowly get this 
system going and reaching the angular velocity co? 

1.143. A pulley fixed to the ceiling carries a thread with bodies of 
masses m x and m 2 attached to its ends. The masses of the pulley and 
the thread are negligible, friction is absent. Find the acceleration 
w c of the centre of inertia of this system. 

1.144. Two interacting particles form a closed system whose centre 
of inertia is at rest. Fig. 1.36 illustrates the positions of both par- 
ticles at a certain moment and the trajectory of the particle of mass m x . 
Draw the trajectory of the particle of mass m 2 if rn 2 = mj 2. 





Fig. 1.34. 


Fig. 1.35. 
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1.145. A closed chain A of mass m — 0.36 kg is attached to a ver- 
tical rotating shaft by means of a thread (Fig. 1.37), and rotates with 
a constant angular velocity co = 35 rad/s. The thread forms an angle 
6 = 45° with the vertical. Find the distance between the chain’s 
centre of gravity and the rotation axis, and the tension 
of the thread. 

1.146. A round cone A of mass m = 3.2 kg and half- 
angle a = 10° rolls uniformly and without slipping 
along a round conical surface B so that its apex 0 re- 
mains stationary (Fig. 1.38). The centre of gravity of 
the cone A is at the same level as the point 0 and at a 
distance l == 17 cm from it. The cone’s axis moves 
with angular velocity co. Find: 

(a) the static friction force acting on the cone A, 
if co — 1.0 rad/s; 

(b) at what values of co the cone A will roll without 
sliding, if the coefficient of friction between the surfaces is equal 
to k = 0.25. 

1.147. In the reference frame K two particles travel along the x 
axis, one of mass m x with velocity v x , and the other of mass m 2 with 
velocity v 2 . Find: 

(a) the velocity V of the reference frame K ' in which the cumulative 
kinetic energy of these particles is minimum; 

(b) the cumulative kinetic energy of these particles in the K r 
frame. 

1.148. The reference frame, in which the centre of inertia of a given 
system of particles is at rest, translates with a velocity V relative 




Fig. 1.38. 


to an inertial reference frame K . The mass of the system of particles 
equals m , and the total energy of the system in the frame of the centre 
of inertia is equal to E. Find the total energy E of this system of 
particles in the reference frame K. 

1.149. Two small discs of masses m x and m 2 interconnected by a 
weightless spring rest on a smooth horizontal plane. The discs are 
set in motion with initial velocities v x and v 2 whose directions are 
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mutually perpendicular and lie in a horizontal plane. Find the total 
energy 2? of this system in the frame of the centre of inertia. 

1.150. A system consists of two small spheres of masses m 1 and m 2 
interconnected by a weightless spring. At the moment t = 0 the 
spheres are set in motion with the initial velocities V! and v 2 after 
which the system starts moving in the Earth’s uniform gravitational 
field. Neglecting the air drag, find the time dependence of the total 
momentum of this system in the process of motion and of the radius 
vector of its centre of inertia relative to the initial position of the 
centre. 

1.151. Two bars of masses m-i and m 2 connected by a weightless 
spring of stiffness x (Fig. 1.39) rest on a smooth horizontal plane. 
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Bar 2 is shifted a small distance x to the left and then released. Find 
the velocity of the centre of inertia of the system after bar 1 breaks 
off the wall. 

1.152. Two bars connected by a weightless spring of stiffness x 
and length (in the non-deformed state) l 0 rest on a horizontal plane. 
A constant horizontal force F starts acting on one of the bars as shown 
in Fig. 1.40. Find the maximum and minimum distances between the 
bars during the subsequent motion of the system, if the masses of 
the bars are: 

(a) equal; 

(b) equal to m 1 and m 2 , and the force F is applied to the bar of 
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mass m 2 . 

1.153. A system consists of two identical cubes, each of mass m, 
linked together by the compressed weightless spring of stiffness x 
(Fig. 1.41). The cubes are also connected by a thread 
which is burned through at a certain moment. Find: 

(a) at what values of A l, the initial compression 
of the spring, the lower cube will bounce up after 
the thread has been burned through; 

(b) to what height h the centre of gravity of this 
system will rise if the initial compression of the spring 
Af = 7 mg/x. 

1.154. Two identical buggies 1 and 2 with one man 
in each move without friction due to inertia along 

the parallel rails toward each other. When the buggies get opposite 
each other, the men exchange their places by jumping in the direc- 
tion perpendicular to the motion direction. As a consequence, buggy 
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1 stops and buggy 2 keeps moving in the same direction, with its ve- 
locity becoming equal to v. Find the initial velocities of the buggies 
Vi and v 2 if the mass of each buggy (without a man) equals M and 
the mass of each man m. 

1.155. Two identical buggies move one after the other due to inertia 
(without friction) with the same velocity v 0 . A man of mass m rides 
the rear buggy. At a certain moment the man jumps into the front 
buggy with a velocity u relative to his buggy. Knowing that the 
mass of each buggy is equal to M, find the velocities with which the 
buggies will move after that. 

1.156. Two men, each of mass m, stand on the edge of a stationary 
buggy of mass M. Assuming the friction to be negligible, find the 
velocity of the buggy after both men jump off with the same hori- 
zontal velocity u relative to the buggy: (1) simultaneously; (2) one 
after the other. In what case will the velocity of the buggy be greater 
and how many times? 

1.157. A chain hangs on a thread and touches the surface of a table 
by its lower end. Show that after the thread has been burned through, 
the force exerted on the table by the falling part of the chain at any 
moment is twice as great as the force of pressure exerted by the part 
already resting on the table. 

1.158. A steel ball of mass m ~ 50 g falls from the height h = 
= 1.0 m on the horizontal surface of a massive slab. Find the cumu- 
lative momentum that the ball imparts to the slab after numerous 
bounces, if every impact decreases the velocity of the ball T] = 1.25 
times. 

1.159. A raft of mass M with a man of mass m aboard stays motion- 
less on the surface of a lake. The man moves a distance 1' relative 
to the raft with velocity v'(t) and then stops. Assuming the water 
resistance to be negligible, find: 

(a) the displacement of the raft 1 relative to the shore; 

(b) the horizontal component of the force with which the man acted 
on the raft during the motion. 

1.160. A stationary pulley carries a rope whose one end supports 
a ladder with a man and the other end the counterweight of mass M. 
The man of mass m climbs up a distance 1' with respect to the ladder 
and then stops. Neglecting the mass of the rope and the friction in 
the pulley axle, find the displacement 1 of the centre of inertia of 
this system. 

1.161. A cannon of mass M starts sliding freely down a smooth 
inclined plane at an angle a to the horizontal. After the cannon cov- 
ered the distance l, a shot was fired, the shell leaving the cannon in 
the horizontal direction with a momentum p. As a consequence, the 
cannon stopped. Assuming the mass of the shell to be negligible, 
as compared to that of the cannon, determine the duration of the 
shot. 

1.162. A horizontally flying bullet of mass m gets stuck in a body 
of mass M suspended by two identical threads of length l (Fig. 1.42). 


As a result, the threads swerve through an angle 0. Assuming m <c M, 
find: 

(a) the velocity of the bullet before striking the body; 

(b) the fraction of the bullet’s initial kinetic energy that turned 
into heat. 

1.163. A body of mass M (Fig. 1.43) with a small disc of mass m 
placed on it rests on a smooth horizontal plane. The disc is set in 



Fig. 1.42. 
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motion in the horizontal direction with velocity v. To what height 
(relative to the initial level) will the disc rise after breaking off the 
body M? The friction is assumed to be absent. 

1.164. A small disc of mass m slides down a smooth hill of height h 
without initial velocity and gets onto a plank of mass M lying on 


m 



the horizontal plane at the base of the hill (Fig. 1.44). Due to friction 
between the disc and the plank the disc slows down and, beginning 
with a certain moment, moves in one piece with the plank. 

(1) Find the total work performed by the friction forces in this 
process. 

(2) Can it be stated that the result obtained does not depend on 
the choice of the reference frame? 

1.165. A stone falls down without initial velocity from a height h 
onto the Earth’s surface. The air drag assumed to be negligible, the 
stone hits the pound with velocity v 0 = ]/ 2 gh relative to the Earth. 
Obtain the same formula in terms of the reference frame “falling” 
to the Earth with a constant velocity f„. 

1.166. A particle of mass 1.0 g moving with velocity v x = 3.0i — 
— 2.0j experiences a perfectly inelastic collision with another par- 
ticle of mass 2.0 g and velocity v 2 = 4.0j — 6.0k. Find the veloc- 
ity of the formed particle (both the vector v and its modulus), if 
the components of the vectors v x and v 2 are given in the SI units. 
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1.167. Find the increment of the kinetic energy of the closed system 
comprising two spheres of masses m 1 and m 2 due to their perfectly 
inelastic collision, if the initial velocities of the spheres were equal 
to V! and v 2 . 

1.168. A particle of mass m 1 experienced a perfectly elastic col- 
lision with a stationary particle of mass m 2 . What fraction of the 
kinetic energy does the striking particle lose, if 

(a) it recoils at right angles to its original motion direction; 

(b) the collision is a head-on one? 

1.169. Particle 1 experiences a perfectly elastic collision with 
a stationary particle 2. Determine their mass ratio, if 

(a) after a head-on collision the particles fly apart in the opposite 
directions with equal velocities; 

(b) the particles fly apart symmetrically relative to the initial 
motion direction of particle 1 with the angle of divergence 0 = 60°. 

1.170. A ball moving translationally collides elastically with 
another, stationary, ball of the same mass. At the moment of impact 
the angle between the straight line passing through the centres of 
the balls and the direction of the initial motion of the striking ball 
is equal to a = 45°. Assuming the balls to be smooth, find the frac- 
tionr) of the kinetic energy of the striking ball that turned into poten- 
tial energy at the moment of the maximum deformation. 

1.171. A shell flying with velocity v = 500 m/s bursts into three 
identical fragments so that the kinetic energy of the system increases 
T) = 1.5 times. What maximum velocity can one of the frag- 
ments obtain? 

1.172. Particle 1 moving with velocity v == 10 m/s experienced 
a head-on collision with a stationary particle 2 of the same mass. 
As a result of the collision, the kinetic energy of the system decreased 
by r| = 1.0%. Find the magnitude and direction of the velocity 
of particle 1 after the collision. 

1.173. A particle of mass m having collided with a stationary 
particle of mass M deviated by an angle ji/ 2 whereas the particle M 
recoiled at an angle 0 = 30° to the direction of the initial motion 
of the particle m. How much (in per cent) and in what way has the 
kinetic energy of this system changed after the collision, if Mim = 
= 5.0? 

1.174. A closed system consists of two particles of masses m x 
and m 2 which move at right angles to each other with velocities v x 
and v 2 . Find: 

(a) the momentum of each particle and 

(b) the total kinetic energy of the two particles in the reference 
frame fixed to their centre of inertia. 

1.175. A particle of mass m 1 collides elastically with a stationary 
particle of mass m 2 (m 1 > m 2 )- Find the maximum angle through 
which the striking particle may deviate as a result of the collision. 

1.176. Three identical discs A , B , and C (Fig. 1.45) rest on a smooth 
horizontal plane. The disc A is set in motion with velocity v after 
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which it experiences an elastic collision simultaneously with the 
discs B and C. The distance between the centres of the latter discs 
prior to the collision is tj times greater than the diameter of each disc. 
Find the velocity of the disc A after the 
collision. At what value of r) will the disc 
A recoil after the collision; stop; move on? 

1.177. A molecule collides with another, 
stationary, molecule of the same mass. 

Demonstrate that the angle of divergence 

(a) equals 90° when the collision is ideally 
elastic; 

(b) differs from 90° when the collision 
is inelastic. 

1.178. A rocket ejects a steady jet whose velocity is equal to u 
relative to the rocket. The gas discharge rate equals fx kg/s. Demon- 
strate that the rocket motion equation in this case takes the form 

mw = F — [xu, 
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where m is the mass of the rocket at a given moment, w is its accel- 
eration, and F is the external force. 

1.179. A rocket moves in the absence of external forces by eject- 
ing a steady jet with velocity u constant relative to the rocket. 
Find the velocity v of the rocket at the moment when its mass is 
equal to m, if at the initial moment it possessed the mass m 0 and 
its velocity was equal to zero. Make use of the formula given in the 
foregoing problem. 

1.180. Find the law according to which the mass of the rocket 
varies with time, when the rocket moves with a constant accelera- 
tion w, the external forces are absent, the gas escapes with a con- 
stant velocity u relative to the rocket, and its mass at the initial 
moment equals m 0 . 

1.181. A spaceship of mass m 0 moves in the absence of external 
forces with a constant velocity v 0 . To change the motion direction, 
a jet engine is switched on. It starts ejecting a gas jet with velocity u 
which is constant relative to the spaceship and directed at right 
angles to the spaceship motion. The engine is shut down when the 
mass of the spaceship decreases to m. Through what angle a did the 
motion direction of the spaceship deviate due to the jet engine op- 
eration? 

1.182. A cart loaded with sand moves along a horizontal plane due 
to a constant force F coinciding in direction with the cart’s velocity 
vector. In the process, sand spills through a hole in the bottom with 
a constant velocity jx kg/s. Find the acceleration and the velocity of 
the cart at the moment t , if at the initial moment t = 0 the cart 
with loaded sand had the mass m 0 and its velocity was equal to zero. 
The friction is to be neglected. 

1.183. A flatcar of mass m 0 starts moving to the right due to a 
constant horizontal force F (Fig.' 1,46). Sand spills on the flatcar 
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from a stationary hopper. The velocity of loading is constant and 
equal to p kg/s. Find the time dependence of the velocity and the 
acceleration of the flatcar in the process of loading. The friction is 
negligibly small. 

1.184. A chain AB of length l is located in a smooth horizontal 
tube so that its fraction of length h hangs freely and touches the 
surface of the table with its end B (Fig. 1.47). At ascertain moment 
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the end A of the chain is set free. With what velocity will this end 
of the chain slip out of the tube? 

1.185. The angular momentum of a particle relative to a certain 
point O varies with time as M = a + ht 2 . where a and b are con- 
stant vectors, with a_Lb. Find the force moment N relative to the 
point 0 acting on the particle when the angle between the vectors N 
and M equals 45°. 

1.186. A ball of mass m is thrown at an angle a to the horizontal 
with the initial velocity v 0 . Find the time dependence of the mag- 
nitude of the ball’s angular momentum vector relative to the point 
from which the ball is thrown. Find the angular momentum M at 
the highest point of the trajectory if m = 130 g, a = 45°, and v 0 — 
= 25 m/s. The air drag is to be neglected. 

1.187. A disc A of mass m sliding over a smooth horizontal surface 
with velocity v experiences a perfectly elastic collision with a smooth 
stationary wall at a point O (Fig. 1.48). The 
angle between the motion direction of the disc 
and the normal of the wall is equal to a. Find: 

(a) the points relative to which the angular 
momentum M of the disc remains constant in 
this process; 

(b) the magnitude of the increment of the 
vector of the disc’s angular momentum relative 
to the point O' which is located in the plane 
of the disc’s motion at the distance l from the 
point O. 

1.188. A small ball of mass m suspended 
from the ceiling at a point 0 by a thread 

of length l moves along a horizontal circle with a constant angular 
velocity ©. Relative to which points does the angular momentum 
M of the ball remain constant? Find the magnitude of the increment 



Fig. 1.48. 


41 


of the vector of the ball’s angular momentum relative to the point 
0 picked up during half a revolution. 

1.189. A ball of mass m falls down without initial velocity from 
a height h over the Earth’s surface. Find the increment of the ball’s 
angular momentum vector picked up during the time of falling (rela- 
tive to the point 0 of the reference frame moving translationally in 
a horizontal direction with a velocity V). The ball starts falling 
from the point 0. The air drag is to be neglected. 

1.190. A smooth horizontal disc rotates with a constant angular 
velocity co about a stationary vertical axis passing through its centre, 
the point 0. At a moment t = 0 a disc is set in motion from that 



point with velocity v 0 . Find the angular momentum M ( t ) of the 
disc relative to the point 0 in the reference frame fixed to the disc. 
Make sure that this angular momentum is caused by the Coriolis 
force. 

1.191. A particle moves along a closed trajectory in a central 
field of force where the particle’s potential energy U = kr 2 ( k is a 
positive constant, r is the distance of the particle from the centre 0 
of the field). Find the mass of the particle if its minimum distance 
from the point 0 equals r x and its velocity at the point farthest from 0 
equals v 2 . 

1.192. A small ball is suspended from a point 0 by a light thread 
of length l. Then the ball is drawn aside so that the thread deviates 
through an angle 0 from the vertical and set in motion in a hori- 
zontal direction at right angles to the vertical plane in which the 
thread is located. What is the initial velocity that has to be imparted 
to the ball so that it could deviate through the maximum angle n/2 
in the process of motion? 

1.193. A small body of mass m tied to a non-stretchable thread 
moves over a smooth horizontal plane. The other end of the thread 
is being drawn into a hole 0 (Fig. 1.49) with a constant velocity. 
Find the thread tension as a function of the distance r between the 
body and the hole if at r = r 0 the angular velocity of the thread is 
equal to co 0 . 

1.194. A light non-stretchable thread is wound on a massive fixed 
pulley of radius R . A small body of mass m is tied to the free end 
of the thread. At a moment t = 0 the system is released and starts 
moving. Find its angular momentum relative to the pulley axle as 
a function of time t . 
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1.195. A uniform sphere of mass m and radius R starts rolling 
without slipping down an inclined plane at an angle a to the hori- 
zontal. Find the time dependence of the angular momentum of the 
sphere relative to the point of contact at the initial moment. How 
will the obtained result change in the case of a perfectly smooth 
inclined plane? 

1.196. A certain system of particles possesses a total momentum p 
and an angular momentum M relative to a point O . Find its angular 
momentum M' relative to a point O' whose position with respect to 
the point O is determined by the radius vector r 0 . Find out when 
the angular momentum of the system of particles does not depend 
on the choice of the point O. 

1.197. Demonstrate that the angular momentum M of the system 
of particles relative to a point O of the reference frame K can be re- 
presented as 

M = M + [r c p3, 

where M is its proper angular momentum (in the reference frame 
moving translationally and fixed to the centre of inertia), r c is the 
radius vector of the centre of inertia relative to the point <9, p is the 
total momentum of the system of particles in the reference frame K . 

1.198. A ball of mass m moving with velocity v 0 experiences a 
head-on elastic collision with one of the spheres of a stationary 
rigid dumbbell as whown in Fig. 1.50. The mass of each sphere equals 
tti/2, and the distance between them is l. Disregarding the size of the 
spheres, find the proper angular momentum M of the dumbbell after 
the collision, i.e. the angular momentum in the reference frame mov- 
ing translationally and fixed to the dumbbell’s centre of inertia. 

1.199. Two small identical discs, each of mass m , lie on a smooth 
horizontal plane. The discs are interconnected by a light non-de- 
formed spring of length l 0 and stiffness x. At a certain moment one of 
the discs is set in motion in a horizontal direction perpendicular 
to the spring with velocity i? 0 . Find the maximum elongation of the 
spring in the process of motion, if it is known to be considerably 
less than unity. 


1.4. UNIVERSAL GRAVITATION 
• Universal gravitation law 


F = y 


J71 1^77-2 


d-4a) 


• The squares of the periods of revolution of any two planets around the 
Sun are proportional to the cubes of the major semiaxes of their orbits (Kepler): 

T 2 °c a 3 , (1.4b) 


• Strength G and potential cp of the gravitational field of a mass point: 

(1.4c) 


„ m m 

G = _ Y _ r , <p=_ Y __. 


Orbital and escape velocities: 


V gR, v 2 — 2 v t . 


d.4d) 
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1.200. A planet of mass M moves along a circle around the Sun 
with velocity v — 34.9 km/s (relative to the heliocentric reference 
frame). Find the period of revolution of this planet around the Sun. 

1.201. The Jupiter’s period of revolution around the Sun is 12 
times that of the Earth. Assuming the planetary orbits to be circular, 
find: 

(a) how many times the distance between the Jupiter and the Sun 
exceeds that between the Earth and the Sun; 

(b) the velocity and the acceleration of Jupiter in the heliocentric 
reference frame. 

1.202. A planet of mass M moves around the Sun along an ellipse 
so that its minimum distance from the Sun is equal to r and the maxi- 
mum distance to R. Making use of Kepler’s laws, find its period of 
revolution around the Sun. 

1.203. A small body starts falling onto the Sun from a distance 
equal to the radius of the Earth’s orbit. The initial velocity of the 
body is equal to zero in the heliocentric reference frame. Making 
use of Kepler’s laws, find how long the body will be falling. 

1.204. Suppose we have made a model of the Solar system scaled 
down in the ratio tj but of materials of the same mean density as 
the actual materials of the planets and the Sun. How will the orbital 
periods of revolution of planetary models change in this case? 

1.205. A double star is a system of two stars moving around the 
centre of inertia of the system due to gravitation. Find the distance 
between the components of the double star, if its total mass equals M 
and the period of revolution T. 

1.206. Find the potential energy of the gravitational interaction 

(a) of two mass points of masses m x and m 2 located at a distance r 
from each other; 

(b) of a mass point of mass m and a thin uniform rod of mass M 
and length l, if they are located along a straight line at a distance a 
from each other; also find the force of their interaction. 

1.207. A planet of mass m moves along an ellipse around the Sun 
so that its maximum and minimum distances from the Sun are equal 
to r l and r 2 respectively. Find the angular momentum M of this 
planet relative to the centre of the Sun. 

1.208. Using the conservation laws, demonstrate that the total 
mechanical energy of a planet of mass m moving around the Sun 
along an ellipse depends only on its semi-major axis a. Find this 
energy as a function of a. 

1.209. A planet A moves along an elliptical orbit around the Sun. 
At the moment when it was at the distance r 0 from the Sun its velo- 
city was equal to v 0 and the angle between the radius vector r 0 and 
the velocity vector v„ was equal to a. Find the maximum and mini- 
mum distances that will separate this planet from the Sun during 
its orbital motion. 

1.210. A cosmic body A moves to the Sun with velocity v 0 (when 
far from the Sun) and aiming parameter l the arm of the vector v 0 
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relative to the centre of the Sun (Fig. 1.51). Find the minimum dis- 
tance by which this body will get to the Sun. 

1.211. A particle of mass m is located outside a uniform sphere of 
mass M at a distance r from its centre. Find: 

(a) the potential energy of gravitational interaction of the particle 
and the sphere; 

(b) the gravitational force which the sphere exerts on the particle. 

1.212. Demonstrate that the gravitational force acting on a par- 
ticle A inside a uniform spherical layer of matter is equal to zero. 

1.213. A particle of mass m was transferred from the centre of the 
base of a uniform hemisphere of mass M and radius R into infinity. 



Fig. 1.51. 

What work was performed in the process by the gravitational force 
exerted on the particle by the hemisphere? 

1.214. There is a uniform sphere of mass M and radius R. Find 
the strength G and the potential 9 of the gravitational field of this 
sphere as a function of the distance r from its centre (with r < R 
and r > R). Draw the approximate plots of the functions G ( r ) 
and 9 (r). 

1.215. Inside a uniform sphere of density p there is a spherical 
cavity whose centre is at a distance l from the centre of the sphere. 
Find the strength G of the gravitational field inside the cavity. 

1.216. A uniform sphere has a mass M and radius R. Find the 
pressure p inside the sphere, caused by gravitational compression, 
as a function of the distance r from its centre. Evaluate p at the 
centre of the Earth, assuming it to be a uniform sphere. 

1.217. Find the proper potential energy of gravitational interac- 
tion of matter forming 

(a) a thin uniform spherical layer of mass m and radius R-, 

(b) a uniform sphere of mass m and radius R (make use of the answer 
to Problem 1.214). 

1.218. Two Earth’s satellites move in a common plane along cir- 
cular orbits. The orbital radius of one satellite r = 7000 km while 
that of the other satellite is A r = 70 km less. What time interval 
separates the periodic approaches of the satellites to each other over 
the minimum distance? 

1.219. Calculate the ratios of the following accelerations: the 
acceleration w x due to the gravitational force on the Earth’s surface, 
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the acceleration w 2 due to the centrifugal force of inertia on the 
Earth’s equator, and the acceleration w 3 caused by the Sun to the 
bodies on the Earth. 

1.220. At what height over the Earth’s pole the free-fall accele- 
ration decreases by one per cent; by half? 

1.221. On the pole of the Earth a body is imparted velocity v 0 
directed vertically up. Knowing the radius of the Earth and the free- 
fall acceleration on its surface, find the height to which the body 
will ascend. The air drag is to be neglected. 

1.222. An artificial satellite is launched into a circular orbit around 
the Earth with velocity v relative to the reference frame moving trans- 
lationally and fixed to the Earth’s rotation axis. Find the distance 
from the satellite to the Earth’s surface. The radius of the Earth and 
the free-fall acceleration on its surface are supposed to be known. 

1.223. Calculate the radius of the circular orbit of a stationary 
Earth’s satellite, which remains motionless with respect to its sur- 
face. What are its velocity and acceleration in the inertial reference 
frame fixed at a given moment to the centre of the Earth? 

1.224. A satellite revolving in a circular equatorial orbit of ra- 
dius R = 2.00* 10 4 km from west to east appears over a certain point 
at the equator every t = 11.6 hours. Using these data, calculate 
the mass of the Earth. The gravitational constant is supposed to be 
known. 

1.225. A satellite revolves from east to west in a circular equatorial 
orbit of radius R = 1.00* 10 4 km around the Earth. Find the velocity 
and the acceleration of the satellite in the reference frame fixed to 
the Earth. 

1.226. A satellite must move in the equatorial plane of the Earth 
close to its surface either in the Earth’s rotation direction or against 
it. Find how many times the kinetic energy of the satellite in the 
latter case exceeds that in the former case (in the reference frame fixed 
to the Earth). 

1.227. An artificial satellite of the Moon revolves in a circular 
orbit whose radius exceeds the radius of the Moon r\ times. In the 
process of motion the satellite experiences a slight resistance due to 
cosmic dust. Assuming the resistance force to depend on the velocity 
of the satellite as F — a u 2 , where a is a constant, find how long the 
satellite will stay in orbit until it falls onto the Moon’s surface. 

1.228. Calculate the orbital and escape velocities for the Moon. 
Compare the results obtained with the corresponding velocities for 
the Earth. 

1.229. A spaceship approaches the Moon along a parabolic trajec- 
tory which is almost tangent to the Moon’s surface. At the moment 
of the maximum approach the brake rocket was fired for a short time 
interval, and the spaceship was transferred into a circular orbit of 
a Moon satellite. Find how the spaceship velocity modulus increased 
in the process of braking. 

1.230. A spaceship is launched into a circular orbit close to the 
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Earth’s surface. What additional velocity has to be imparted to the 
spaceship to overcome the gravitational pull? 

1.231. At what distance from the centre of the Moon is the point 
at which the strength of the resultant of the Earth’s and Moon’s 
gravitational fields is equal to zero? The Earth’s mass is assumed to 
be T) = 81 times that of the Moon, and the distance between the cen- 
tres of these planets n = 60 times greater than the radius of the Earth 
R. 

1.232. What is the minimum work that has to be performed to 
bring a spaceship of mass m = 2.0- 10 3 kg from the surface of the Earth 
to the Moon? 

1.233. Find approximately the third cosmic velocity v 3 , i.e. the 
minimum velocity that has to be imparted to a body relative to the 
Earth’s surface to drive it out of the Solar system. The rotation of 
the Earth about its own axis is to be neglected. 


1,5. DYNAMICS OF A SOLID BODY 


• Equation of dynamics of a solid body rotating about a stationary axis z\ 

I$z = X Z1 (1.5a) 

where N z is the algebraic sum of the moments of external forces relative to the 

z axis. 

• According to Steiner’s theorem: 

I = I c + ma 2 . (1.5b) 

• Kinetic energy of a solid body rotating about a stationary axis: 

T = -i/©*. (1.5c) 


• Work performed by external forces during the rotation of a solid body 
about a stationary axis: 



(1.5d) 


• Kinetic energy of a solid body in plane motion: 

Ic 0) 2 , mv c 
1 ~~ 2 ‘2 


(1.5e) 


• Relationship between the angular velocity <*>' of gyroscope precession, 
its angular momentum M equal to I co, and the moment N of the external forces: 

[ca'M] = N. (1.5f) 


1.234. A thin uniform rod AB of mass m = 1.0 kg moves transla- 
tionally with acceleration w = 2.0 m/s 2 due to two antiparallel forces 
Fj and F 2 (Fig. 1.52). The distance between the points at which these 
forces are applied is equal to a = 20 cm. Besides, it is known that 
F 2 = 5.0 N. Find the length of the rod. 

1.235. A force F = Ai + B\ is applied to a point whose radius 
vector relative to the origin of coordinates O is equal to r = ai + 
+ fej, where a, 5, A, B are constants, and i, j are the unit vectors of 
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the x and y axes. Find the moment N and the arm l of the force F 
relative to the point 0. 

1.236. A force F x = A\ is applied to a point whose radius vector 
r x = ai, while a force F 2 = Bi is applied to the point whose radius 
vector r 2 = 6j. Both radius vectors are determined relative to the 
origin of coordinates O, i and j are the unit vectors of the x and y 




axes, a, b. A, B are constants. Find the arm l of the resultant force 
relative to the point 0 . 

1.237. Three forces are applied to a square plate as shown in 
Fig. 1.53. Find the modulus, direction, and the point of application 
of the resultant force, if this point is taken on the side BC. 

1.238. Find the moment of inertia 

(a) of a thin uniform rod relative to the axis which is perpendicular 
to the rod and passes through its end, if the mass of the rod is m and 
its length Z; 

(b) of a thin uniform rectangular plate relative to the axis passing 
perpendicular to the plane of the plate through one of its vertices, 
if the sides of the plate are equal to a and 6, and its mass is m . 

1.239. Calculate the moment of inertia 

(a) of a copper uniform disc relative to the symmetry axis perpen- 
dicular to the plane of the disc, if its thickness is equal to b— 2.0 mm 
and its radius to R = 100 mm; 

(b) of a uniform solid cone relative to its symmetry axis, if the 
mass of the cone is equal to m and the radius of its base to R. 

1.240. Demonstrate that in the case of a thin plate of arbitrary 
shape there is the following relationship between the moments of 
inertia: I x + / 2 = / 3 , where subindices 1, 2, and 3 define three mu- 
tually perpendicular axes passing through one point, with axes 1 and 
2 lying in the plane of the plate. Using this relationship, find the 
moment of inertia of a thin uniform round disc of radius R and mass 
m relative to the axis coinciding with one of its diameters. 

1.241. A uniform disc of radius R = 20 cm has a round cut as 
shown in Fig. 1.54. The mass of the remaining (shaded) portion of the 
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disc equals m = 7.3 kg. Find the moment of inertia of such a disc 
relative to the axis passing through its centre of inertia and perpen- 
dicular to the plane of the disc. 

1 . 242 . Using the formula for the moment of inertia of a uniform 
sphere, find the moment of inertia of a thin spherical layer of mass 
m and radius R relative to the axis passing through its centre. 

1 . 243 . A light thread with a body of mass m tied to its end is wound 
on a uniform solid cylinder of mass M and radius R (Fig. 1.55). At 
a moment t = 0 the system is set in motion. 

Assuming the friction in the axle of the cylin- 
der to be negligible, find the time dependence 
of 

(a) the angular velocity of the cylinder; 

(b) the kinetic energy of the whole system. 

1 . 244 . The ends of thin threads tightly 
wound on the axle of radius r of the Maxwell 
disc are attached to a horizontal bar. When 
the disc unwinds, the bar is raised to keep the 
disc at the same height. The mass of the disc 
with the axle is equal to m, the moment of 
inertia of the arrangement relative to its axis is I. Find the tension of 
each thread and the acceleration of the bar. 

1 . 245 . A thin horizontal uniform rod AB of mass m and length l 
can rotate freely about a vertical axis passing through its end A . 
At a certain moment the end B starts experiencing a constant force 



Fig. 1.54. 



Fig. 1.55. Fig. 1.56. 


F which is always perpendicular to the original position of the sta- 
tionary rod and directed in a horizontal plane. Find the angular ve- 
locity of the rod as a function of its rotation angle <p counted relative 
to the initial position. 

1 . 246 . In the arrangement shown in Fig. 1.56 the mass of the uni- 
form solid cylinder of radius R is equal to m and the masses of two 
bodies are equal to m l and /n 2 . The thread slipping and the friction 
in the axle of the cylinder are supposed to be absent. Find the angular 
acceleration of the cylinder and the ratio of tensions T X IT 2 of the 
vertical sections of the thread in the process of motion. 


4 — 9451 
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1.247. In the system shown in Fig. 1.57 the masses of the bodies 
are known to be m 1 and m 2 , the coefficient of friction between the body 
m ! and the horizontal plane is equal to k, and a pulley of mass m 
is assumed to be a uniform disc. The thread does not slip over the 
pulley. At the moment t = 0 the body m 2 starts descending. Assum- 
ing the mass of the thread and the friction in the axle of the pulley 
to be negligible, find the work performed by the friction forces acting 
on the body m 1 over the first t seconds after the beginning of motion. 

1.248. A uniform cylinder of radius R is spinned about its axis to 
the angular velocity co 0 and then placed into a corner (Fig, 1.58). 



Fig. 1.57. 


Fig. 1.58. 


The coefficient of friction between the corner walls and the cylinder 
is equal to k. How many turns will the cylinder accomplish before 
it stops? 

1.249. A uniform disc of radius R is spinned to the angular velocity 
o) and then carefully placed on a horizontal surface. How long will 
the disc be rotating on the surface if the friction coefficient is equal 
to k? The pressure exerted by the disc on the surface can be regarded 
as uniform. 

1.250. A flywheel with the initial angular velocity <o 0 decelerates 
due to the forces whose moment relative to the axis is proportional 
to the square root of its angular velocity. Find the mean angular 
velocity of the flywheel averaged over the total deceleration time. 

1.251. A uniform cylinder of radius R and mass M can rotate free- 
ly about a stationary horizontal axis 0 (Fig. 1.59). A thin cord of 
length l and mass m is wound on the cylinder in a single layer. Find 
the angular acceleration of the cylinder as a function of the length 
x of the hanging part of the cord. The wound part of the cord is sup- 
posed to have its centre of gravity on the cylinder axis. 

1.252. A uniform sphere of mass m and radius R rolls without 
slipping down an inclined plane set at an angle a to the horizontal. 
Find: 

(a) the magnitudes of the friction coefficient at which slipping 
is absent; 

(b) the kinetic energy of the sphere t seconds after the beginning 
of motion. 

1.253. A uniform cylinder of mass m = 8.0 kg and radius R = 
= 1.3 cm (Fig. 1.60) starts descending at a moment t = 0 due to 
gravity. Neglecting the mass of the thread, find: 
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(a) the tension of each thread and the angular acceleration of the 
cylinder; 

(b) the time dependence of the instantaneous power developed by 
the gravitational force. 

1.254. Thin threads are tightly wound on the ends of a uniform 
solid cylinder of mass m . The free ends of the threads are attached to 



Fig. 1.59. 



the ceiling of an elevator car. The car starts going up with an accelera- 
tion w 0 . Find the acceleration w' of the cylinder relative to the car and 
the force F exerted by the cylinder on the ceiling (through the threads). 

1.255. A spool with a thread wound on it is placed on an inclined 
smooth plane set at an angle a = 30° to the horizontal. The free end 
of the thread is attached to the wall as shown in Fig. 1.61. The mass 
of the spool is m = 200 g, its moment of inertia relative to its own 
axis I — 0.45 g-m 2 , the radius of the wound thread layer r = 3.0 cm. 
Find the acceleration of the spool axis. 

1.256. A uniform solid cylinder of mass m rests on two horizontal 
planks. A thread is wound on the cylinder. The hanging end of the 
thread is pulled vertically down with a constant force F (Fig. 1.62). 




Find the maximum magnitude of the force F which still does not 
bring about any sliding of the cylinder, if the coefficient of friction 
between the cylinder and the planks is equal to k. What is the ac- 
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celeration w max of the axis of the cylinder rolling down the inclined 
plane? 

1.257. A spool with thread wound on it, of mass m, rests on a rough 
horizontal surface. Its moment of inertia relative to its own axis is 
equal to I = ymR 2 , where y is a numerical factor, and R is the out- 
side radius of the spool. The radius of the wound thread layer is equal 



to r. The spool is pulled without sliding by the thread with a constant 
force F directed at an angle a to the horizontal (Fig. 1.63). Find: 

(a) the projection of the acceleration vector of the spool axis on the 
x-axis; 

(b) the work performed by the force F during the first t seconds af- 
ter the beginning of motion. 

1.258. The arrangement shown in Fig. 1.64 consists of two identical 
uniform solid cylinders, each of mass m, on which two light threads 



Fig. 1.64. 


Fig. 1.65. 


are wound symmetrically. Find the tension of each thread in the pro- 
cess of motion. The friction in the axle of the upper cylinder is as- 
sumed to be absent. 

1.259. In the arrangement shown in Fig. 1.65 a weight A possesses 
mass m. a pulley B possesses mass Af. Also known are the moment of 
inertia / of the pulley relative to its axis and the radii of the pulley 
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R and 2 R. The mass of the threads is negligible. Find the accelera- 
tion of the weight A after the system is set free. 

1.260. A uniform solid cylinder A of mass m x can freely rotate about 
a horizontal axis fixed to a mount B of mass m 2 (Fig. 1.66). A con- 
stant horizontal force F is applied to the end K of a light thread tight- 
ly wound on the cylinder. The fric- 
tion between the mount and the sup- 
porting horizontal plane is assumed 
to be absent. Find: 

(a) the acceleration of the point if; 

(b) the kinetic energy of this sys- 
tem t seconds after the beginning of 
motion. 

1.261. A plank of mass m 1 with a 
uniform sphere of mass m 2 placed on 
it rests on a smooth horizontal plane. 

A constant horizontal force F is applied to the plank. With what 
accelerations will the plank and the centre of the sphere move pro- 
vided there is no sliding between the plank and the sphere? 

1.262. A uniform solid cylinder of mass m and radius R is set in 
rotation about its axis with an angular velocity co 0 , then lowered with 
its lateral surface onto a horizontal plane and released. The coeffi- 
cient of friction between the cylinder and the plane is equal to k . 
Find: 

(a) how long the cylinder will move with sliding; 

(b) the total work performed by the sliding friction force acting 
on the cylinder. 

1.263. A uniform ball of radius r rolls without slipping down from 
the top of a sphere of radius R. Find the angular velocity of the ball 
at the moment it breaks off the sphere. The initial velocity of the 
ball is negligible. 

1.264. A uniform solid cylinder of radius R — 15 cm rolls over a 
horizontal plane passing into an inclined plane forming an angle 




Fig. 1.67. 


Fig. 1.68. 


a = 30° with the horizontal (Fig, 1.67). Find the maximum value of 
the velocity v Q which still permits the cylinder to roll onto the inclined 
plane section without a jump. The sliding is assumed to be absent. 
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1.265. A small body A is fixed to the inside of a thin rigid hoop of 
radius R and mass equal to that of the body A . The hoop rolls without 
slipping over a horizontal plane; at the moments when the body A 
gets into the lower position, the centre of the hoop moves with velocity 



Fig. 1.69. Fig. 1.70. 


v Q (Fig. 1.68). At what values of v 0 will the hoop move without bounc- 
ing? 

1.266. Determine the kinetic energy of a tractor crawler belt of 
mass m if the tractor moves with velocity v (Fig. 1.69). 

1.267. A uniform sphere of mass m and radius r rolls without slid- 
ing over a horizontal plane, rotating about a horizontal axle OA 
(Fig. 1.70). In the process, the centre of the 
sphere moves with velocity v along a circle 
of radius R . Find the kinetic energy of the 
sphere. 

1.268. Demonstrate that in the reference 
frame rotating with a constant angular 
velocity o about a stationary axis a body 
of mass m experiences the resultant 

(a) centrifugal force of inertia F c/ = 

— rato 2 R c , where R c is the radius vector 
of the body’s centre of inertia relative to 
the rotation axis; 

(b) Coriolis force F cor = 2m [vco>], where 

vc is the velocity of the body’s centre of Fig. 1.71. 

inertia in the rotating reference frame. 

1.269. A midpoint of a thin uniform rod A B of mass m and length 
l is rigidly fixed to a rotation axle 00 ' as shown in Fig. 1.71. The 
rod is set into rotation with a constant angular velocity co. Find the 
resultant moment of the centrifugal forces of inertia relative to the 
point C in the reference frame fixed to the axle 00 ' and to the rod. 

1.270. A conical pendulum, a thin uniform rod of length l and 
mass m , rotates uniformly about a vertical axis with angular velocity 
co (the upper end of the rod is hinged). Find the angle 0 between the 
rod and the vertical. 

1.271. A uniform cube with edge a rests on a horizontal plane whose 
friction coefficient equals k . The cube is set in motion with an initial 
velocity, travels some distance over the plane and comes to a stand- 
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still. Explain the disappearance of the angular momentum of the 
cube relative to the axis lying in the plane at right angles to the 
cube’s motion direction. Find the distance between the resultants of 
gravitational forces and the reaction forces exerted by the support- 
ing plane. 

1.272. A smooth uniform rod AB of mass M and length l rotates 
freely with an angular velocity a> 0 in a horizontal plane about a sta- 
tionary vertical axis passing through its end A. A small sleeve of 
mass m starts sliding along the rod from the point A. Find the veloc- 
ity v' of the sleeve relative to the rod at the moment it reaches its 
other end B. 

1.273. A uniform rod of mass m = 5.0 kg and length l = 90 cm 
rests on a smooth horizontal surface. One of the ends of the rod is struck 
with the impulse J = 3.0 N* s in a horizontal direction perpendicular to 
the rod. As a result, the rod obtains the momentum p~3.0 N -s. Find 
the force with which one half of the rod will act on the other in 
the process of motion. 

1.274. A thin uniform square plate with side l and mass M can 
rotate freely about a stationary vertical axis coinciding with one of 
its sides. A small ball of mass m flying with velocity v at right angles 
to the plate strikes elastically the centre of it. Find: 

(a) the velocity of the ball v' after the impact; 

(b) the horizontal component of the resultant force which the axis 
will exert on the plate after the impact. 

1.275. A vertically oriented uniform rod of mass M and length l 
can rotate about its upper end. A horizontally flying bullet of mass 
m strikes the lower end of the rod and gets stuck in it; as a result, the 
rod swings through an angle a. Assuming that m <C Af, find: 

(a) the velocity of the flying bullet; 

(b) the momentum increment in the system “bullet-rod” during 
the impact; what causes the change of that momentum; 

(c) at what distance x from the upper end of the rod the bullet must 
strike for the momentum of the system “bullet-rod” to remain con- 
stant during the impact. 

1.276. A horizontally oriented uniform disc of mass M and radius 
R rotates freely about a stationary vertical axis passing through its 
centre. The disc has a radial guide along which can slide without 
friction a small body of mass m. A light thread running down through 
the hollow axle of the disc is tied to the body. Initially the body 
was located at the edge of the disc and the whole system rotated with 
an angular velocity (o 0 . Then by means of a force F applied to the 
lower end of the thread the body was slowly pulled to the rotation 
axis. Find: 

(a) the angular velocity of the system in its final state; 

(b) the work performed by the force F. 

1.277. A man of mass m 1 stands on the edge of a horizontal uni- 
form disc of mass m 2 and radius R which is capable of rotating freely 
about a stationary vertical axis passing through its centre. At a cer- 
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tain moment the man starts moving along the edge of the disc; he 
shifts over an angle <p' relative to the disc and then stops. In the pro- 
cess of motion the velocity of the man varies with time as v ( t ). 
Assuming the dimensions of the man to be negligible, find: 

(a) the angle through which the disc had turned by the moment the 
man stopped; 

(b) the force moment (relative to the rotation axis) with which 
the man acted on the disc in the process of motion. 

1.278. Two horizontal discs rotate freely about a vertical axis pass- 
ing through their centres. The moments of inertia of the discs relative 
to this axis are equal to I x and / 2 , and the angular velocities to ©j 
and © 2 - When the upper disc fell on the lower one, both discs began 
rotating, after some time, as a single whole (due to friction). Find: 

(a) the steady-state angular rotation velocity of the discs; 

(b) the work performed by the friction forces in this process. 

1.279. A small disc and a thin uniform rod of length Z, whose mass 
is r) times greater than the mass of the disc, lie on a smooth horizon- 
tal plane. The disc is set in motion, in horizontal direction and per- 
pendicular to the rod, with velocity v, after which it elastically 
collides with the end of the rod. Find 
the velocity of the disc and the angu- 
lar velocity of the rod after the colli- 
sion. At what value of r\ will the 
velocity of the disc after the colli- 
sion be equal to zero? reverse its di- 
rection? 

1.280. A stationary platform P 
which can rotate freely about a ver- 
tical axis (Fig. 1.72) supports a motor M 
and a balance weight N. The mo- 
ment of inertia of the platform 
with the motor and the balance weight 
relative to this axis is equal to /. A 
light frame is fixed to the motor’s shaft with a uniform sphered rotat- 
ing freely with an angular velocity o) 0 about a shaft BB' coincid- 
ing with the axis OO' . The moment of inertia of the sphere relative 
to the rotation axis is equal to 7 0 . Find: 

(a) the work performed by the motor in turning the shaft BB f 
through 90°; through 180°; 

(b) the moment of external forces which maintains the axis of the 
arrangement in the vertical position after the motor turns the shaft 
BB’ through 90°. 

1.281. A horizontally oriented uniform rod AB of mass m = 
== 1.40 kg and length Z 0 = 100 cm rotates freely about a stationary 
vertical axis OO ' passing through its end A. The point A is located 
at the middle of the axis OO' whose length is equal to l — 55 cm. 
At what angular velocity of the rod the horizontal component of the 
force acting on the lower end of the axis OO' is equal to zero? What 
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is in this case the horizontal component of the force acting on the 
upper end of the axis? 

1.282. The middle of a uniform rod of mass m and length i is rig- 
idly fixed to a vertical axis 00' so that the angle between the rod 
and the axis is equal to 9 (see Fig. 1.71). The ends of the axis 00' are 
provided with bearings. The system rotates without friction with an 
angular velocity <a. Find: 

(a) the magnitude and direction of the rod’s angular momentum 
M relative to the point C, as well as its angular momentum relative to 
the rotation axis; 

(b) how much the modulus of the vector M relative to the point 
C increases during a half-turn; 

(c) the moment of external forces N acting on the axle 00' in 
the process of rotation. 

1.283. A top of mass m = 0.50 kg, whose axis is tilted by an apgle 
0 = 30° to the vertical, precesses due to gravity. The moment of 
inertia of the top relative to its symmetry axis is equal to I = 

— 2.0 g*m 2 , the angular velocity of rotation about that axis is equal 
to co = 350 rad/s, the distance from the point of rest to the centre of 
inertia of the top is l = 10 cm. Find: 

(a) the angular velocity of the top’s precession; 

(b) the magnitude and direction of the horizontal component of 
the reaction force acting on the top at the point of rest. 

1.284. A gyroscope, a uniform disc of radius R = 5.0 cm at the 
end of a rod of length l = 10 cm (Fig. 1.73), is mounted on the floor 
of an elevator car going up with a constant accel- 
eration w 2.0 m/s 2 . The other end of the rod 
is hinged at the point O. The gyroscope preces- O l 
ses with an angular velocity n — 0.5 rps. 

Neglecting the friction and the mass of the rod, 
find the proper angular velocity of the disc. 

1.285. A top of mass m = 1.0 kg and moment 
of inertia relative to its own axis / = 4.0 g-m 2 
spins with an angular velocity co = 

= 310 rad/s. Its point of rest is located on a block which is shifted 
in a horizontal direction with a constant acceleration w — 1.0 m/s 2 . 
The distance between the point of rest and the centre of inertia of the 
top equals l — 10 cm. Find the magnitude and direction of the an- 
gular velocity of precession co'. 

1.286. A uniform sphere of mass m = 5.0 kg and radius R = 

— 6.0 cm rotates with an angular velocity co = 1250 ra d/s about 
a horizontal axle passing through its centre and fixed on the mount- 
ing base by means of bearings. The distance between the bearings 
equals l = 15 cm. The base is set in rotation about a vertical axis 
with an angular velocity co' = 5.0 rad/s. Find the modulus and di- 
rection of the gyroscopic forces. 

1.287. A cylindrical disc of a gyroscope of mass m — 15 kg and 
radius r — 5.0 cm spins with an angular velocity co = 330 rad/s. 
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The distance between the bearings in which the axle of the disc is 
mounted is equal to l — 15 cm. The axle is forced to oscillate about 
a horizontal axis with a period f = 1.0 s and amplitude (p m — 20°. 
Find the maximum value of the gyroscopic forces exerted by the axle 
on the bearings. 

1.288. A ship moves with velocity u — 36 km per hour along an 
arc of a circle of radius R = 200 m. Find the moment of the gyroscop- 
ic forces exerted on the bearings by the shaft with a flywheel whose 
moment of inertia relative to the rotation axis equals I = 
= 3.8- 10 3 kg-m 2 and whose rotation velocity n = 300 rpm. The 
rotation axis is oriented along the length of the ship. 

1.289. A locomotive is propelled by a turbine whose axle is paral- 
lel to the axes of wheels. The turbine’s rotation direction coincides 
with that of wheels. The moment of inertia of the turbine rotor rel- 
ative to its own axis is equal to / = 240 kg-m 2 . Find the additional 
force exerted by the gyroscopic forces on the rails when the locomo- 
tive moves along a circle of radius R = 250 m with velocity v = 
= 50 km per hour. The gauge is equal to I = 1.5 m. The angular 
velocity of the turbine equals n = 1500 rpm. 


1.6. ELASTIC DEFORMATIONS OF A SOLID BODY 

• Relation between tensile (compressive) strain e and stress a: 


where E is Young’s modulus. 

• Relation between lateral compressive (tensile) strain e' and longitudi- 
nal tensile (compressive) strain e: 


e = o/E, 


(1.6a) 


e' — — pe, 


(1.6b) 


where p is Poisson’s ratio. 

• Relation between shear strain y and tangential stress t: 

V — x IGj 


(1.6c) 


where G is shear modulus. 
• Compressibility: 



(1.6d) 


• Volume density of elastic strain energy: 


u = Ez 2 !2, u = Gy 2 / 2. 


(1.6e) 
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1.290. What pressure has to be applied to the ends of a steel cyl- 
inder to keep its length constant on raising its temperature by 100 °C? 

1.291. What internal pressure (in the absence of an external pres- 
sure) can be sustained 

(a) by a glass tube; (b) by a glass spherical flask, if in both cases 
the wall thickness is equal to Ar = 1.0 mm and the radius of the 
tube and the flask equals r = 25 mm? 

1.292. A horizontally oriented copper rod of length Z = 1.0 m 
is rotated about a vertical axis passing through its middle. What 
is the number of rps at which this rod ruptures? 

1.293. A ring of radius r = 25 cm made of lead wire is rotated 
about a stationary vertical axis passing through its centre and per- 
pendicular to the plane of the ring. What is the number of rps at 
which the ring ruptures? 

1.294. A steel wire of diameter d = 1.0 mm is stretched horizon- 
tally between two clamps located at the distance l = 2.0 m from 
each other. A weight of mass m = 0.25 kg is suspended from the mid- 
point 0 of the wire. What will the resulting descent of the point 0 
be in centimetres? 

1.295. A uniform elastic plank moves over a smooth horizontal 
plane due to a constant force F 0 distributed uniformly over the end 
face. The surface of the end face is equal to S, and Young’s modulus 
of the material to E . Find the compressive strain of the plank in the 
direction of the acting force. 

1.296. A thin uniform copper rod of length l and mass m rotates 
uniformly with an angular velocity w in a horizontal plane about a 
vertical axis passing through one of its ends. Determine the tension 
in the rod as a function of the distance r from the rotation axis. Find 
the elongation of the rod. 

1.297. A solid copper cylinder of length l — 65 cm is placed on a 
horizontal surface and subjected to a vertical compressive force 
F = 1000 N directed downward and distributed uniformly over the 
end face. What will be the resulting change of the volume of the 
cylinder in cuhic millimetres? 

1.298. A copper rod of length l is suspended from the ceiling by one 
of its ends. Find: 

(a) the elongation A l of the rod due to its own weight; 

(b) the relative increment of its volume AF/F. 

1.299. A bar made of material whose Young’s modulus is equal to 
E and Poisson’s ratio to jut is subjected to the hydrostatic pressure 
p. Find: 

(a) the fractional decrement of its volume; 

(b) the relationship between the compressibility p and the elastic 
constants E and p,. 

Show that Poisson’s ratio p, cannot exceed 1/2. 

1.300. One end of a steel rectangular girder is embedded into a 
wall (Fig. 1.74). Due to gravity it sags slightly. Find the radius of 
curvature of the neutral layer (see the dotted line in the figure) in 
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the vicinity of the point 0 if the length of the protruding section of 



Fig. 1.74. 


the girder is equal to l = 6.0 m and the thickness of the girder equals 
h = 10 cm. 

1.301. The bending of an elastic rod is described by the elastic 
curve passing through centres of gravity of rod’s cross-sections. At 
small bendings the equation of this curve takes the form 

N(z) = BlQ, 

where N (:c) is the bending moment of the elastic forces in the cross- 
section corresponding to the x coordinate, E is Young’s modulus, 
/ is the moment of inertia of the cross-section relative to the axis pass- 
ing through the neutral layer (/ = j z 2 d-S\ Fig. 1.75). 

Suppose one end of a steel rod of a square cross-section with side 
a is embedded into a wall, the protruding section being of length l 

— dJ S 

r Neutral 
7 ayer 


Fig. 1.75. Fig. 1.76. 



(Fig. 1.76). Assuming the mass of the rod to be negligible, find the 
shape of the elastic curve and the deflection of the rod X, if its end A 
experiences 

(a) the bending moment of the couple N 0 ; 

(b) a force F oriented along the y axis. 

1.302. A steel girder of length l rests freely on two supports 
(Fig. 1.77), The moment of inertia of its cross-section is equal to / 
(see the foregoing problem). Neglecting the mass of the girder and 
assuming the sagging to be slight, find the deflection X due to the force 
F applied to the middle of the girder. 

1.303. The thickness of a rectangular steel girder equals h. Using 
the equation of Problem 1.301, find the deflection X caused by the 
weight of the girder in two cases: 

(a) one end of the girder is embedded into a wall with the length 
of the protruding section being equal to l (Fig. 1.78a); 

(b) the girder of length 21 rests freely on two supports (Fig. 1.786). 


1.304. A steel plate of thickness h has the shape of a square whose 
side equals l , with h <C Z. The plate is rigidly fixed to a vertical axle 



Fig. 1.77. 


00 which is rotated with a constant angular acceleration p (Fig. 1.79). 
Find the deflection K, assuming the sagging to be small. 

1.305. Determine the relationship between the torque N and the 
torsion angle cp for 

(a) the tube whose wall thickness Ar is considerably less than the 
tube radius; 

(b) for the solid rod of circular cross-section. Their length Z, ra- 
dius r, and shear modulus G are supposed to be known. 




1.306. Calculate the torque N twisting a steel tube of length Z = 
= 3.0 m through an angle qp = 2.0° about its axis, if the inside and 
outside diameters of the tube are equal to d x = 30 mm and d 2 = 
= 50 mm. 

1.307. Find the maximum power which can be transmitted by 
means of a steel shaft rotating about its axis with an angular velocity 
o) = 120 rad/s, if its length Z = 200 cm, radius r = 1.50 cm, and 
the permissible torsion angle q> = 2.5°. 

1.308. A uniform ring of mass m, with the outside radius r 2 , is 
fitted tightly on a shaft of radius r t . The shaft is rotated about its 
axis with a constant angular acceleration p. Find the moment of 
elastic forces in the ring as a function of the distance r from the ro- 
tation axis. 

1.309. Find the elastic deformation energy of a steel rod of mass 
m — 3.1 kg stretched to a tensile strain 8 = 1.0* 10~ 3 . 

1.310. A steel cylindrical rod of length l and radius r is suspended 
by its end from the ceiling. 

(a) Find the elastic deformation energy U of the rod. 

(b) Define U in terms of tensile strain A III of the rod. 


1.311. What work has to be performed to make a hoop out of a 
steel band of length l = 2.0 m, width h = 6.0 cm, and thickness 
6 = 2.0 mm? The process is assumed to proceed within the elasticity 
range of the material. 

1.312. Find the elastic deformation energy of a steel rod whose 
one end is fixed and the other is twisted through an angle cp — 6.0°. 
The length of the rod is equal to i = 1.0 m, and the radius to r = 
— 10 mm. 

1.313. Find how the volume density of the elastic deformation 
energy is distributed in a steel rod depending on the distance r from 
its axis. The length of the rod is equal to Z, the torsion angle to <p. 

1.314. Find the volume density of the elastic deformation energy 
in fresh water at the depth of h = 1000 m. 


1.7. HYDRODYNAMICS 


• The fundamental equation of hydrodynamics of ideal fluid (Eulerian 
equation): 


P 


dv 

dt 




(1.7a) 


where p is the fluid density, f is the volume density of mass forces (f = pg i n 
the case of gravity), Vp is the pressure gradient. 

• Bernoulli’s equation. In the steady flow of an ideal fluid 

— I -pgh+p= const (1.7b) 


along any streamline. 

• Reynolds number defining the flow pattern of a viscous fluid: 

Re = p vlh\, (1.7c) 


where l is a characteristic length, q is the fluid viscosity. 

• Poiseuille’s law. The volume of liquid flowing through a circular tube 
(in m 3 /s): 


8rt l 


(1.7d) 


where R and l are the tube’s radius and length, p x — p 2 is the pressure differ- 
ence between the ends of the tube. 

• Stokes’ law. The friction force on the sphere of radius r moving through 
a viscous fluid: 

F = 6jtqri;. (1.7e) 


1.315. Ideal fluid flows along a flat tube of constant cross-section, 
located in a horizontal plane and bent as shown in Fig. 1.80 (top 
view). The flow is steady. Are the pressures and velocities of the fluid 
equal at points 1 and 2? What is the shape of the streamlines? 

1.316. Two manometric tubes are mounted on a horizontal pipe 
of varying cross-section at the sections S A and S% (Fig. 1.81). Find 


H2 


the volume of water flowing across the pipe's section per unit time 
if the difference in water columns is equal to A h. 

1.317. A Pitot tube (Fig. 1.82) is mounted along the axis of a gas 
pipeline whose cross-sectional area is equal to S. Assuming the vis- 
cosity to be negligible, find the volume of gas flowing across the 


Fig. 1.80. 
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section of the pipe per unit time, if the difference in the liquid col- 
umns is equal to A/i, and the densities of the liquid and the gas are 
p 0 and p respectively, 

1.318. A wide vessel with a small hole in the bottom is filled 
with water and kerosene. Neglecting the viscosity, find the velo- 
city of the water flow, if the thickness of the 
water layer is equal to h i = 30 cm and that of 
the kerosene layer to h 2 = 20 cm. 

1.319. A wide cylindrical vessel 50 cm in 
height is filled with water and rests on a table. 

Assuming the viscosity to be negligible, find at 
what height from the bottom of the vessel a small 
hole should be perforated for the water jet com- 
ing out of it to hit the surface of the table at 
the maximum distance l max from the vessel. 

Find lmax ♦ 

1.320. A bent tube is lowered into a water stream as shown in 
Fig. 1.83. The velocity of the stream relative to the tube is equal to 
v = 2.5 m/s. The closed upper end of the tube located at the height 
h 0 = 12 cm has a small orifice. To what height h will the water jet 
spurt? 

1.321. The horizontal bottom of a wide vessel with an ideal fluid 
has a round orifioe of radius over which a round closed cylinder is 
mounted, whose radius i? 2 >> R x (Fig. 1.84). The clearance between 
the cylinder and the bottom of the vessel is very small, the fluid den- 
sity is p. Find the static pressure of the fluid in the clearance as a 
function of the distance r from the axis of the orifice (and the cylin- 
der), if the height of the fluid is equal to h. 

1.322. What work should be done in order to squeeze all water 
from a horizontally located cylinder (Fig. 1.85) during the time t 
by means of a constant force acting on the piston? The volume of wa- 
ter in the cylinder is equal to F, the cross-sectional area of the ori- 
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fice to 5, with s being considerably less than the piston area. The 
friction and viscosity are negligibly small. 

1.323. A cylindrical vessel of height h and base area S is filled 
with water. An orifice of area 5 < S is opened in the bottom of the 
vessel. Neglecting the viscosity of wa- 
ter, determine how soon all the water 
will pour out of the vessel. 

1.324. A horizontally oriented tube 
AB of length l rotates with a constant 
angular velocity co about a stationary 
vertical axis OO f passing through the end 
A (Fig. 1.86). The tube is filled with an 
ideal fluid. The end A of the tube is open, = 
the closed end B has a very small orifice. ~ 

Find the velocity of the fluid relative to E 
the tube as a function of the column z 
“height” h. - 

1.325. Demonstrate that in the case 
of a steady flow of an ideal fluid Eq. 

(1.7a) turns into Bernoulli equation. 

1.326. On the opposite sides of a wide vertical vessel filled with 
water two identical holes are opened, each having the cross-sectional 
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area S =0.50 cm 2 . The height difference between them is equal to 
Ah = 51 cm. Find the resultant force of reaction of the water flow- 
ing out of the vessel. 

1.327. The side wall of a wide vertical cylindrical vessel of height 
h = 75 cm has a narrow vertical slit running all the way down to 
the bottom of the vessel. The length of the slit is l = 50 cm and the 
width b = 1.0 mm. With the slit closed, the vessel is filled with 
water. Find the resultant force of reaction of the water flowing out of 
the vessel immediately after the slit is opened. 

1.328. Water flows out of a big tank along a tube bent at right an- 
gles; the inside radius of the tube is equal to r — 0.50 cm (Fig. 1.87). 
The length of the horizontal section of the tube is equal to l = 22 cm. 
The water flow rate is Q — 0.50 litres per second. Find the moment 
of reaction forces of flowing water, acting on the tube’s walls, relative 
to the point O. 
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1.329. A side wall of a wide open tank is provided with a narrow- 
ing tube (Fig. 1.88) through which water flows out. The cross-sectional 
area of the tube decreases from 5 — 3.0 cm 2 to s — 1.0 cm 2 . The 
water level in the tank is h = 4.6 m higher than that in the tube. 



Fig. .1.86. 


Neglecting the viscosity of the water, find the horizontal component 
of the force tending to pull the tube out of the tank. 



Fig. 1.87. Fig. 1.88. 


1.330. A cylindrical vessel with water is rotated about its ver- 
tical axis with a constant angular velocity a. Find: 

(a) the shape of the free surface of the water; 

(b) the water pressure distribution over the bottom of the vessel 
along its radius provided the pressure at the central point is equal to 
P 0‘ 

1.331. A thin horizontal disc of radius R — 10 cm is located with- 
in a cylindrical cavity filled with oil whose viscosity t] = 0.08 P 
(Fig. 1.89). The clearance between the disc and the horizontal planes 



Fig. 1.89. 


of the cavity is equal to h — 1.0 mm. Find the power developed by 
the viscous forces acting on the disc when it rotates with the angular 
velocity a = 60 rad/s. The end effects are to be neglected. 


5—9451 
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1.332. A long cylinder of radius R l is displaced along its axis 
with a constant velocity v Q inside a stationary co-axial cylinder of 
radius i? 2 . The space between the cylinders is filled with viscous liq- 
uid. Find the velocity of the liquid as a function of the distance r 
from the axis of the cylinders. The flow is laminar. 

1.333. A fluid with viscosity r\ fills the space between two long 
co-axial cylinders of radii R x and i? 2 , with R 1 < R 2 . The inner cyl- 
inder is stationary while the outer one is rotated with a constant 
angular velocity co 2 . The fluid flow is laminar. Taking into account 
that the friction force acting on a unit area of a cylindrical surface 
of radius r is defined by the formula o = rjr (dco/dr), find: 

(a) the angular velocity of the rotating fluid as a function of ra- 
dius r; 

(b) the moment of the friction forces acting on a unit length of the 
outer cylinder. 

1.334. A tube of length l and radius R carries a steady flow of 
fluid whose density is p and viscosity r). The fluid flow velocity de- 
pends on the distance r from the axis of the tube as v = v Q (1 — r 2 /i? 2 ) . 


(a) the volume of the fluid flowing across the section of the tube 
per unit time; 

(b) the kinetic energy of the fluid within the tube’s volume; 

(c) the friction force exerted on the tube by the fluid; 

(d) the pressure difference at the ends of the tube. 

1.335. In the arrangement shown in Fig. 1.90 a viscous liquid 
whose density is p = 1.0 g/em 3 flows along a tube out of a wide tank 


A . Find the velocity of the liquid flow, if h Y = 10 cm, h 2 = 20 cm, 
and h 3 ~ 35 cm. All the distances l are equal. 

1.336. The cross-sectional radius of a pipeline decreases gradually 
as r = r 9 e“ a *, where a = 0.50 m~\ x is the distance from the pipe- 
line inlet. Find the ratio of Reynolds numbers for two cross-sections 
separated by Are = 3.2 m. 

1.337. When a sphere of radius r x — 1.2 mm moves in glycerin, 
the laminar flow is observed if the velocity of the sphere does not 
exceed v x — 23 cm/s. At what minimum velocity v 2 of a sphere of 
radius r 2 = 5.5 cm will the flow in water become turbulent? The 


Find 



Fig. 1.90, 
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viscosities of glycerin and water are equal to r\ t = 13.9 P and r| 2 = 
= 0.011 P respectively. 

1.338. A lead sphere is steadily sinking in glycerin whose viscosity 
is equal to rj = 13.9 P. What is the maximum diameter of the sphere 
at which the flow around that sphere still remains laminar? It is 
known that the transition to the turbulent flow corresponds to Rey- 
nolds number Re = 0.5. (Here the characteristic length is taken to 
be the sphere diameter.) 

1.339. A steel ball of diameter d — 3.0 mm starts sinking with 
zero initial velocity in olive oil whose viscosity is r\ = 0.90 P. How 
soon after the beginningof motion will the velocity of the ball differ 
from the steady-state velocity by n = 1.0 %? 


1.8. RELATIVISTIC MECHANICS 

• Lorentz contraction of length and slowing of a moving clock: 
Z = Z 0 yT— (vie)* , At- 


A t Q 


(1.8a) 


Y i— (vie) 2 

where l 0 is the proper length and At n is the proper time of the moving clock. 
• Lorentz transformation*: 

x — Vt , „ t—xVlc 2 


y =y, 


t'- 


|/ 1 _( P / C )2 ’ 

• Interval s 12 is an invariant: 

s| 2 = c 2 t 12 ^12 = inv , 


l-(F/c)2 • 


(1.8b) 


(1.8c) 

where t 12 is the time interval between events 1 and 2, l 12 is the distance between 
the points at which these events occurred. 

• Transformation of velocity*: 




v x — V 


Vy /1-(WC)» 


1 —v x V!c* ’ i—v x V/c 2 

• Relativistic mass and relativistic momentum: 


771 = 


m 0 


V 1 — (vie)* ’ 


p = mv = 


m Q \ 


Y 1 —(vie) 2 

where /n 0 is the rest mass, or, simply, the mass. 

• Relativistic equation of dynamics for a particle: 

dt * 

where p is the relativistic momentum of the particle. 

• Total and kinetic energies of a relativistic particle: 

E — me 2 = m Q c 2 +7"? T = (m — m 0 ) c 2 . 


(l*8d) 


(l*8e) 


(1.8f) 


d.8g) 


* The reference frame K' is assumed to move with a velocity V in the posi- 
tive direction of the x axis of the frame K, with the x' and x axes coinciding and 
the y' and y axes parallel. 
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• Relationship between the energy and momentum of a relativistic par- 
ticle 

J B 2 _ p 2 c s = m?c 4 ) pc= (T+2m 0 c*). (1.8h) 

• When considering the collisions of particles it helps to use the follow- 
ing invariant quantity: 

£2_ p 2 c 2 = m jj c 4 t (1.81) 

where E and p are the total energy and momentum of the system prior to the 
collision, and m Q is the rest mass of the particle (or the system) formed. 

1 . 340 . A rod moves lengthwise with a constant velocity v relative 
to the inertial reference frame K . At what value of v will the length 
of the rod in this frame be rj == 0.5% less than its proper length? 

1 . 341 . In a triangle the proper length of each side equals a. Find 
the perimeter of this triangle in the reference frame moving relative 
to it with a constant velocity V along one of its 

(a) bisectors; (b) sides. 

Investigate the results obtained at 7<c and V c, where c is the 
velocity of light. 

1 . 342 . Find the proper length of a rod if in the laboratory frame 
of reference its velocity is v = c/2, the length l = 1.00 m, and the 
angle between the rod and its direction of motion is 8 = 45°. 

1 . 343 . A stationary upright cone has a taper angle 0 = 45°, 
and the area of the lateral surface S 0 = 4.0 m 2 . Find: (a) its 
taper angle; (b) its lateral surface area, in the reference frame 
moving with a velocity v — (4/5 )c along the axis of the cone. 

1 . 344 . With what velocity (relative to the reference frame K) did 
the clock move, if during the time interval t = 5.0 s, measured by 
the clock of the frame K, it became slow by At = 0.10 s? 

1.345. A rod flies with constant velocity past a mark which is 
stationary in the reference frame K . In the frame K it takes At = 
= 20 ns for the rod to fly past the mark. In the reference frame fixed 
to the rod the mark moves past the rod for At’ = 25 ns. Find the prop- 
er length of the rod. 

1 . 346 . The proper lifetime of an unstable particle is equal to 
A/ 0 = 10 ns. Find the distance this particle will traverse till its 
decay in the laboratory frame of reference, where its lifetime is equal 
to At = 20 ns. 

1 . 347 . In the reference frame K a muon moving with a velocity 
v — 0.990c travelled a distance l — 3.0 km from its birthplace to 
the point where it decayed. Find: 

(a) the proper lifetime of this muon; 

(b) the distance travelled by the muon in the frame K “from the 
muon’s standpoint”. 

1 . 348 . Two particles moving in a laboratory frame of reference 
along the same straight line with the same velocity v = (3/4)c strike 
against a stationary target with the time interval At = 50 ns. Find 


the proper distance between the particles prior to their hitting the 
target. 

1.349. A rod moves along a ruler with a constant velocity. When 
the positions of both ends of the rod are marked simultaneously in 
the reference frame fixed to the ruler, the difference of readings on the 
ruler is equal to Ax x = 4.0 m. But when the positions of the rod’s 
ends are marked simultaneously in the reference fratne fixed to the 
rod, the difference of readings on the same ruler is equal to Ax 2 = 
= 9.0 m. Find the proper length of the rod and its velocity relative 
to the ruler. 

1.350. Two rods of the same proper length l 0 move toward each 
other parallel to a common horizontal axis. In the reference frame 
fixed to one of the rods the time interval between the moments, when 
the right and left ends of the rods coincide, is equal to At . What is 
the velocity of one rod relative to the other? 

1.351. Two unstable particles move in the reference frame K 
along a straight line in the same direction with a velocity v — 0.990c. 
The distance between them in this reference frame is equal to l =» 
= 120 m. At a certain moment both particles decay simultaneously 
in the reference frame fixed to them. What time interval between the 
moments of decay of the two particles will be observed in the frame 
K1 Which particle decays later in the frame K1 

1.352. A rod AB oriented along the x axis of the reference frame K 
moves in the positive direction of the x axis with a constant velocity 
v . The point A is the forward end of the rod, and the point B its rear 
end. Find: 

(a) the proper length of the rod, if at the moment t A the coordi- 
nate of the point A is equal to x A , and at the moment t B the coordi- 
nate of the point B is equal to x B ; 

(b) what time interval should separate the markings of coordinates 
of the rod’s ends in the frame K for the difference of coordinates to 
become equal to the proper length of the rod. 

1.353. The rod A'B' moves with a constant velocity v relative to 
the rod AB (Fig. 1.91). Both rods have the same proper length l Q and 
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at the ends of each of them clocks are mounted, which are synchro- 
nized pairwise: A with B and A' with B'. Suppose the moment when 
the clock B' gets opposite the clock A is taken for the beginning of 
the time count in the reference frames fixed to each of the rods. De- 
termine: 
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(a) the readings of the clocks B and B' at the moment when they 
are opposite each other; 

(b) the same for the clocks A and A'. 

1.354. There are two groups of mutually synchronized clocks K 
and K' moving relative to each other with a velocity v as shown in 
Fig. 1.92. The moment when the clock A' gets opposite the clock A 

0006 000 - 
0006000 - 

Fig. 1.92. 

is taken for the beginning of the time count. Draw the approximate 
position of hands of all the clocks at this moment “in terms of the 
K clocks”; “in terms of the K' clocks”. 

1.355. The reference frame K ' moves in the positive direction of 
the x axis of the frame K with a relative velocity F. Suppose that 
at the moment when the origins of coordinates 0 and 0' coincide, the 
clock readings at these points are equal to zero in both frames. Find 

the displacement velocity x of the point (in the frame K) at which 
the readings of the clocks of both reference frames will be permanent- 
ly identical. Demonstrate that x < V. 

1.356. At two points of the reference frame K two events occurred 
separated by a time interval A t. Demonstrate that if these events obey 
the cause-and-effect relationship in the frame K (e.g. a shot fired 
and a bullet hitting a target), they obey that relationship in any 
other inertial reference frame K'. 

1.357. The space-time diagram of Fig. 1.93 shows three events A , 
B, and C which occurred on the x axis of some inertial reference 
frame. Find: 

(a) the time interval between the events A and B in the reference 
frame where the two events occurred at the same point; 

(b) the distance between the points at which the events A and C 
occurred in the reference frame where these two events are simulta- 
neous. 

1.358. The velocity components of a particle moving in the xy 
plane of the reference frame K are equal to v x and v y . Find the veloc- 
ity v ' of this particle in the frame K' which moves with the velocity 
V relative to the frame K in the positive direction of its x axis. 

1.359. Two particles move toward each other with velocities 
v x = 0.50c and v 2 = 0.75c relative to a laboratory frame of reference. 
Find: 
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(a) the approach velocity of the particles in the laboratory frame 
of reference; 

(b) their relative velocity. 

1.360. Two rods having the same proper length l Q move lengthwise 
toward each other parallel to a common axis with the same velocity 
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v relative to the laboratory frame of reference. What is the length of 
each rod in the reference frame fixed to the other rod? 

1.361. Two relativistic particles move at right angles to each other 
in a laboratory frame of reference, one faith the velocity v x and the 
other with the velocity v 2 . Find their relative velocity. 

1.362. An unstable particle moves in the reference frame K' 
along its y axis with a velocity v' . In its turn, the frame K' moves 
relative to the frame K in the positive direction of its x axis with a 
velocity V . The x and x axes of the two reference frames coincide, the 
y' and y axes are parallel. Find the distance which the particle tra- 
verses in the frame K , if its proper lifetime is equal to A t Q . 

1.363. A particle moves in the frame K with a velocity v at an 
angle 0 to the x axis. Find the corresponding angle in the frame K' 
moving with a velocity V relative to the frame K in the positive di- 
rection of its x axis, if the x and x axes of the two frames coincide. 

1.364. The rod A B oriented parallel to the x axis of the reference 
frame K' moves in this frame with a velocity v' along its y axis. In 
its turn, the frame K r moves with a velocity V relative to the frame 
K as shown in Fig. 1.94. Find the angle 0 between the rod and the 
x axis in the frame K . 

1.365. The frame K r moves with a constant velocity V relative to 
the frame K . Find the acceleration w of a particle in the frame K\ 
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if in the frame K this particle moves with a velocity v and accelera- 
tion w along a straight line 

(a) in the direction of the vector V; 

(b) perpendicular to the vector V. 

1.366. An imaginary space rocket launched from the Earth moves 
with an acceleration w = 10 g which is the same in every instanta- 
neous co-moving inertial reference frame. The boost stage lasted 
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t= 1.0 year of terrestrial time. Find how much (in per cent) does 
the rocket velocity differ from the velocity of light at the end of 
the boost stage. What distance does the rocket cover by that moment? 

1.367. From the conditions of the foregoing problem determine 
the boost time t 0 in the reference frame fixed to the rocket. Remember 
that this time is defined by the formula 

T 

T 0 = X Yi — {vie ) 2 dt, 

0 

where dt is the time in the geocentric reference frame. 

1.368. How many times does the relativistic mass of a particle 
whose velocity differs from the velocity of light by 0.010% exceed 
its rest mass? 

1.369. The density of a stationary body is equal to p 0 - Find the 
velocity (relative to the body) of the reference frame in which the 
density of the body is r) = 25% greater than p 0 . 

1.370. A proton moves with a momentum p = 10.0 GeV/c, where 
c is the velocity of light. How much (in per cent) does the proton 
velocity differ from the velocity of light? 

1.371. Find the velocity at which the relativistic momentum of 
a particle exceeds its Newtonian momentum r\ = 2 times. 

1.372. What work has to be performed in order to increase the 
velocity of a particle of rest mass m 0 from 0.60 c to 0.80 c? Compare 
the result obtained with the value calculated from the classical for- 
mula. 

1.373. Find the velocity at which the kinetic energy of a particle 
equals its rest energy. 

1.374. At what values of the ratio of the kinetic energy to rest 
energy can the velocity of a particle be calculated from the classical 
formula with the relative error less than e — 0.010? 
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1.375. Find how the momentum of a particle of rest mass m 0 de- 
pends on its kinetic energy. Calculate the momentum of a proton 
whose kinetic energy equals 5C0 MeV. 

1.376. A beam of relativistic particles with kinetic energy T strikes 
against an absorbing target. The beam current equals I , the charge 
and rest mass of each particle are equal to e and m 0 respectively. Find 
the pressure developed by the beam on the target surface, and the 
power liberated there. 

1.377. A sphere moves with a relativistic velocity v through a gas 
whose unit volume contains n slowly moving particles, each of mass 
m. Find the pressure p exerted by the gas on a spherical surface ele- 
ment perpendicular to the velocity of the sphere, provided that the 
particles scatter elastically. Show that the pressure is the same both 
in the reference frame fixed to the sphere and in the reference frame 
fixed to the gas. 

1.378. A particle of rest mass m 0 starts moving at a moment t = 0 
due to a constant force F. Find the time dependence of the particle’s 
velocity and of the distance covered. 

1.379. A particle of rest mass m 0 moves along the x axis of the 
frame K in accordance with the law x — ]/ r a 2 + cH 2 , where a is 
a constant, c is the velocity of light, and t is time. Find the force 
acting on the particle in this reference frame. 

1.380. Proceeding from the fundamental equation of relativistic 
dynamics, find: 

(a) under what circumstances the acceleration of a particle coin- 
cides in direction with the force F acting on it; 

(b) the proportionality factors relating the force F and the accele- 
ration w in the cases when F J_ v and F || v, where v is the velocity 
of the particle. 

1.381. A relativistic particle with momentum p and total energy 
E moves along the x axis of the frame K. Demonstrate that in the 
frame K' moving with a constant velocity V relative to the frame K 
in the positive direction of its axis x the momentum and the total 
energy of the given particle are defined by the formulas: 

' _ Px — EVfc 2 p, _ E— p x V 

p x /r=F 1 /1HP 5 

where |3 == Vic , 

1.382. The photon energy in the frame K is equal to e. Making use 
of the transformation formulas cited in the foregoing problem, find 
the energy e' of this photon in the frame K' moving with a velocity 
V relative to the frame K in the photon’s motion direction. At what 
value of V is the energy of the photon equal to e' = e/2? 

1.383. Demonstrate that the quantity E 2 — p 2 c 2 for a particle is 
an invariant, i.e. it has the same magnitude in all inertial reference 
frames. What is the magnitude of this invariant? 

1.384. A neutron with kinetic energy T = 2m 0 c 2 , where m 0 is its 
rest mass, strikes another, stationary, neutron. Determine: 
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(a) the combined kinetic energy T of both neutrons in the frame 
of their centre of inertia and the momentum p of each neutron in that 
frame; 

(b) the velocity of the centre of inertia of this system of particles. 

Instruction. Make use of the invariant E 2 — p 2 c 2 remaining con- 
stant on transition from one inertial reference frame to another ( E 
is the total energy of the system, p is its composite momentum). 

1.385. A particle of rest mass m 0 with kinetic energy T strikes a 
stationary particle of the same rest mass. Find the rest mass and the 
velocity of the compound particle formed as a result of the collision. 

1.386. How high must be the kinetic energy of a proton striking 
another, stationary, proton for their combined kinetic energy in the 
frame of the centre of inertia to be equal to the total kinetic energy 
of two protons moving toward each other with individual kinetic 
energies T = 25.0 GeV? 

1.387. A stationary particle of rest mass m 0 disintegrates into three 
particles with rest masses m 2 , and m 3 . Find the maximum total 
energy that, for example, the particle m 1 may possess. 

1.388. A relativistic rocket emits a gas jet with non-relativistic 
velocity u constant relative to the rocket. Find how the velocity u 
of the rocket depends on its rest mass m if the initial rest mass of 
the rocket equals m 0 . 



PART TWO 


THERMODYNAMICS 
AND MOLECULAR PHYSICS 


2.1. EQUATION OF THE GAS STATE. PROCESSES 
• Ideal gas law: 



(2.1a) 


where M is the molar mass. 
• Barometric formula: 


P = P6 e~ M ^ RT , 
where p 0 is the pressure at the height h — 0. 

• Van der Waals equation of gas state (for a mole): 


(2.1b) 


(p+-yr) (v M -b)=RT, 


(2.1c) 


where V M is the molar volume under given p and T. 

2.1. A vessel of volume V = 30 1 contains ideal gas at the tempera- 
ture 0 °C. After a portion of the gas has been let out, the pressure in 
the vessel decreased by A p = 0.78 atm (the temperature remaining 
constant). Find the mass of the released gas. The gas density under 
the normal conditions p = 1.3 g/1. 

2.2. Two identical vessels are connected by a tube with a valve 
letting the gas pass from one vessel into the other if the pressure differ- 
ence Ajd 1.10 atm. Initially there was a vacuum in one vessel 
while the other contained ideal gas at a temperature t x = 27 °C 
and pressure p x = 1.00 atm. Then both vessels were heated to a tem- 
perature 1 2 — 107 °C. Up to what value will the pressure in the first 
vessel (which had vacuum initially) increase? 

2.3. A vessel of volume V = 20 1 contains a mixture of hydrogen 
and helium at a temperature t = 20 °C and pressure p — 2.0 atm. 
The mass of the mixture is equal to m ~ 5.0 g. Find the ratio of the 
mass of hydrogen to that of helium in the given mixture. 

2.4. A vessel contains a mixture of nitrogen (m l = 7.0 g) and 
carbon dioxide ( m 2 = 11 g) at a temperature T = 290 K and pres- 
sure p o = 1.0 atm. Find the density of this mixture, assuming the 
gases to be ideal. 

2.5. A vessel of volume V = 7.5 1 contains a mixture of ideal gases 
at a temperature T = 300 K: v x = 0.10 mole of oxygen, v 2 = 0.20 
mole of nitrogen, and v 3 = 0.30 mole of carbon dioxide. Assuming 
the gases to be ideal, find: 

(a) the pressure of the mixture; 
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(b) the mean molar mass M of the given mixture which enters its 
equation of state pV = ( m/M ) RT , where m is the mass of the mix- 
ture. 

2.6. A vertical cylinder closed from both ends is equipped with an 
easily moving piston dividing the volume into two parts, each con- 
taining one mole of air. In equilibrium at T 0 = 300 K the volume of 
the upper part is t) = 4.0 times greater than that of the lower part. 
At what temperature will the ratio of these volumes be equal to 

V - 3.0? 

2.7. A vessel of volume F is evacuated by means of a piston air 
pump. One piston stroke captures the volume AF. How many strokes 
are needed to reduce the pressure in the vessel t) times? The process 
is assumed to be isothermal, and the gas ideal. 

2.8. Find the pressure of air in a vessel being evacuated as a func- 
tion of evacuation time £. The vessel volume is F, the initial pressure 
is p 0 . The process is assumed to be isothermal, and the evacuation 
rate equal to C and independent of pressure. 

Note. The evacuation rate is the gas volume being evacuated per 
unit time, with that volume being measured under the gas pressure 
attained by that moment. 

2.9. A chamber of volume F = 87 1 is evacuated by a pump whose 
evacuation rate (see Note to the foregoing problem) equals C = 
= 10 1/s. How soon will the pressure in the cham- 
ber decrease by T| = 1000 times? 

2.10. A smooth vertical tube having two different 
sections is open from both ends and equipped with 
two pistons of diSerent areas (Fig. 2.1). Each 
piston slides within a respective tube section. One 
mole of ideal gas is enclosed between the pistons 
tied with a non-stretchable thread. The cross- 
sectional area of the upper piston is A S = 10 cm 2 
greater than that of the lower one. The combined 
mass of the two pistons is equal to m = 5.0 kg. 

The outside air pressure is p 0 = 1.0 atm. By how 
many kelvins must the gas between the pistons 
be heated to shift the pistons through l = 5.0 cm? 

2.11. Find the maximum attainable temperature of ideal gas in 
each of the following processes: 

(a) p = p 0 — aV ■*; (b) p = p 0 e“ pv , 
where p 0 ,_ cc and p are positive constants, and V is the volume of one 
mole of gas. 

2.12. Find the minimum attainable pressure of ideal gas in the 
process T — T „ + aV 2 , where T 0 and a are positive constants, and 

V is the volume of one mole of gas. Draw the approximate p vs V 
plot of this process. 

2.13. A tall cylindrical vessel with gaseous nitrogen is located in 
a uniform gravitational field in which the free-fall acceleration 
is equal to g. The temperature of the nitrogen varies along the height 
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h so that its density is the same throughout the volume. Find the 
temperature gradient dTIdh . < 

2.14. Suppose the pressure p and the density p of air are related 
as p/p n = const regardless of height (n is a constant here). Find the 
corresponding temperature gradient. 

2.15. Let us assume that air is under standard conditions close to 
the Earth’s surface. Presuming that the temperature and the molar 
mass of air are independent of height, find the air pressure at the 
height 5.0 km over the surface and in a mine at the depth 5.0 km 
below the surface. 

2.16. Assuming the temperature and the molar mass of air, as 
well as the free-fall acceleration, to be independent of the height, 
find the difference in heights at which the air densities at the tempe- 
rature 0 °G differ 

(a) e times; (b) by r] = 1.0%. 

2.17. An ideal gas of molar mass M is contained in a tall vertical 
cylindrical vessel whose base area is S and height h. The temperature 
of the gas is F , its pressure on the bottom base is p 0 . Assuming the 
temperature and the free-fall acceleration g to be independent of the 
height, find the mass of gas in the vessel. 

2.18. An ideal gas of molar mass M is contained in a very tall 
vertical cylindrical vessel in the uniform gravitational field in which 
the free-fall acceleration equals g. Assuming the gas temperature to 
be the same and equal to F, find the height at which the centre of 
gravity of the gas is located. 

2.19. An ideal gas of molar mass M is located in the uniform gravi- 
tational field in which the free-fall acceleration is equal to g. Find 
the gas pressure as a function of height h, if p = p Q at h = 0, and 
the temperature varies with height as 

(a) F = F 0 (1 — ah); (b) F = F 0 (1 + ah), 
where a is a positive constant. 

2.20. A horizontal cylinder closed from one end is rotated with 
a constant angular velocity co about a vertical axis passing through 
the open end of the cylinder. The outside air pressure is equal to 
p o, the temperature to F, and the molar mass of air to M. Find the 
air pressure as a function of the distance r from the rotation axis. The 
molar mass is assumed to be independent of r. 

2.21. Under what pressure will carbon dioxide have the density 
p = 500 g/1 at the temperature F = 300 K? Garry out the calculations 
both for an ideal and for a Van der Waals gas. 

2.22. One mole of nitrogen is contained in a vessel of volume V = 
= 1.00 1. Find: 

(a) the temperature of the nitrogen at which the pressure can be 
calculated from an ideal gas law with an error r\ -= 10% (as compared 
with the pressure calculated from the Van der Waals equation of state); 

(b) the gas pressure at this temperature. 

2.23. One mole of a certain gas is contained in a vessel of volume 
V = 0.250 1. At a temperature T x = 300 K the gas pressure is p x = 
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= 90 atm, and at a temperature T 2 = 350 K the pressure is p 2 = 
= 110 atm. Find the Van der Waals parameters for this gas. 

2.24. Find the isothermal compressibility x of a Van der Waals 
gas as a function of volume V at temperature T. 

Note. By definition, x — — ~ ~~ . 

2.25. Making use of the result obtained in the foregoing problem, 
find at what temperature the isothermal compressibility x of a Van 
der Waals gas is greater than that of an ideal gas. Examine the case 
when the molar volume is much greater than the parameter b. 


2.2. THE FIRST LAW OF THERMODYNAMICS. 
HEAT CAPACITY 


• 

The first law of thermodynamics: 



Q = AU + A, 

(2.2a) 

where 

• 

AU is the increment of the internal energy of the system. 
Work performed by gas: 



A = j p dV. 

(2.2b) 

• 

Internal energy of an ideal gas: 



rr ^ s' m m RT pV 

U M CvT M y— 1 y— 1 ' 

(2.2c) 

• 

Molar heat capacity in a poly tropic process (pV n = const): 



r R R ( n-y)R 

y — 1 7i—l ( n — 1) (y — 1) * 

(2.2d) 

• 

Internal energy of one mole of a Van der Waals gas: 



U = CvT v M - 

(2*2e) 


2.26. Demonstrate that the interval energy U of the air in a room 
is independent of temperature provided the outside pressure p is 
constant. Calculate U, if p is equal to the normal atmospheric pres- 
sure and the room’s volume is equal to V — 40 m 3 . 

2.27. A thermally insulated vessel containing a gas whose molar 
mass is equal to M and the ratio of specific heats C p /C v — y moves 
with a velocity v. Find the gas temperature increment resulting from 
the sudden stoppage of the vessel. 

2.28. Two thermally insulated vessels 1 and 2 are filled with air 
and connected by a short tube equipped with a valve. The volumes 
of the vessels, the pressures and temperatures of air in them are 
known (F x , p lf T x and V 2 , p 2 , T 2 ). Find the air temperature and 
pressure established after the opening of the valve. 

2.29. Gaseous hydrogen contained initially under standard con- 
ditions in a sealed vessel of volume V = 5.0 1 was cooled by AT = 
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= 55 K . Find how much the internal energy of the gas will change and 
what amount of heat will be lost by the gas. 

2.30. What amount of heat is to be transferred to nitrogen in the 
isobaric heating process for that gas to perform the work A — 2.0 J? 

2.31. As a result of the isobaric heating by AT — 72 K one mole 
of a certain ideal gas obtains an amount of heat Q = 1.60 kJ. Find 
the work performed by the gas, the increment of its internal energy, 
and the value of y = C P IC V . 

2.32. Two moles of a certain ideal gas at a temperature T 0 = 300 K 
were cooled isochorically so that the gas pressure reduced n = 2.0 
times. Then, as a result of the isobaric process, the gas expanded till 
its temperature got back to the initial value. Find the total amount 
of heat absorbed by the gas in this process. 

2.33. Calculate the value of y = C P IC V for a gaseous mixture con- 
sisting of v x = 2.0 moles of oxygen and v 2 = 3.0 moles of carbon 
dioxide. The gases are assumed to be ideal. 

2.34. Find the specific heat capacities c v and c p for a gaseous mix- 
ture consisting of 7.0 g of nitrogen and 20 g of argon. The gases are 
assumed to be ideal. 

2.35. One mole of a certain ideal gas is contained under a weight- 
less piston of a vertical cylinder at a temperature T. The space over 
the piston opens into the atmosphere. What work has to be performed 
in order to increase isothermally the gas volume under the piston n 
times by slowly raising the piston? The friction of the piston against 
the cylinder walls is negligibly small. 

2.36. A piston can freely move inside a horizontal cylinder closed 
from both ends. Initially, the piston separates the inside space of 
the cylinder into two equal parts each of volume V Q , in which an 
ideal gas is contained under the same pressure p 0 and at the same tem- 
perature. What work has to be performed in order to increase isother- 
mally the volume of one part of gas r) times compared to that of the 
other by slowly moving the piston? 

2.37. Three moles of an ideal gas being initially at a temperature 
T q = 273 K were isothermally expanded n = 5.0 times its initial 
volume and then isochorically heated so that the pressure in the final 
state became equal to that in the initial state. The total amount of 
heat transferred to the gas during the process equals Q = 80 kJ. 
Find the ratio y = C p /C v for this gas. 

2.38. Draw the approximate plots of isochoric, isobaric, isother- 
mal, and adiabatic processes for the case of an ideal gas, using the 
following variables: 

(a) p, T; (b) V, T. 

2.39. One mole of oxygen being initially at a temperature T 0 — 
= 290 K is adiabatically compressed to increase its pressure rj = 
— 10.0 times. Find: 

(a) the gas temperature after the compression; 

(b) the work that has been performed on the gas. 

2.40. A certain mass of nitrogen was compressed r\ = 5.0 times 
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(in terms of volume), first adiabatically, and then isothermally. In 
both cases the initial state of the gas was the same. Find the ratio of 
the respective works expended in each compression. 

2.41. A heat-conducting piston can freely move inside a closed 
thermally insulated cylinder with an ideal gas. In equilibrium the 
piston divides the cylinder into two equal parts, the gas temperature 
being equal to TV The piston is slowly displaced. Find the gas tem- 
perature as a function of the ratio r\ of the volumes of the greater and 
smaller sections. The adiabatic exponent of the gas is equal to y. 

2.42. Find the rate v with which helium flows out of a thermally 
insulated vessel into vacuum through a small hole. The flow rate of 
the gas inside the vessel is assumed to be negligible under these con- 
ditions. The temperature of helium in the vessel is T = 1,000 K. 

2.43. The volume of one mole of an ideal gas with the adiabatic 
exponent y is varied according to the law V = alT, where a is a con- 
stant. Find the amount of heat obtained by the gas in this process 
if the gas temperature increased by AT\ 

2.44. Demonstrate that the process in which the work performed 
by an ideal gas is proportional to the corresponding increment of its 
internal energy is described by the equation pV n = const, where n 
is a constant. 

2.45. Find the molar heat capacity of an ideal gas in a polytropic 
process pV n = const if the adiabatic exponent of the gas is equal to 
y. At what values of the polytropic constant n will the heat capacity 
of the gas be negative? 

2.46. In a certain polytropic process the volume of argon was in- 
creased a = 4.0 times. Simultaneously, the pressure decreased 
P = 8.0 times. Find the molar heat capacity of argon in this process, 
assuming the gas to be ideal. 

2.47. One mole of argon is expanded polytropically, the polytrop- 
ic constant being n = 1-50. In the process, the gas temperature 
changes by AT = — 26 K. Find: 

(a) the amount of heat obtained by the gas; 

(b) the work performed by the gas. 

2.48. An ideal gas whose adiabatic exponent equals y is expanded 
according to the law p = aF, where a is a constant. The initial vol- 
ume of the gas is equal to F 0 * As a result of expansion the volume in- 
creases r\ times. Find: 

(a) the increment of the internal energy of the gas; 

(b) the work performed by the gas; 

(c) the molar heat capacity of the gas in the process. 

2.49. An ideal gas whose adiabatic exponent equals y is expanded 
so that the amount of heat transferred to the gas is equal to the de- 
crease of its internal energy. Find: 

(a) the molar heat capacity of the gas in this process; 

(b) the equation of the process in the variables 7\ F; 

(c) the work performed by one mole of the gas when its volume 
increases rj times if the initial temperature of the gas is TV 

so 


2.50. One mole of an ideal gas whose adiabatic exponent equals 
Y undergoes a process in which the gas pressure relates to the tempera- 
ture as p = aT a , where a and a are constants. Find: 

(a) the work performed by the gas if its temperature gets an in- 
crement A T; 

(b) the molar heat capacity of the gas in this process; at what value 
of a will the heat capacity be negative? 

2.51. An ideal gas with the adiabatic exponent y undergoes a 
process in which its internal energy relates to the volume a sU = aV a y 
where a and a are constants. Find: 

(a) the work performed by the gas and the amount of heat to be 
transferred to this gas to increase its internal energy by A U\ 

(b) the molar heat capacity of the gas in this process. 

2.52. An ideal gas has a molar heat capacity C v at constant 
volume. Find the molar heat capacity of this gas as a function of its 
volume V, if the gas undergoes the following process: 

(a) T = T 0 e aV ; (b) p = p 0 e^, 
where T 0 , p 0 , and a are constants. 

2.53. One mole of an ideal gas whose adiabatic exponent equals y 
undergoes a process p — p 0 + alV, where p 0 and a are positive con- 
stants. Find: 

(a) heat capacity of the gas as a function of its volume; 

(b) the internal energy increment of the gas, the work performed 
by it, and the amount of heat transferred to the gas, if its volume 
increased from V x to V 2 . 

2.54. One mole of an ideal gas with heat capacity at constant 
pressure C p undergoes the process T = T 0 + aV, where T 0 and a 
are constants. Find: 

(a) heat capacity of the gas as a function of its volume; 

(b) the amount of heat transferred to the gas, if its volume in- 
creased from V x to V 2 . 

2.55. For the case of an ideal gas find the equation of the process 
(in the variables T , V) in which the molar heat capacity varies as: 

(a) C = C y ~\- ct T] (b) C — Cy (c) C = Cy -f- 

where a, j3, and a are constants. 

2.56. An ideal gas has an adiabatic exponent y . In some process 
its molar heat capacity varies as C = a IT, where a is a constant. 
Find: 

(a) the work performed by one mole of the gas during its heating 
from the temperature T 0 to the temperature p times higher; 

(b) the equation of the process in the variables p, V . 

2.57. Find the work performed by one mole of a Van der Waals 
gas during its isothermal expansion from the volume V 1 to V 2 at 
a temperature T> 

2.58. One mole of oxygen is expanded from a volume V x = 
= 1.00 1 to V 2 = 5.0 1 at a constant temperature T = 280 K. Cal- 
culate: 

(a) the increment of the internal energy of the gas: 
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(b) the amount of the absorbed heat. 

The gas is assumed to be a Van der Waals gas, 

2.59. For a Van der Waals gas find: 

(a) the equation of the adiabatic curve in the variables T, V; 

(b) the difference of the molar heat capacities C p — C v as a func- 
tion of T and V . 

2.60. Two thermally insulated vessels are interconnected by a 
tube equipped with a valve. One vessel of volume V 1 = 10 1 contains 
v = 2.5 moles of carbon dioxide. The other vessel of volume V 2 = 
100 1 is evacuated. The valve having been opened, the gas adiabatic- 
ally expanded. Assuming the gas to obey the Van der Waals equation, 
find its temperature change accompanying the expansion. 

2.61. What amount of heat has to be transferred to v = 3.0 moles 
of carbon dioxide to keep its temperature constant while it ex- 
pands into vacuum from the volume V x = 5.0 1 to V 2 — 10 1? The 
gas is assumed to be a Van der Waals gas. 

2.3. KINETIC THEORY OF GASES. 

BOLTZMANN S LAW AND MAXWELL S DISTRIBUTION 

• Number of collisions exercised by gas molecules on a unit area of the 
wall surface per unit time: 

v = j- n <*>>, (2.3a) 

where n is the concentration of molecules, and ( v ) is their mean velocity. 

• Equation of an ideal gas state: 

p — nkT. (2.3b) 

• Mean energy of molecules: 

(e) = j*r, (2.3c) 

where i is the sum of translational, rotational, and the double number of vibra- 
tional degrees of freedom. 

• Maxwellian distribution: 

dN(v x )=N (l £jr) 1 ' 2 *~ mV *' 2hT dv *’ (2.3d) 

dN (v) = N ( -^y ) 3/2 o~ mv * ,2hT inv* dv. (2.3e) 

• Maxwellian distribution in a reduced form: 

dN ( u) = N — ~ e~“ 2 u a du, (2.3f) 

y n 

where u= vlv p , v p is the most probable velocity. 

• The most probable, the mean, and the root mean square velocities of 
molecules: 


ft 2 


• Boltzmann’s formula: 


n = n 0 e^ u -Uo)lkT i (2 .3h) 

where U is the potential energy of a molecule, 

2.62. Modern vacuum pumps permit the pressures down to p = 
= 4-10~ 15 atm to be reached at room temperatures. Assuming that 
the gas exhausted is nitrogen, find the number of its molecules per 
1 cm 3 and the mean distance between them at this pressure. 

2.63. A vessel of volume V =- 5.0 1 contains m = 1.4 g of nitrogen 
at a temperature T = 1800 K. Find the gas pressure, taking into 
account that T] = 30% of molecules are disassociated into atoms at 
this temperature. 

2.64. Under standard conditions the density of the helium and 
nitrogen mixture equals p = 0.60 g/1. Find the concentration of 
helium atoms in the given mixture. 

2.65. A parallel beam of nitrogen molecules moving with velocity 
v = 400 m/s impinges on a wall at an angle 9 = 30° to its normal. 
The concentration of molecules in the beam n = 0.9- 10 19 cm -3 . 
Find the pressure exerted by the beam on the wall assuming the mo- 
lecules to scatter in accordance with the perfectly elastic collision 
law. 

2.66. How many degrees of freedom have the gas molecules, if 
under standard conditions the gas density is p = 1.3 mg/cm 3 and the 
velocity of sound propagation in it is v — 330 m/s. 

2.67. Determine the ratio of the sonic velocity v in a gas to the 
root mean square velocity of molecules of this gas, if the molecules 
are 

(a) monatomic; (b) rigid diatomic. 

2.68. A gas consisting of N- atomic molecules has the temperature 
T at which all degrees of freedom (translational, rotational, and vi- 
brational) are excited. Find the mean energy of molecules in such 
a gas. What fraction of this energy corresponds to that of transla- 
tional motion? 

2.69. Suppose a gas is heated up to a temperature at which all 
degrees of freedom (translational, rotational, and vibrational) of 
its molecules are excited. Find the molar heat capacity of such a gas 
in the isochoric process, as well as the adiabatic exponent y, if the 
gas consists of 

(a) diatomic; 

(b) linear iWatomic; 

(c) network iV-atomic 
molecules. 

2.70. An ideal gas consisting of iV-atomic molecules is expanded 
isobarically. Assuming that all degrees of freedom (translational, 
rotational, and vibrational) of the molecules are excited, find what 
fraction of heat transferred to the gas in this process is spent to 
perform the work of expansion. How high is this fraction in the case 
of a monatomic gas? 
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2.71. Find the molar mass and the number of degrees of freedom 
of molecules in a gas if its heat capacities are known: c v = 
= 0.65 J/(g-K) and = 0.91 J/(g-K). 

2.72. Find the number of degrees of freedom of molecules in a gas 
whose molar heat capacity 

(a) at constant pressure is equal to C p = 29 J/(mol-K); 

(b) is equal to C = 29 J/(mol*K) in the process pT = const. 

2.73. Find the adiabatic exponent y for a mixture consisting of 
v x moles of a monatomic gas and v 2 moles of gas of rigid diatomic 
molecules. 

2.74. A thermally insulated vessel with gaseous nitrogen at a 
temperature t — 27 °G moves with velocity v = 100 m/s. How much 
(in per cent) and in what way will the gas pressure change on a sudden 
stoppage of the vessel? 

2.75. Calculate at the temperature t — 17 °C: 

(a) the root mean square velocity and the mean kinetic energy of 
an oxygen molecule in the process of translational motion; 

(b) the root mean square velocity of a water droplet of diameter 
d — 0.10 fxm suspended in the air. 

2.76. A gas consisting of rigid diatomic molecules is expanded 
adiabatically. How many times has the gas to be expanded to reduce 
the root mean square velocity of the molecules r\ == 1.50 times? 

2.77. The mass rrt = 15 g of nitrogen is enclosed in a vessel at 
a temperature T = 300 K. What amount of heat has to be transferred 
to the gas to increase the root mean square velocity of its molecules 
r) = 2.0 times? 

2.78. The temperature of a gas consisting of rigid diatomic mole- 
cules is T = 300 K. Calculate the angular root mean square velocity 
of a rotating molecule if its moment of inertia is equal to / = 
= 2.1 * 10~ 39 g- cm 2 . 

2.79. A gas consisting of rigid diatomic molecules was initially 
under standard conditions. Then the gas was compressed adiaba- 
tically T| = 5.0 times. Find the mean kinetic energy of a rotating 
molecule in the final state. 

2.80. How will the rate of collisions of rigid diatomic molecules 
against the vessel’s wall change, if the gas is expanded adiabatically 
r| times? 

2.81. The volume of gas consisting of rigid diatomic molecules 
was increased t] = 2.0 times in a polytropic process with the molar 
heat capacity C = R. How many times will the rate of collisions of 
molecules against a vessel’s wall be reduced as a result of this pro- 
cess? 

2.82. A gas consisting of rigid diatomic molecules was expanded 
in a polytropic process so that the rate of collisions of the molecules 
against the vessel’s wall did not change. Find the molar heat capacity 
of the gas in this process. 

2.83. Calculate the most probable, the mean, and the root mean 
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square velocities of a molecule of a gas whose density under stan- 
dard atmospheric pressure is equal to p — 1.00 g/1. 

2.84. Find the fraction of gas molecules whose velocities differ 
by less than 5 t] = 1.00% from the value of 

(a) the most probable velocity; 

(b) the root mean square velocity. 

2.85. Determine the gas temperature at which 

(a) the root mean square velocity of hydrogen molecules exceeds 
their most probable velocity by Av = 400 m/s; 

(b) the velocity distribution function F (v) for the oxygen mole- 
cules will have the maximum value at the velocity v = 420 m/s. 

2.86. In the case of gaseous nitrogen find: 

(a) the temperature at which the velocities of the molecules v x = 
= 300 m/s and v 2 — 600 m/s are associated with equal values of 
the Maxwell distribution function F {v)i 

(b) the velocity of the molecules v at which the value of the Max- 
well distribution function F (v) for the temperature T 0 will be the 
same as that for the temperature rj times higher. 

2.87. At what temperature of a nitrogen and oxygen mixture do 
the most probable velocities of nitrogen and oxygen molecules differ 
by Av — 30 m/s? 

2.88. The temperature of a hydrogen and helium mixture is T = 
— 300 K. At what value of the molecular velocity v will the Maxwell 
distribution function F ( v ) yield the same magnitude for both gases? 

2.89. At what temperature of a gas will the number of molecules, 
whose velocities fall within the given interval from v to v -f dv, 
be the greatest? The mass of each molecule is equal to m. 

2.90. Find the fraction of molecules whose velocity projections on 
the x axis fall within the interval from v x to v x -f dv x , while the 
moduli of perpendicular velocity components fall within the inter- 
val from v ± to 1 ^+ dv ± . The mass of each molecule is m, and the 
temperature is T . 

2.91. Using the Maxwell distribution function, calculate the 
mean velocity projection ( v x } and the mean value of the modulus of 
this projection (\v x |) if the mass of each molecule is equal to m 
and the gas temperature is T. 

2.92. From the Maxwell distribution function find ( v % ), the mean 
value of the squared v x projection of the molecular velocity in a gas 
at a temperature T. The mass of each molecule is equal to m. 

2.93. Making use of the Maxwell distribution function, calculate 
the number v of gas molecules reaching a unit area of a wall per unit 
time, if the concentration of molecules is equal to n , the temperature 
to 7\ and the mass of each molecule is m. 

2.94. Using the Maxwell distribution function, determine the 
pressure exerted by gas on a wall, if the gas temperature is T and 
the concentration of molecules is n. 

2.95. Making use of the Maxwell distribution function, find 
(1/y), the mean value of the reciprocal of the velocity of molecules 
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in an ideal gas at a temperature 7\ if the mass of each molecule is 
equal to m. Compare the value obtained with the reciprocal of the 
mean velocity. 

2.96. A gas consists of molecules of mass m and is at a temperature 
T. Making use of the Maxwell velocity distribution function, find 
the corresponding distribution of the molecules over the kinetic 
energies e. Determine the most probable value of the kinetic energy 
e p . Does 8 P correspond to the most probable velocity? 

2.97. What fraction of monatomic molecules of a gas in a thermal 
equilibrium possesses kinetic energies differing from the mean value 
by 8r\ = 1.0 % and less? 

2.98. What fraction of molecules in a gas at a temperature T 
has the kinetic energy of translational motion exceeding e 0 if £ 0 ^ 
^ >kT ? 

2.99. The velocity distribution of molecules in a beam coming 
out of ahole in a vessel is describedby thefunctionF(i;)==Af; 3 e" ml,2 ' /2fe:r , 
where T is the temperature of the gas in the vessel. Find the most 
probable values of 

(a) the velocity of the molecules in the beam; compare the result 
obtained with the most probable velocity of the molecules in the 
vessel; 

(b) the kinetic energy of the molecules in the beam. 

2.100. An ideal gas consisting of molecules of mass m with concen- 
tration n has a temperature T . Using the Maxwell distribution func- 
tion, find the number of molecules reaching a unit area of a wall 
at the angles between 0 and 0 + dQ to its normal per unit time. 

2.101. From the conditions of the foregoing problem find the num- 
ber of molecules reaching a unit area of a wall with the velocities 
in the interval from v to v + dv per unit time. 

2.102. Find the force exerted on a particle by a uniform field if 
the concentrations of these particles at two levels separated by the 
distance Ah — 3.0 cm (along the field) differ by r] = 2.0 times. 
The temperature of the system is equal to T = 280 K. 

2.103. When examining the suspended gamboge droplets under 
a microscope, their average numbers in the layers separated by the 
distance h == 40 (im were found to differ by r\ — 2.0 times. The envi- 
ronmental temperature is equal to T = 290 K. The diameter of 
the droplets is d = 0.40 pm, and their density exceeds that of the 
surrounding fluid by Ap = 0.20 g/cm 3 . Find Avogadro’s number 
from these data. 

2.104. Suppose that r\ 0 is the ratio of the molecular concentration 
of hydrogen to that of nitrogen at the Earth’s surface, while r) is 
the corresponding ratio at the height h = 3000 m. Find the ratio 
•q/r| 0 at the temperature T = 280 K, assuming that the temperature 
and the free fall acceleration are independent of the height. 

2.105. A tall vertical vessel contains a gas composed of two kinds 
of molecules of masses m 1 and m 2 , with m 2 > The concentrations 
of these molecules at the bottom of the vessel are equal to n x and n 2 
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respectively, with n 2 > n x . Assuming the temperature T and the 
free-fall acceleration g to be independent of the height, find the height 
at which the concentrations of these kinds of molecules are equal. 

2.106. A very tall vertical cylinder contains carbon dioxide at 
a certain temperature T . Assuming the gravitational field to be uni- 
form, find how the gas pressure on the bottom of the vessel will 
change when the gas temperature increases rj times. 

2.107. A very tall vertical cylinder contains a gas at a tempera- 
ture T. Assuming the gravitational field to be uniform, find the mean 
value of the potential energy of the gas molecules. Does this value 
depend on whether the gas consists of one kind of molecules or of 
several kinds? 

2.108. A horizontal tube of length l = 100 cm closed from both 
ends is displaced lengthwise with a constant acceleration a?. The tube 
contains argon at a temperature T = 330 K. At what value of w will 
the argon concentrations at the tube’s ends differ by tj — 1.0 %? 

2.109. Find the mass of a mole of colloid particles if during their 
centrifuging with an angular velocity co about a vertical axis the con- 
centration of the particles at the distance r 2 from the rotation axis is 
r) times greater than that at the distance r x (in the same horizontal 
plane). The densities of the particles and the solvent are equal to 
p and to p 0 respectively. 

2.110. A horizontal tube with closed ends is rotated with a cons- 
tant angular velocity co about a vertical axis passing through one of 
its ends. The tube contains carbon dioxide at a temperature T = 
— 300 K. The length of the tube is l = 100 cm. Find the value co 
at which the ratio of molecular concentrations at the opposite ends 
of the tube is equal to tj = 2.0. 

2.111. The potential energy of gas molecules in a certain central 
field depends on the distance r from the field’s centre as U (r) = ar 2 , 
where a is a positive constant. The gas temperature is 7\ the concen- 
tration of molecules at the centre of the field is n 0 . Find: 

(a) the number of molecules located at the distances between 
r and r dr from the centre of the field; 

(b) the most probable distance separating the molecules from the 
centre of the field; 

(c) the fraction of molecules located in the spherical layer between 
r and r + dr; 

(d) how many times the concentration of molecules in the centre 
of the field will change if the temperature decreases r\ times. 

2.112. From the conditions of the foregoing problem find: 

(a) the number of molecules whose potential energy lies within 
the interval from U to U + dU; 

(b) the most probable value of the potential energy of a molecule; 
compare this value with the potential energy of a molecule located 
at its most probable distance from the centre of the field. 
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2.4. THE SECOND LAW OF THERMODYNAMICS. 
ENTROPY 




Heat engine efficiency: 


*1 = 


_d_ = 1 

Qi Qi ’ 


(2.4a) 


where Q x is the heat obtained by the working substance, Q' 2 is the heat released 
by the working substance. 

• Efficiency of a Carnot cycle: 





(2.4b) 


where T x and T 2 are the temperatures of the hot and cold bodies 
• Clausius inequality: 



respectively. 


(2.4c) 


where 6<? is the elementary amount of heat transferred to the system (S<? is an 
algebraic quantity). 

• Entropy increment of a system: 


A 



(2.4d) 


• Fundamental relation of thermodynamics: 


T dS ^dU + p dV. 


(2.4e) 


• Relation between the entropy and the statistical weight Q (the thermo- 
dynamic probability): 


S = k In Q. 


(2.4f) 


where k is the Boltzmann constant. 

2.113. In which case will the efficiency of a Carnot cycle be higher: 
when the hot body temperature is increased by or when the cold 
body temperature is decreased by the same magnitude? 

2.114. Hydrogen is used in a Carnot cycle as a working substance. 
Find the efficiency of the cycle, if as a result of an adiabatic expansion 

(a) the gas volume increases n = 2.0 times; 

(b) the pressure decreases n = 2.0 times. 

2.115. A heat engine employing a Carnot cycle with an efficiency 
of Tj = 10% is used as a refrigerating machine, the thermal reservoirs 
being the same. Find its refrigerating efficiency e. 

2.116. An ideal gas goes through a cycle consisting of alternate 
isothermal and adiabatic curves (Fig. 2.2). The isothermal processes 
proceed at the temperatures T u and T 3 . Find the efficiency of 
such a cycle, if in each isothermal expansion the gas volume increases 
in the same proportion. 

2.117. Find the efficiency of a cycle consisting of two isochoric 
and two adiabatic lines, if the volume of the ideal gas changes 
n — 10 times within the cycle. The working substance is nitrogen. 
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2.118. Find the efficiency of a cycle consisting of two isobaric and 
two adiabatic lines, if the pressure changes n times within the cycle. 
The working substance is an ideal gas whose adiabatic exponent is 
equal to y. 

2.119. An ideal gas whose adiabatic exponent equals y goes through 
a cycle consisting of two isochoric and two isobaric lines. Find the 
efficiency of such a cycle, if the absolute temperature of the gas rises 
n times both in the isochoric heating and in 
the isobaric expansion. 

2.120. An ideal gas goes through a cycle 
consisting of 

(a) isochoric, adiabatic, and isothermal 
lines; 

(b) isobaric, adiabatic, and isothermal 

lines, 

with the isothermal process proceeding at 
the minimum temperature of the whole cycle. 

Find the efficiency of each cycle if the abso- 
lute temperature varies rc-fold within the cycle. 

2.121. The conditions are the same as in the foregoing problem 
with the exception that the isothermal process proceeds at th e max- 
imum temperature of the whole cycle. 

2.122. An ideal gas goes through a cycle consisting of isothermal, 
polytropic, and adiabatic lines, with the isothermal process proceed- 
ing at the maximum temperature of the whole cycle. Find the effic- 
iency of such a cycle if the absolute temperature varies rc-fold within 
the cycle. 

2.123. An ideal gas with the adiabatic exponent y goes through 
a direct (clockwise) cycle consisting of adiabatic, isobaric, and isocho- 
ric lines. Find the efficiency of the cycle if in the adiabatic process 
the volume of the ideal gas 

(a) increases rc-fold; (b) decreases rc-fold. 

2.124. Calculate the efficiency of a cycle consisting of isothermal, 
isobaric, and isochoric lines, if in the isothermal process the volume 
of the ideal gas with the adiabatic exponent y 

(a) increases rc-fold; (b) decreases rc-fold. 

2.125. Find the efficiency of a cycle consisting of two isochoric and 
two isothermal lines if the volume varies v-fold and the absolute 
temperature x-fold within the cycle. The working substance is an 
ideal gas with the adiabatic exponent y. 

2.126. Find the efficiency of a cycle consisting of two isobaric and 
two isothermal lines if the pressure varies n-fold and the absolute 
temperature x-fold within the cycle. The working substance is an 
ideal gas with the adiabatic exponent y. 

2.127. An ideal gas with the adiabatic exponent y goes through 
a cycle (Fig. 2.3) within which the absolute temperature varies 
x-fold. Find the efficiency of this cycle. 

2.128. Making use of the Clausius inequality, demonstrate that 
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all cycles having the same maximum temperature T max and the 
same minimum temperature T min are less efficient compared to the 
Carnot cycle with the same T max and T min . 

2.129. Making use of the Carnot theorem, show that in the case 
of a physically uniform substance whose state is defined by the para- 
meters T and V 


(dU/dV) T = T (dpldT)y — p, 

where U (7\ V) is the internal energy of the substance. 

Instruction. Consider the infinitesimal Carnot cycle in the variables 
Pi V . 

2.130. Find the entropy increment of one mole of carbon dioxide 
when its absolute temperature increases n = 2.0 times if the process 
of heating is 

(a) isochoric; (b) isobaric. 

The gas is to be regarded as ideal. 

2.131. The entropy of v = 4.0 moles of an ideal gas increases by 
A* S' = 23 J/K due to the isothermal expansion. How many times 
should the volume v = 4.0 moles of the gas 
be increased? 

2.132. Two moles of an ideal gas are cooled 
isochorically and then expanded isobarically to 
lower the gas temperature back to the initial val- 
ue. Find the entropy increment of the gas if in 
this process the gas pressure changed rc = 3.3 
times. 

2.133. Helium of mass m = 1.7 g is expanded 
adiabatically n = 3.0 times and then compressed 
isobarically down to the initial volume. 

Find the entropy increment of the gas in this 
process. 

2.134. Find the entropy increment of v = 2.0 
moles of an ideal gas whose adiabatic exponent 
a result of a certain process, the gas volume increased a = 2.0 
times while the pressure dropped (3 = 3.0 times. 

2.135. Vessels 1 and 2 contain v = 1.2 moles of gaseous helium. 
The ratio of the vessels’ volumes V 2 IV 1 = a — 2.0, and the ratio of 
the absolute temperatures of helium in them T t lT 2 = |3 = 1.5. 
Assuming the gas to be ideal, find the difference of gas entropies in 
these vessels, S 2 — S x . 

2.136. One mole of an ideal gas with the adiabatic exponent y goes 
through a polytropic process as a result of which the absolute tem- 
perature of the gas increases T-fold. The polytropic constant equals n . 
Find the entropy increment of the gas in this process. 

2.137. The expansion process of v = 2.0 moles of argon proceeds 
so that the gas pressure increases in direct proportion to its volume. 



0 V 

Fig. 2.3. 


y — 1.30 if, as 
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Find the entropy increment of the gas in this process provided its 
volume increases a = 2.0 times. 

2.138. An ideal gas with the adiabatic exponent y goes through 
a process p — p 0 — aV, where p 0 and a are positive constants, 
and F is the volume. At what volume will the gas entropy have the 
maximum value? 

2.139. One mole of an ideal gas goes through a process in which 
the entropy of the gas changes with temperature T as S = aT + 
+ C v In 7\ where a is a positive constant, C v is the molar heat 
capacity of this gas at constant volume. Find the volume dependence 
of the gas temperature in this process if T = T 0 at F = F 0 . 

2.140. Find the entropy increment of one mole of a Van der Waals 
gas due to the isothermal variation of volume from V x to F 2 . The 
Van der Waals corrections are assumed to be known. 

2.141. One mole of a Van der Waals gas which had initially the 
volume V x and the temperature T x was transferred to the state with 
the volume V 2 and the temperature T 2 . Find the corresponding 
entropy increment of the gas, asspming its molar heat capacity 
C v to be known. 

2.142. At very low temperatures the heat capacity of crystals is 
equal to C = aT s , where a is a constant. Find the entropy of a crystal 
as a function of temperature in this temperature interval. 

2.143. Find the entropy increment of an aluminum bar of mass 
m — 3.0 kg on its heating from the temperature T ± = 300 K up 
to T 2 - 600 K if in this temperature interval the specific heat capac- 
ity of aluminum varies as c = a + bT, where a = 0.77 J/(g-K), 
b = 0.46 mJ/(g-K 2 ). 

2.144. In some process the temperature of a substance depends on 
its entropy S as T = aS n , where a and n are constants. Find the 
corresponding heat capacity C of the substance as a function of 5. 
At what condition is C < 0? 

2.145. Find the temperature f as a function of the entropy S 
of a substance for a polytropic process in which the heat capacity of 
the substance equals C. The entropy of the substance is known to be 
equal to S 0 at the temperature T 0 . Draw the approximate plots 
T ( S ) for C > 0 and C < 0. 

2.146. One mole of an ideal gas with heat capacity C v goes through 
a process in which its entropy S depends on T as S = a IT, where a 
is a constant. The gas temperature varies from T x to T 2 . Find: 

(a) the molar heat capacity of the gas as a function of its tempe- 
rature; 

(b) the amount of heat transferred to the gas; 

(c) the work performed by the gas. 

2.147. A working substance goes through a cycle within which 
the absolute temperature varies ra-fold, and the shape of the cycle 
is shown in (a) Fig. 2.4a; (b) Fig. 2.46, where T is the absolute 
temperature, and S the entropy. Find the efficiency of each cycle. 
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2.148. One of the two thermally insulated vessels interconnected 
by a tube with a valve contains v = 2.2 moles of an idealgas. The 
other vessel is evacuated. The valve having been opened, the gas 
increased its volume n = 3.0 times. Find the entropy increment of 
the gas. 

2.149. A weightless piston divides a thermally insulated cylinder 
into two equal parts. One part contains one mole of an ideal gas 
with adiabatic exponent y, the other is evacuated. The initial gas 
temperature is T 0 . The piston is released and the gas fills the whole 


T 





Fig. 2.4. 


volume of the cylinder. Then the piston is slowly displaced back to 
the initial position. Find the increment of the internal energy and 
the entropy of the gas resulting from these two processes. 

2.150. An ideal gas was expanded from the initial state to the 
volume V without any heat exchange with the surrounding bodies. 
Will the final gas pressure be the same in the case of (a) a fast and 
in the case of (b) a very slow expansion process? 

2.151. A thermally insulated vessel is partitioned into two parts 
so that the volume of one part is n = 2.0 times greater than that of 
the other. The smaller part contains v 1 = 0.30 mole of nitrogen, and 
the greater one v 2 = 0.70 mole of oxygen. The temperature of the 
gases is the same. A hole is punctured in the partition and the gases 
are mixed. Find the corresponding increment of the system’s entropy, 
assuming the gases to be ideal. 

2.152. A piece of copper of mass m x = 300 g with initial tem- 
perature t x — 97 °C is placed into a calorimeter in which the water 
of mass m 2 = 100 g is at a temperature t 2 = 7 °C. Find the entropy 
increment of the system by the moment the temperatures equalize. 
The heat capacity of the calorimeter itself is negligibly small. 

2.153. Two identical thermally insulated vessels interconnected 
by a tube with a valve contain one mole of the same ideal gas each. 
The gas temperature in one vessel is equal to T x and in the other, T 2 . 
The molar heat capacity of the gas of constant volume equals C v . 
The valve having been opened, the gas comes to a new equilibrium 
state. Find the entropy increment A S of the gas. Demonstrate that 
A S > 0. 

2.154. N atoms of gaseous helium are enclosed in a cubic vessel 
of volume 1.0 cm 3 at room temperature. Find: 


92 


(a) the probability of atoms gathering in one half of the vessel; 

(b) the approximate numerical value of N ensuring the occurrence 
of this event within the time interval t ^ 10 10 years (the age of the 
Universe). 

2.155. Find the statistical weight of the most probable distribution 
of N = 10 identical molecules over two halves of the cylinder’s 
volume. Find also the probability of such a distribution. 

2.156. A vessel contains N molecules of an ideal gas. Dividing 
mentally the vessel into two halves A and B, find the probability 
that the half A contains n molecules. Consider the cases when N = 5 
and n = 0, 1, 2, 3, 4, 5. 

2.157. A vessel of volume F 0 contains N molecules of an ideal 
gas. Find the probability of n molecules getting into a certain separat- 
ed part of the vessel of volume F. Examine, in particular, the case 
F = F 0 /2. 

2.158. An ideal gas is under standard conditions. Find the diame- 
ter of the sphere within whose volume the relative fluctuation of the 
number of molecules is equal to r] — 1.0* 10~ 3 . What is the average 
number of molecules inside such a sphere? 

2.159. One mole of an ideal gas consisting of monatomic molecules 
is enclosed in a vessel at a temperature r o = 300 K. How many 
times and in what way will the statistical weight of this system 
(gas) vary if it is heated isochorically by AT = 1.0 K? 


2.5. LIQUIDS. CAPILLARY EFFECTS 

• Additional (capillary) pressure in a liquid under an arbitrary surface 
(Laplace’s formula): 


where dS is the area increment of the surface layer. 

• Amount of heat required to form a unit area of the liquid surface layer 
during the isothermal increase of its surface: 


2.160. Find the capillary pressure 

(a) in mercury droplets of diameter d = 1.5 pm; 

(b) inside a soap bubble of diameter d = 3.0 mm if the surface 
tension of the soap water solution is a = 45 mN/m. 

2.161. In the bottom of a vessel with mercury there is a round 
hole of diameter d — 70 pm. At what maximum thickness of the 
mercury layer will the liquid still not flow out through this hole? 



(2.5a) 


where a is the surface tension of a given liquid. 

• Free energy increment of the surface layer of a liquid: 

dF — a dS , 


(2.5b) 



(2.5c) 
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2.162. A vessel filled with air under pressure p 0 contains a soap 
bubble of diameter d. The air pressure having been reduced isother- 
mally /z-fold, the bubble diameter increased rj-fold. Find the surface 
tension of the soap water solution. 

2.163. Find the pressure in an air bubble of diameter d = 4.0 pm, 
located in water at a depth h = 5.0 m. The atmospheric pressure 
has the standard value p 0 . 

2.164. The diameter of a gas bubble formed at the bottom of a pond 
is d = 4.0 pm. When the bubble rises to the surface its diameter 
increases n = 1.1 times. Find how deep is the pond at that spot. 
The atmospheric pressure is standard, the gas expansion is assumed 
to be isothermal. 

2.165. Find the difference in height of mercury columns in two 
communicating vertical capillaries whose diameters are d 1 = 
= 0.50 mm and d 2 — 1.00 mm, if the contact angle 0 = 138°. 

2.166. A vertical capillary with inside diameter 0.50 mm is 
submerged into water so that the length of its part protruding over 
the water surface is equal to h = 25 mm. Find the curvature radius 
of the meniscus. 

2.167. A glass capillary of length l = 110 mm and inside dia- 
meter d — 20 pm is submerged vertically into water. The upper end 
of the capillary is sealed. The outside pressure is standard. To what 
length x has the capillary to be submorged to make the water levels 
inside and outside the capillary coincide? 

2.168. When a vertical capillary of length l with the sealed upper 
end was brought in contact with the surface of a liquid, the level 
of this liquid rose to the height h . The liquid density is p, the inside 
diameter of the capillary is d, the contact angle is 0, the atmospheric 
pressure is p 0 . Find the surface tension of the liquid. 

2.169. A glass rod of diameter d 1 = 1.5 mm is inserted sym- 
metrically into a glass capillary with inside diameter d 2 = 2.0 mm. 
Then the whole arrangement is vertically oriented and brought in 
contact with the surface of water. To what height will the water rise 
in the capillary? 

2.170. Two vertical plates submerged partially in a wetting liquid 
form a wedge with a very small angle 8cp. The edge of this wedge is 
vertical. The density of the liquid is p, its surface tension is a, the 
contact angle is 0. Find the height h, to which the liquid rises, as a 
function of the distance x from the edge. 

2.171. A vertical water jet flows out of around hole. One of the 
horizontal sections of the jet has the diameter d = 2.0 mm while 
the other section located Z = 20 mm lower has the diameter which 
is n = 1.5 times less. Find the volume of the water flowing from 
the hole each second. 

2.172. A water drop falls in air with a uniform velocity. Find 
the difference between the curvature radii of the drop’s surface at 
the upper and lower points of the drop separated by the distance 
h = 2.3 mm. 
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2.173. A mercury drop shaped as a round tablet of radius R 
and thickness h is located between two horizontal glass plates. Assum- 
ing that h Ci? , find the mass m of a weight which has to be placed 
on the upper plate to diminish the distance between the plates n-times. 
The contact angle equals 0. Calculate m if R = 2.0 cm, h — 0.38 mm, 
n = 2.0, and 0 = 135°. 

2.174. Find the attraction force between two parallel glass plates, 
separated by a distance h = 0.10 mm, after a water drop of mass 
m = 70 mg was introduced between them. The wetting is assumed 
to be complete. 

2.175. Two glass discs of radius R = 5.0 cm were wetted with 
water and put together so that the thickness of the water layer be- 
tween them was h = 1.9 pm. Assuming the wetting to be complete, 
find the force that has to be applied at right angles to the plates in 
order to pull them apart. 

2.176. Two vertical parallel glass plates are partially submerged 
in water. The distance between the plates is d = 0.10 mm, and 
their width is l = 12 cm. Assuming that the water between the 
plates does not reach the upper edges of the plates and that the wetting 
is complete, find the force of their mutual attraction. 

2.177. Find the lifetime of a soap bubble of radius R connected 
with the atmosphere through a capillary of length l and inside 
radius r. The surface tension is a, the viscosity coefficient of the 
gas is tj. 

2.178. A vertical capillary is brought in contact with the water 
surface. What amount of heat is liberated while the water rises 
along the capillary? The wetting is assumed to be complete, the sur- 
face tension equals a. 

2.179. Find the free energy of the surface layer of 

(a) a mercury droplet of diameter d = 1.4 mm; 

(b) a soap bubble of diameter d — 6.0 mm if the surface tension 
of the soap water solution is equal to a = 45 mN/m. 

2.180. Find the increment of the free energy of the surface layer 
when two identical mercury droplets, each of diameter d = 1.5 mm, 
merge isothermally. 

2.181. Find the work to be performed in order to blow a soap 
bubble of radius R if the outside air pressure is equal to p 0 and 
the surface tension of the soap water solution is equal to a. 

2.182. A soap bubble of radius r is inflated with an ideal gas. 
The atmospheric pressure is p 0 , the surface tension of the soap water 
solution is a. Find the difference between the molar heat capacity 
of the gas during its heating inside the bubble and the molar heat 
capacity of the gas under constant pressure, C — C p . 

2.183. Considering the Carnot cycle as applied to a liquid film, 
show that in an isothermal process the amount of heat required for 
the formation of a unit area of the surface layer is equal to q = 
= — T* daldT, where daldT is the temperature derivative of the 
surface tension. 
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2.184. The surface of a soap film was increased isothermally by 
Aa at a temperature T. Knowing the surface tension of the soap 
water solution a and the temperature coefficient daldT, find the 
increment 

(a) of the entropy of the film’s surface layer; 

(b) of the internal energy of the surface layer. 

2.6. PHASE TRANSFORMATIONS 

• Relations between Van der Waals constants and the parameters of the 
critical state of a substance: 

^Mcr — 36, Per = 21b* * ^ cr ~ ZfjRb ’ (2.6a) 

• Relation between the critical parameters for a mole of substance: 

PcrV M cr = (3/8) RTcr* (2.6b) 

• Clausius-Clapeyron equation: 

dP ffl2 /cy £» \ 

dT ~T(V 2 -V[) * (2,6c) 

where q 12 is the specific heat absorbed in the transformation 1 -► 2, V[ and V' 2 
are the specific volumes of phases 1 and 2. 

2.185. A saturated water vapour is contained in a cylindrical 
vessel under a weightless piston at a temperature t — 100 °C. As 
a result of a slow introduction of the piston a small fraction of the 
vapour A m = 0.70 g gets condensed. What amount of work was 
performed over the gas? The vapour is assumed to be ideal, the 
volume of the liquid is to be neglected. 

2.186. A vessel of volume V = 6.0 1 contains water together with 
its saturated vapour under a pressure of 40 atm and at a temperature 
of 250 °C. The specific volume of the vapour is equal to V' v — 50 1/kg 
under these conditions. The total mass of the system water-vapour 
equals m = 5.0 kg. Find the mass and the volume of the vapour. 

2.187. The saturated water vapour is enclosed in a cylinder under 
a piston and occupies a volume V 0 = 5.0 1 at the temperature t = 
= 100 °C. Find the mass of the liquid phase formed after the volume 
under the piston decreased isothermally to V — 1.6 1. The saturated 
vapour is assumed to be ideal. 

2.188. A volume occupied by a saturated vapour is reduced iso- 
thermally rc-fold. Find what fraction r\ of the final volume is occupied 
by the liquid phase if the specific volumes of the saturated vapour 
and the liquid phase differ by N times (N > n). Solve the same 
problem under the condition that the final volume of the substance 
corresponds to the midpoint of a horizontal portion of the isothermal 
line in the diagram p, V. 

2.189. An amount of water of mass m = 1.00 kg, boiling at stan- 
dard atmospheric pressure, turns completely into saturated vapour. 


96 


Assuming the saturated vapour to be an ideal gas find the increment 
of entropy and internal energy of the system. 

2.190. Water of mass m = 20 g is enclosed in a thermally insulat- 
ed cylinder at the temperature of 0 °G under a weightless piston 
whose area is S — 410 cm 2 . The outside pressure is equal to 
standard atmospheric pressure. To what height will the piston 
rise when the water absorbs Q = 20.0 kJ of heat? 

2.191. One gram of saturated water vapour is enclosed in a therm- 
ally insulated cylinder under a weightless piston. The outside pres- 
sure being standard, m = 1.0 g of water is introduced into the cyl- 
inder at a temperature t 0 = 22 °C. Neglecting the heat capacity of 
the cylinder and the friction of the piston against the cylinder’s 
walls, find the work performed by the force of the atmospheric pres- 
sure during the lowering of the piston. 

2.192. If an additional pressure A p of a saturated vapour over 
a convex spherical surface of a liquid is considerably less than the 
vapour pressure over a plane surface, then A p — (p Jpi) 2a Ir, where 
p„ and p i are the densities of the vapour and the liquid, a is the sur- 
face tension, and r is the radius of curvature of the surface. Using 
this formula, find the diameter of water droplets at which the satu- 
rated vapour pressure exceeds the vapour pressure over the plane 
surface by rj = 1.0% at a temperature t = 27 °C. The vapour is 
assumed to be an ideal gas. 

2.193. Find the mass of all molecules leaving one square centi- 
metre of water surface per second into a saturated water vapour above 
it at a temperature t = 100 °C. It is assumed that r\ = 3.6% of 
all water vapour molecules falling on the water surface are retained 
in the liquid phase. 

2.194. Find the pressure of saturated tungsten vapour at a tem- 
perature T = 2000 K if a tungsten filament is known to lose a mass 
\x = 1.2 -lO" 13 g/(s-cm 2 ) from a unit area per unit time when 
evaporating into high vacuum at this temperature. 

2.195. By what magnitude would the pressure exerted by water 
on the walls of the vessel have increased if the intermolecular attrac- 
tion forces had vanished? 

2.196. Find the internal pressure p t of a liquid if its density 
p and specific latent heat of vaporization q are known. The heat 
q is assumed to be equal to the work performed against the forces 
of the internal pressure, and the liquid obeys the Van der Waals 
equation. Calculate p t in water. 

2.197. Demonstrate that Eqs. (2.6a) and (2.6b) are valid for a 
substance, obeying the Van der Waals equation, in critical 
state. 

Instruction. Make use of the fact that the critical state corresponds 
to the point of inflection in the isothermal curve p (V). 

2.198. Calculate the Van der Waals constants for carbon dioxide 
if its critical temperature T cr = 304 K and critical pressure p cr = 
= 73 atm. 
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2.199. Find the specific volume of benzene (C 6 H 6 ) in critical state 
if its critical temperature T cr = 562 K and critical pressure p cr = 
— 47 atm. 

2.200. Write the Van der Waals equation via the reduced para- 
meters jt, v, and x, having taken the corresponding critical values 
for the units of pressure, volume, and temperature. Using the equa- 
tion obtained, find how many times the gas temperature exceeds its 
critical temperature if the gas pressure is 12 times as high as critical 
pressure, and the volume of gas is equal to half the critical volume. 

2.201. Knowing the Van der Waals constants, find; 

(a) the maximum volume which water of mass m — 1.00 kg can 
occupy in liquid state; 

(b) the maximum pressure of the saturated water vapour. 

2.202. Calculate the temperature and density of carbon dioxide 
in critical state, assuming the gas to be a Van der Waals one. 

2.203. What fraction of the volume of a vessel must liquid ether 
occupy at room temperature in order to pass into critical state when 
critical temperature is reached? Ether 
has T cr = 467 K, p cr = 35.5 atm, p 
M = 74 g/mol. 

2.204. Demonstrate that the straight 
line 1-5 corresponding to the isother- 
mal-isobaric phase transition cuts the 
Van der Waals isotherm so that 
areas I and II are equal (Fig. 2.5). 

2.205. What fraction of water su- 
percooled down to the temperature 
t = —20 °C under standard pressure 
turns into ice when the system passes 
into the equilibrium state? At what 
temperature of the supercooled water 
does it turn into ice completely? 

2.206. Find the increment of the ice melting temperature in the 
vicinity of 0 °C when the pressure is increased by A p — 1.00 atm. 
The specific volume of ice exceeds that of water by' A V' = 0.091 cm 3 /g. 

2.207. Find the specific volume of saturated water vapour under 
standard pressure if a decrease of pressure by A p = 3.2 kPa is known 
to decrease the water boiling temperature by AT = 0.9 K. 

2.208. Assuming the saturated water vapour to be ideal, find 
its pressure at the temperature 101.1 °C. 

2.209. A small amount of water and its saturated vapour are en- 
closed in a vessel at a temperature t = 100 °C. How much (in per cent) 
will the mass of the saturated vapour increase if the temperature of 
the system goes up by AT = 1.5 K? Assume that the vapour is an 
ideal gas and the specific volume of water is negligible as compared 
to that of vapour. 

2.210. Find the pressure of saturated vapour as a function of 
temperature p (T) if at a temperature T 0 its pressure equals p 0 . 
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Assume that: the specific latent heat of vaporization q is independent 
of T, the specific volume of liquid is negligible as compared to that 
of vapour, saturated vapour obeys the equation of state for an ideal 
gas. Investigate under what conditions these assumptions are permis- 
sible. 

2.211. An ice which was initially under standard conditions was 
compressed up to the pressure p = 640 atm. Assuming the lowering 
of the ice melting temperature to be a linear function of pressure 
under the given conditions, find what fraction of the ice melted. The 
specific volume of water is less than that of ice by &V' = 0.09 cm 3 /g. 

2.212. In the vicinity of the triple point the saturated vapour 
pressure p of carbon dioxide depends on temperature T as log p = 
= a — blT, where a and b are constants. If p is expressed in atmo- 
spheres, then for the sublimation process a = 9.05 and b = 1.80 kK, 
and for the vaporization process a — 6.78 and b = 1.31 kK. Find: 

(a) temperature and pressure at the triple point; 

(b) the values of the specific latent heats of sublimation, vapori- 
zation, and melting in the vicinity of the triple point. 

2.213. Water of mass m = 1.00 kg is heated from the temperature 
t 1 = 10 °C up to 1 2 = 100 °C at which it evaporates completely. 
Find the entropy increment of the system. 

2.214. The ice with the initial temperature t x = 0 °C was first 
melted, then heated to the temperature t 2 = 100 °G and evaporated. 
Find the increment of the system’s specific entropy. 

2.215. A piece of copper of mass m = 90 g at a temperature t x — 
= 90 °C was placed in a calorimeter in which ice of mass 50 g was 
at a temperature —3 °C. Find the entropy increment of the piece 
of copper by the moment the thermal equilibrium is reached. 

2.216. A chunk of ice of mass m 1 — 100 g at a temperature t x = 
= 0 °C was placed in a calorimeter in which water of mass m 2 = 
= 100 g was at a temperature t 2 . Assuming the heat capacity of 
the calorimeter to be negligible, find the entropy increment of the 
system by the moment the thermal equilibrium is reached. Consider 
two cases: (a) t 2 = 60 °C; (b) t 2 = 94 °C. 

2.217. Molten lead of mass m — 5.0 g at a temperature t 2 — 327 °C 
(the melting temperature' of lead) was poured into a calorimeter packed 
with a large amount of ice at a temperature t x = 0 °C. Find the ent- 
ropy increment of the system lead-ice by the moment the thermal 
equilibrium is reached. The specific latent heat of melting of lead is 
equal to q = 22.5 J/g and its specific heat capacity is equal to c = 
- 0.125 J/(g*K). 

2.218. A water vapour filling the space under the piston of a cylin- 
der, is compressed (or expanded) so that it remains saturated all 
the time, being just on the verge of condensation. Find the molar 
heat capacity C of the vapour in this process as a function of tem- 
perature r, assuming the vapour to be an ideal gas and neglecting 
the specific volume of water in comparison with that of vapour. 
Calculate C at a temperature t = 100 °C. 
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2.219. One mole of water being in equilibrium with a negligible 
amount of its saturated vapour at a temperature T 1 was completely 
converted into saturated vapour at a temperature T 2 . Find the ent- 
ropy increment of the system. The vapour is assumed to be an ideal 
gas, the specific volume of the liquid is negligible in comparison with 
that of the vapour. 

2.7. TRANSPORT PHENOMENA 

• Relative number of gas molecules traversing the distance s without col- 


lisions: 


N/N 0 = e~ s/k 

(2.7a) 

where X is the mean free path. 


• Mean free path of a gas molecule: 


— , 

(2.7b) 

/ 2 nd*n 


where d is the effective diameter of a molecule, and n is the number of mole- 
cules per unit volume. 

• Coefficients of diffusion D, viscosity rj, and heat conductivity x of gases: 


D = y (V)k, TJ ~ y X = y (V)%QCy, (2.7c) 

where p is the gas density, and c v is its specific heat capacity at constant volume. 

• Friction force acting on a unit area of plates during their motion parallel 
to each other in a highly rarefied gas: 

F = -g-<y)p |ni — n a U (2.7d) 

where u x and u 2 are the velocities of the plates. 

• Density of a thermal flux transferred between two walls by highly 
rarefied gas: 

7 = -g* <»> ?cy I T 1 — r 2 |, (2.7e) 

where T x and T 2 are the temperatures of the walls. 

2.220. Calculate what fraction of gas molecules 

(a) traverses without collisions the distances exceeding the mean 
free path X\ 

(b) has the free path values lying within the interval from X 
to 2X. 

2.221. A, narrow molecular beam makes its way into a vessel 
filled with gas under low pressure. Find the mean free path of mole- 
cules if the beam intensity decreases refold over the distance A l. 

2.222. Let adt be the probability of a gas molecule experiencing 
a collision during the time interval dt\ a is a constant. Find: 

(a) the probability of a molecule experiencing no collisions during 
the time interval t; 

(b) the mean time interval between successive collisions. 

2.223. Find the mean free path and the mean time interval be- 
tween successive collisions of gaseous nitrogen molecules 

(a) under standard conditions; 
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(b) at temperature t = 0 °C and pressure p = 1.0 nPa (such a pres- 
sure can be reached by means of contemporary vacuum pumps). 

2.224. How many times does the mean free path of nitrogen mole- 
cules exceed the mean distance between the molecules under stan- 
dard conditions? 

2.225. Find the mean free path of gas molecules under standard 
conditions if the Van der Waals constant of this gas is equal to b = 
= 40 ml /mol. 

2.226. An acoustic wave propagates through nitrogen under stan- 
dard conditions. At what frequency will the wavelength be equal 
to the mean free path of the gas molecules? 

2.227. Oxygen is enclosed at the temperature 0 °C in a vessel 
with the characteristic dimension Z — 10 mm (this is the linear 
dimension determining the character of a physical process in ques- 
tion). Find: 

(a) the gas pressure below which the mean free path of the mole- 
cules X > Z; 

(b) the corresponding molecular concentration and the mean 
distance between the molecules. 

2.228. For the case of nitrogen under standard conditions find: 

(a) the mean number of collisions experienced by each molecule 
per second; 

(b) the total number of collisions occurring between the molecules 
within 1 cm 3 of nitrogen per second. 

2.229. How does the mean free path X and the number of collisions 
of each molecule per unit time v depend on the absolute temperature 
of an ideal gas undergoing 

(a) an isochoric process; 

(b) an isobaric process? 

2.230. As a result of some process the pressure of an ideal gas 
increases rc-fold. How many times have the mean free path X and 
the number of collisions of each molecule per unit time v changed 
and how, if the process is 

(a) isochoric; (b) isothermal? 

2.231. An ideal gas consisting of rigid diatomic molecules goes 
through an adiabatic process. How do the mean free path X and the 
number of collisions of each molecule per second v depend in this 
process on 

(a) the volume V ; (b) the pressure p ; (c) the temperature T ? 

2.232. An ideal gas goes through a polytropic process with ex- 
ponent n. Find the mean free path X and the number of collisions of 
each molecule per second v as a function of 

(a) the volume V; (b) the pressure p\ (c) the temperature T . 

2.233. Determine the molar heat capacity of a polytropic process 
through which an ideal gas consisting of rigid diatomic molecules 
goes and in which the number of collisions between the molecules 
remains constant 

(a) in a unit volume; (b) in the total volume of the gas. 
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2.234. An ideal gas of molar mass M is enclosed in a vessel of 
volume V whose thin walls are kept at a constant temperature T. 
At a moment t = 0 a small hole of area S is opened, and the gas 
starts escaping into vacuum. Find the gas concentration n as a func- 
tion of time t if at the initial moment n (0) = n 0 . 

2.235. A vessel filled with gas is divided into two equal parts 
1 and 2 by a thin heat-insulating partition with two holes. One 
hole has a small diameter, and the other has a very large diameter 
(in comparison with the mean free path of molecules). In part 2 
the gas is kept at a temperature t] times higher than that of part 7. 
How will the concentration of molecules in part 2 change and how 
many times after the large hole is closed? 

2.236. As a result of a certain process the viscosity coefficient of 
an ideal gas increases a = 2.0 times and its diffusion coefficient 
(5 = 4.0 times. How does the gas pressure change and how many 
times? 

2.237. How will a diffusion coefficient D and the viscosity coeffi- 
cient r\ of an ideal gas change if its volume increases n times: 

(a) isothermally; (b) isobarically? 

2.238. An ideal gas consists of rigid diatomic molecules. How will 
a diffusion coefficient D and viscosity coefficient r] change and how 
many times if the gas volume is decreased adiabatically n ==» 10 times? 

2.239. An ideal gas goes through a polytropic process. Find the 
polytropic exponent n if in this process the coefficient 

(a) of diffusion; (b) of viscosity; (c) of heat conductivity remains 
constant. 

2.240. Knowing the viscosity coefficient of helium under standard 
conditions, calculate the effective diameter of the helium atom. 

2.241. The heat conductivity of helium is 8.7 times that of argon 
(under standard conditions). Find the ratio of effective diameters 
of argon and helium atoms. 

2.242. Under standard conditions helium fills up the space between 
two long coaxial cylinders. The mean radius of the cylinders is equal 
to R , the gap between them is equal to A R y with AT? <C R • The 
outer cylinder rotates with a fairly low angular velocity co about 
the stationary inner cylinder. Find the moment of friction forces 
acting on a unit length of the inner cylinder. Down to what magnitude 
should the helium pressure be lowered (keeping the temperature cons- 
tant) to decrease the sought moment of friction forces n = 10 times 
if AR = 6 mm? 

2.243. A gas fills up the space between two long coaxial cylinders 
of radii R x and i? 2 , with R ± < 7? 2 • The outer cylinder rotates with 
a fairly low angular velocity co about the stationary inner cylinder. 
The moment of friction forces acting on a unit length of the inner 
cylinder is equal to N ± . Find the viscosity coefficient t] of the gas 
taking into account that the friction force acting on a unit area of the 
cylindrical surface of radius r is determined by the formula a = 
= r }r {dc o/dr). 
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2.244. Two identical parallel discs have a common axis and are 
located at a distance h from each other. The radins of each disc is 
equal to a, with a h. One disc is rotated with a low angular veloc- 
ity co relative to the other, stationary, disc. Find the moment of 
friction forces acting on the stationary disc if the viscosity coeffi- 
cient of the gas between the discs is equal to r). 

2.245. Solve the foregoing problem, assuming that the discs 
are located in an ultra-rarefied gas of molar mass Af , at temperature T 
and under pressure p . 

2.246. Making use of Poiseuille’s equation (1.7d), find the mass 
\x of gas flowing per unit time through the pipe of length Z and radius a 
if constant pressures p x and p 2 are maintained at its ends. 

2.247. One end of a rod, enclosed in a thermally insulating sheath, 
is kept at a temperature T x while the other, at T 2 . The rod is com- 
posed of two sections whose lengths are l x and Z 2 and heat conductiv- 
ity coefficients x 1 and x 2 . Find the temperature of the interface. 

2.248. Two rods whose lengths are l x and Z 2 and heat conductivity 
coefficients x x and x 2 are placed end to end. Find the heat conductivity 
coefficient of a uniform rod of length Z 1 + Z 2 whose conductivity 
is the same as that of the system of these two rods. The lateral surfaces 
of the rods are assumed to be thermally insulated. 

2.249. A rod of length Z with thermally insulated lateral surface 
consists of material whose heat conductivity coefficient varies with 
temperature as x = alT, where a is a constant. The ends of the rod 
are kept at temperatures T x and T 2 . Find the function T (x), where 
x is the distance from the end whose temperature is 2\, and 
the heat flow density. 

2.250. Two chunks of metal with heat capacities C x and C 2 are 
interconnected by a rod of length Z and cross-sectional area S and 
fairly low heat conductivity x. The whole system is thermally insu- 
lated from the environment. At a moment t = 0 the temperature 
difference between the two chunks of metal equals (AT) 0 . Assuming 
the heat capacity of the rod to be negligible, find the temperature 
difference between the chunks as a function of time. 

2.251. Find the temperature distribution in a substance placed 
between two parallel plates kept at temperatures T x and T 2 . The 
plate separation is equal to Z, the heat conductivity coefficient of 
the substance x oc~J / T. 

2.252. The space between two large horizontal plates is filled 
with helium. The plate separation equals Z = 50 mm. The lower 
plate is kept at a temperature T x = 290 K, the upper, at T 2 = 
= 330 K. Find the heat flow density if the gas pressure is close 
to standard. 

2.253. The space between two large parallel plates separated by 
a distance Z = 5.0 mm is filled with helium under a pressure p = 
= 1.0 Pa. One plate is kept at a temperature t x = 17 °C and the 
other, at a temperature t 2 = 37 °C. Find the mean free path of helium 
atoms and the heat flow density. 
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2.254. Find the temperature distribution in the space between 
two coaxial cylinders of radii R x and i? 2 filled with a uniform heat 
conducting substance if the temperatures of the cylinders are constant 
and are equal to T x and T 2 respectively. 

2.255. Solve the foregoing problem for the case of two concentric 
spheres of radii R x and R 2 and temperatures T x and T 2 - 

2.256. A constant electric current flows along a uniform wire 
with cross-sectional radius R and heat conductivity coefficient x . 
A unit volume of the wire generates a thermal power w. Find the 
temperature distribution across the wire provided the steady-state 
temperature at the wire surface is equal to T 0 , 

2.257. The thermal power of density iv is generated uniformly 
inside a uniform sphere of radius R and heat conductivity coefficient 
x. Find the temperature distribution in the sphere provided the 
steady-state temperature at its surface is equal to T 0 . 



PART THREE 


ELECTRODYNAMICS 


3.1. CONSTANT ELECTRIC FIELD IN VACUUM 


• Strength and potential of the field of a point charge q : 

T? _ 1 q __ 1 q 

~ 4ji£ 0 r 3 r ’ 4ne 0 r * 

• Relation between field strength and potential: 

E = — V<p, 

i.e. field strength is equal to the antigradient of the potential. 

• Gauss’s theorem and circulation of the vector E: 

(f)E dS = g/e 0 » (&E dr — 0. 


(3-la) 


(3.1b) 


(3.1c) 


• Potential and strength of the field of a point dipole with electric mo- 
ment p: 
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(3.1d) 


where 0 is the angle between the vectors r and p. 

• Energy W of the dipole p in an external electric field, and the moment 
N of forces acting on the dipole: 

W = — pE, N = [pE]. (3.1e) 

• Force F acting on a dipole, and its projection F x : 

F = p-^-, F x = p-VE X , (3. If) 

where dEldl is the derivative of the vector E with respect to the dipole direction, 
VE X is the gradient of the function E x . 


3.1. Calculate the ratio of the electrostatic to gravitational inter- 
action forces between two electrons, between two protons. At what 
value of the specific charge qim of a particle would these forces be- 
come equal (in their absolute values) in the case of interaction of 
identical particles? 

3.2. What would be the interaction force between two copper 
spheres, each of mass 1 g, separated by the distance 1 m, if the total 
electronic charge in them differed from the total charge of the nuclei 
by one per cent? 

3.3. Two small equally charged spheres, each of mass m, are 
suspended from the same point by silk threads of length L The 
distance between the spheres x«L Find the rate dq/dt with which 
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the charge leaks off each sphere if their approach velocity varies as 
v = aiy x, where a is a constant. 

3.4. Two positive charges q 1 and q 2 are located at the points with 
radius vectors r x and r 2 . Find a negative charge q 3 and a radius vector 
r 3 of the point at which it has to be placed for the force acting on 
each of the three charges to be equal to zero. 

3.5. A thin wire ring of radius r has an electric charge q. What 
will be the increment of the force stretching the wire if a point charge 
q 0 is placed at the ring’s centre? 

3.6. A positive point charge 50 pC is located in the plane xy 
at the point with radius vector r 0 = 2i + 3j, where i and j are 
the unit vectors of the x and y axes. Find the 
vector of the electric field strength E and its 
magnitude at the point with radius vector 
r — 8i — 5j. Here r 0 and r are expressed in 
metres. 

3.7. Point charges q and — q are located at the 
vertices of a square with diagonals 21 as shown 
in Fig. 3.1. Find the magnitude of the electric 
field strength at a point located symmetrically 
with respect to the vertices of the square at a 
distance x from its centre. 

3.8. A thin half-ring of radius R = 20 cm is uniformly charged 
with a total charge q = 0.70 nC. Find the magnitude of the electric 
field strength at the curvature centre of this half-ring. 

3.9. A thin wire ring of radius r carries a charge q. Find the magni- 
tude of the electric field strength on the axis of the ring as a function 
of distance l from its centre. Investigate the obtained function at 

r. Find the maximum strength magnitude and the correspond- 
ing distance l. Draw the approximate plot of the function E(l ). 

3.10. A point charge q is located at the centre of a thin ring of 
radius R with uniformly distributed charge — g. Find the magnitude 
of the electric field strength vector at the point lying on the axis 
of the ring at a distance x from its centre, if x R. 

3.11. A system consists of a thin charged wire ring of radius R 
and a very long uniformly charged thread oriented along the axis 
of the ring, with one of its ends coinciding with the centre of the 
ring. The total charge of the ring is equal to q . The charge of the 
thread (per unit length) is equal to X. Find the interaction force be- 
tween the. ring and the thread. 

3.12. A thin nonconducting ring of radius R has a linear charge 
density X == X 0 cos cp, where X 0 is a constant, q> is the azimuthal 
angle. Find the magnitude of the electric field strength 

(a) at the centre of the ring; 

(b) on the axis of the ring as a function of the distance x from its 
centre. Investigate the obtained function at x » R. 

3.13. A thin straight rod of length 2a carrying a uniformly distri- 
buted charge q is located in vacuum. Find the magnitude of the 
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electric field strength as a function of the distance r from the rod’s 
centre along the straight line 

(a) perpendicular to the rod and passing through its centre; 

(b) coinciding with the rod’s direction (at the points lying outside 
the rod). 

Investigate the obtained expressions at r >> a. 

3.14. A very long straight uniformly charged thread carries 
a charge k per unit length. Find the magnitude and direction of 
the electric field strength at a point which is at a distance y from 
the thread and lies on the perpendicular passing through one of the 
thread’s ends. 

3.15. A thread carrying a uniform charge k per unit length has 
the configurations shown in Fig. 3.2 a and b . Assuming a curvature 


radius R to be considerably less than the length of the thread, find 
the magnitude of the electric field strength at the point 0 . 

3.16. A sphere of radius r carries a surface charge of density a = 
= ar, where a is a constant vector, and r is the radius vector of 
a point of the sphere relative to its centre. Find the electric field 
strength vector at the centre of the sphere. 

3.17. Suppose the surface charge density over a sphere of radius R 
depends on a polar angle 0 as a = a 0 cos 0, where a 0 is a positive 
constant. Show that such a charge distribution can be represented as 
a result of a small relative shift of two uniformly charged balls 
of radius R whose charges are equal in magnitude and opposite in 
sign. Resorting to this representation, find the electric field strength 
vector inside the given sphere. 

3.18. Find the electric field strength vector at the centre of a ball 
of radius R with volume charge density p = ar, where a is a constant 
vector, and r is a radius vector drawn from the ball’s centre. 

3.19. A very long uniformly charged thread oriented along the 
axis of a circle of radius R rests on its centre with one of the ends. 
The charge of the thread per unit length is equal to k. Find the flux 
of the vector E across the circle area. 

3.20. Two point charges q and — q are separated by the distance 
21 (Fig. 3.3). Find the flux of the electric field strength vector across 
a circle of radius R. 

3.21. A ball of radius R is uniformly charged with the volume 
density p. Find the flux of the electric field strength vector across 




Fig. 3.2. 


Fig. 3.3. 


the ball’s section formed by the plane located at a distance r 0 < R 
from the centre of the ball. 

3.22. Each of the two long parallel threads carries a uniform 
charge X per unit length. The threads are separated by a distance 1. 
Find the maximum magnitude of the electric field strength in the 
symmetry plane of this system located between the threads. 

3.23. An infinitely long cylindrical surface of circular cross- 
section is uniformly charged lengthwise with the surface density 
a = or 0 cos 9 , where cp is the polar angle of the cylindrical coordinate 
system whose z axis coincides with the axis of the given surface. 
Find the magnitude and direction of the electric field strength vector 
on the z axis. 

3.24. The electric field strength depends only on the x and y coor- 
dinates according to the law E = a (xi + */j)/(z 2 + y 2 ), where a 
is a constant, i and j are the unit vectors of the x and y axes. Find 
the flux of the vector E through a sphere of radius R with its centre 
at the origin of coordinates. 

3.25. A ball of radius R carries a positive charge whose volume 
density depends only on a separation r from the ball’s centre as 
p = p 0 (1 — rlR), where p 0 is a constant. Assuming the permittivities 
of the ball and the environment to be equal to unity, find: 

(a) the magnitude of the electric field strength as a function of the 
distance r both inside and outside the ball; 

(b) the maximum intensity E ma ^ and the corresponding distance r m . 

3.26. A system consists of a ball of radius R carrying a spherically 
symmetric charge and the surrounding space filled with a charge of 
volume density p = a/r, where a is a constant, r is the distance 
from the centre of the ball. Find the ball’s charge at which the mag- 
nitude of the electric field strength vector is independent of r outside 
the ball. How high is this strength? The permittivities of the ball 
and the surrounding space are assumed to be equal to unity. 

3.27. A space is filled up with a charge with volume density 
p = p 0 e~ ar3 , where p 0 and a are positive constants, r is the distance 
from the centre of this system. Find the magnitude of the electric 
field strength vector as a function of r. Investigate the obtained expres- 
sion for the small and large values of r, i.e. at a r 3 *C 1 and a r 3 1 . 

3.28. Inside a ball charged uniformly with volume density p 
there is a spherical cavity. The centre of the cavity is displaced with 
respect to the centre of the ball by a distance a. Find the field strength 
E inside the cavity, assuming the permittivity equal to unity. 

3.29. Inside an infinitely long circular cylinder charged uniformly 
with volume density p there is a circular cylindrical cavity. The 
distance between the axes of the cylinder and the cavity is equal 
to a. Find the electric field strength E inside the cavity. The permit- 
tivity is assumed to be equal to unity. 

3.30. There are two thin wire rings, each of radius i?, whose axes 
coincide. The charges of the rings are q and — q. Find the potential 
difference between the centres of the rings separated by a distance a. 
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3.31. There is an infinitely long straight thread carrying a charge 

with linear density X = 0.40 Calculate the potential difference 

between points 1 and 2 if point 2 is removed r\ = 2.0 times farther 
from the thread than point 1. 

3.32. Find the electric field potential and strength at the centre 
of a hemisphere of radius R charged uniformly with the surface 
density a. 

3.33. A very thin round plate of radius R carrying a uniform sur- 
face charge density a is located in vacuum. Find the electric field 
potential and strength along the plate’s axis as a function of a dis- 
tance l from its centre. Investigate the obtained expression at 0 
and Z»i?. 

3.34. Find the potential 9 at the edge of a thin disc of radius R 
carrying the uniformly distributed charge with surface densi- 
ty a. 

3.35. Find the electric field strength vector if the potential of 
this field has the form <p = ar, where a is a constant vector, and r 
is the radius vector of a point of the field. 

3.36. Determine the electric field strength vector if the potential 
of this field depends on x , y coordinates as 

a) 9 = a (x 2 — y 2 )\ (b) <p = axy, 

where a is a constant. Draw the approximate shape of these fields 
..using lines of force (in the x , y plane). 

3.37. The potential of a certain electrostatic field has the form 
9 = a (x 2 + y 2 ) + bz 2 y where a and b are constants. Find the mag- 
nitude and direction of the electric field strength vector. What shape 
have the equipotential surfaces in the following cases: 

(a) a > 0 , b > 0 ; (b) a > 0 , b < 0 ? 

3.38. A charge q is uniformly distributed over the volume of 
a sphere of radius i?. Assuming the permittivity to be equal to unity 
throughout, find the potential 

(a) at the centre of the sphere; 

(b) inside the sphere as a function of the distance r from its centre. 

3.39. Demonstrate that the potential of the field generated by 
a dipole with the electric moment p (Fig. 3.4) may be represented as 
9 = pr/4jie 0 r 3 , where r is the radius vector. 

Using this expression, find the magnitude of the 
electric field strength vector as a function of r 
and 0 . 

3.40. A point dipole with an electric moment p 
oriented in the positive direction of the z axis is 
located at the origin of coordinates. Find the p 
projections E z and E ± of the electric field strength 
vector (on the plane perpendicular to the z axis at 
the point S (see Fig. 3.4)). At which points is E 
perpendicular to p? 

3.41. A point electric dipole with a moment p is placed in the 
external uniform electric field whose strength equals E 0 , with 
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p ff E 0 . In this case one of the equipotential surfaces enclosing the 
dipole forms a sphere. Find the radius of this sphere. 

3.42. Two thin parallel threads carry a uniform charge with linear 
densities X and —X. The distance between the threads is equal to l. 
Find the potential of the electric field and the magnitude of its strength 
vector at the distance r> I at the angle 0 to the vector 1 (Fig. 3.5). 

3.43. Two coaxial rings, each of radius R, made of thin wire are 
separated by a small distance l (l <C R) and carry the charges q and 
— q. Find the electric field potential and strength at the axis of the 


system as a function of the x coordinate (Fig. 3.6). Show in the same 
drawing the approximate plots of the functions obtained. Investigate 
these functions at | x ! R. 

3.44. Two infinite planes separated by a distance l carry a uniform 
surface charge of densities o and — cr (Fig. 3.7). The planes have 
round coaxial holes of radius R, with l <C R- Taking the origin 
0 and the x coordinate axis as shown in the figure, find the potential 
of the electric field and the projection of its strength vector E x on the 
axes of the system as functions of the x coordinate. Draw the approx- 
imate plot q ) (x). 

3 . 45 . An electric capacitor consists of thin round parallel plates, 
each of radius Z?, separated by a distance l (l <C R) and uniformly 
charged with surface densities cr and —a. Find the potential of the 
electric field and the magnitude of its strength vector at the axes 
of the capacitor as functions of a distance x from the plates if x > 1. 
Investigate the obtained expressions at x > R. 

3.46. A dipole with an electric moment p is located at a distance 
r from a long thread charged uniformly with a linear density X. 
Find the force F acting on the dipole if the vector p is oriented 

(a) along the thread; 

(b) along the radius vector r; 

(c) at right angles to the thread and the radius vector r. 

3.47. Find the interaction force between two water molecules 
separated by a distance Z = 10 nm if their electric moments are 
oriented along the same straight line. The moment of each molecule 
equals p = 0.62- 10~ 29 C*m. 

3.48. Find the potential cp (x, y) of an electrostatic field E = 
= a (yi + zj), where a is a constant, i and j are the unit vectors 
of the x and y axes. 



Fig. 3.5. 


Fig. 3.6. 


Fig. 3.7. 
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3.49. Find the potential q> ( x , y) of an electrostatic field E = 
= 2axyi + a (a ; 2 — y 2 ) j, where a is a constant, i and j are the unit 
vectors of the x and y axes. 

3.50. Determine the potential cp (x, y , z) of an electrostatic field 
E = ayi + (ax + &z) j + byk , where a and b are constants, i, 3 , k 
are the unit vectors of the axes x y y , z. 

3.51. The field potential in a certain region of space depends only 
on the x coordinate as cp = — ax 3 + b , where a and b are constants. 
Find the distribution of the space charge p (x). 

3.52. A uniformly distributed space charge fills up the space be- 
tween two large parallel plates separated by a distance d. The poten- 
tial difference between the plates is equal to Acp. At what value of 
charge density p is the field strength in the vicinity of one of the 
plates equal to zero? What will then be the field strength near 
the other plate? 

3.53. The field potential inside a charged ball depends only on 
the distance from its centre as <p = ar 2 + 6 , where a and b are cons- 
tants. Find the space charge distribution p (r) inside the ball. 

3.2. CONDUCTORS AND DIELECTRICS 
IN AN ELECTRIC FIELD 

• Electric field strength near the surface of a conductor in vacuum: 

E n = or/e 0 . (3.2a) 

• Flux of polarization P across a closed surface: 

<|pds=-?', (3.2b) 

where q ' is the algebraic sum of bound charges enclosed by this surface. 

• Vector D and Gauss’s theorem for it: 

D = e 0 E + P, ^D dS ~ q, (3.2c) 

where q is the algebraic sum of extraneous charges inside a closed surface. 

• Relations at the boundary between two dielectrics: 

P 2n — Pin = — — -Dm. = (J, (3. 2d) 

where o' and o are the surface densities of bound and extraneous charges, and 

the unit vector n of the normal is directed from medium 1 to medium 2. 

• In isotropic dielectrics: 

P = xe 0 E, D = ee 0 E, e = 1 + x. (3.2e) 

• In the case of an isotropic uniform dielectric filling up all the space 
between the equipotential surfaces: 

E = Eq/e. (3.2f) 

3.54. A small ball is suspended over an infinite horizontal con- 

ducting plane by means of an insulating elastic thread of stiffness k. 
As soon as the ball was charged, it descended by x cm and its sepa- 
ration from the plane became equal to l. Find the charge of the 
ball. 
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3.55. A point charge q is located at a distance l from the infinite 
conducting plane. What amount of work has to be performed in 
order to slowly remove this charge very far from the plane. 

3.56. Two point charges, q and — g, are separated by a distance l , 
both being located at a distance Z/2 from the infinite conducting 
plane. Find: 

(a) the modulus of the vector of the electric force acting on each 
charge; 

(b) the magnitude of the electric field strength vector at the mid- 
point between these charges. 

3.57. A point charge q is located between two mutually perpendi- 
cular conducting half-planes. Its distance from each half-plane 
is equal to L Find the modulus of the vector of the force acting 
on the charge. 

3.58. A point dipole with an electric moment p is located at 
a distance l from an infinite conducting plane. Find the modulus 
of the vector of the force acting on the dipole if the vector p is 
perpendicular to the plane. 

3.59. A point charge q is located at a distance l from an infinite 
conducting plane. Determine the surface density of charges induced 
on the plane as a function of separation r from the base of the perpen- 
dicular drawn to the plane from the charge. 

3.60. A thin infinitely long thread carrying a charge % per unit 
length is oriented parallel to the infinite conducting plaiie. The 
distance between the thread and the plane is equal to l . Find: 

(a) the modulus of the vector of the force acting on a unit length 
of the thread; 

(b) the distribution of surface charge density a ( x ) over the plane, 
where x is the distance from the plane perpendicular to the conducting 
surface and passing through the thread. 

3.61. A very long straight thread is oriented at right angles to 
an infinite conducting plane; its end is separated from the plane 
by a distance 1. The thread carries a uniform charge of linear den- 
sity X. Suppose the point O is the trace of the thread on the plane. 
Find the surface density of the induced charge on the plane 

(a) at the point O ; 

(b) as a function of a distance r from the point 0. 

3.62. A thin wire ring of radius R carries a charge g. The ring 
is oriented parallel to aii infinite conducting plane and is separated 
by a distance l from it. Find: 

(a) the surface charge density at the point of the plane symmetrical 
with respect to the ring; 

(b) the strength and the potential of the electric field at the centre 
of the ring. 

3.63. Find the potential qp of an uncharged conducting sphere out- 
side of which a point charge q is located at a distance l from the 
sphere’s centre. 
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3.64. A point charge q is located at a distance r from the centre 0 
of an uncharged conducting spherical layer whose inside and outside 
radii are equal to i? x and i? 2 respectively. Find the potential at 
the point 0 if r < R x . 

3.65. A system consists of two concentric conducting spheres, 
with the inside sphere of radius a carrying a positive charge q v 
What charge g 2 has to be deposited on the outside sphere of radius b 
to reduce the potential of the inside sphere to zero? How does the 
potential (p depend in this case on a distance r from the centre of 
the system? Draw the approximate plot of this dependence. 

3.66. Four large metal plates are located at a small distance d 
from one another as shown in Fig. 3.8. The extreme plates are inter- 
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connected by means of a conductor while a potential difference 
A(p is applied to internal plates. Find: 

(a) the values of the electric field strength between neighbouring 
plates; 

(b) the total charge per unit area of each plate. 

3.67. Two infinite conducting plates 1 and 2 are separated by 
a distance L A point charge q is located between the plates at a dis- 
tance x from plate 1. Find the charges induced on each plate. 

3.68. Find the electric force experienced by a charge reduced 
to a unit area of an arbitrary conductor if the surface density of the 
charge equals a. 

3.69. A metal ball of radius R = 1.5 cm has a charge q = 10 jxC. 
Find the modulus of the vector of the resultant force acting on a charge 
located on one half of the ball. 

3.70. When an uncharged conducting ball of radius R is placed 
in an external uniform electric field, a surface charge density a = 
= a 0 cos 6 is induced on the ball’s surface (here a 0 is a constant, 
0 is a polar angle). Find the magnitude of the resultant electric force 
acting on an induced charge of the same sign. 

3.71. An electric field of strength E — 1.0 kV/cm produces polari- 
zation in water equivalent to the correct orientation of only one out 
of N molecules. Find N. The electric moment of a water molecule 
equals p = 0.62 -10"* 29 C-m. 

3.72. A non-polar molecule with polarizability P is located at 
a great distance l from a polar molecule with electric moment p. 
Find the magnitude of the interaction force between the molecules 
if the vector p is oriented along a straight line passing through both 
molecules. 
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3.73. A non-polar molecule is located at the axis of a thin uniformly 
charged ring of radius i?. At what distance x from the ring’s centre 
is the magnitude of the force F acting on the given molecule 

(a) equal to zero; (b) maximum? 

Draw the approximate plot F x (. x ), 

3.74. A point charge q is located at the centre of a ball made of 
uniform isotropic dielectric with permittivity e. Find the polari- 
zation P as a function of the radius vector r relative to the centre 
of the system, as well as the charge q' inside a sphere whose 
radius is less than the radius of the ball. 

3.75. Demonstrate that at a dielectric-conductor interface the 
surface density of the dielectric’s bound charge o' — — o (e — l)/e, 
where e is the permittivity, o is the surface density of the charge 
on the conductor. 

3.76. A conductor of arbitrary shape, carrying a charge g, is 
surrounded with uniform dielectric of permittivity e (Fig. 3.9). 


Find the total bound charges at the inner and outer surfaces of the 
dielectric. 

3.77. A uniform isotropic dielectric is shaped as a spherical layer 
with radii a and b. Draw the approximate plots of the electric field 
strength E and the potential (p vs the distance r from the centre of 
the layer if the dielectric has a certain positive extraneous charge 
distributed uniformly: 

(a) over the internal surface of the layer; (b) over the volume of 
the layer. 

3.78. Near the point A (Fig. 3.10) lying on the boundary between 
glass and vacuum the electric field strength in vacuum is equal to 
E 0 = 10.0 V/m, the angle between the vector E 0 and the normal 
n of the boundary line being equal to a 0 — 30°. Find the field strength 
E in glass near the point A, the angle a between the vector E and n, 
as well as the surface density of the bound charges at the point A . 

3.79. Near the plane surface of a uniform isotropic dielectric 
with permittivity e the electric field strength in vacuum is equal 
to E 0 , the vector E 0 forming an angle 0 with the normal of the dielec- 
tric’s surface (Fig. 3.11). Assuming the field to be uniform both inside 
and outside the dielectric, find: 

(a) the flux of the vector E through a sphere of radius R with 
centre located at the surface of the dielectric; 



Fig. 3.9. 


Fig. 3.10. 
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(b) the circulation of the vector D around the closed path T 
of length l (see Fig. 3.11) whose plane is perpendicular to the surface 
of the dielectric and parallel to the vector E 0 . 



3.80. An infinite plane of uniform dielectric with permittivity e 
is uniformly charged with extraneous charge of space density p. 
The thickness of the plate is equal to 2 d. Find: 

(a) the magnitude of the electric field strength and the potential 
as functions of distance l from the middle point of the plane (where 
the potential is assumed to be equal to zero); having chosen the 
x coordinate axis perpendicular to the plate, draw the approximate 
plots of the projection E x (x) of the vector E and the potential <p (z); 

(b) the surface and space densities of the bound charge. 

3.81. Extraneous charges are uniformly distributed with space 
density p > 0 over a ball of radius R made of uniform isotropic 
dielectric with permittivity e. Find: 

(a) the magnitude of the electric field strength as a function of 
distance r from the centre of the ball; draw the approximate plots 
E ( r ) and (p (r); 

(b) the space and surface densities of the bound charges. 

3.82. A round dielectric disc of radius R and thickness d is stat- 
ically polarized so that it gains the uniform polarization P, with 
the vector P lying in the plane of the disc. Find the strength E of 
the electric field at the centre of the disc if d < R. 

3.83. Under certain conditions the polarization of an infinite 
uncharged dielectric plate takes the form P = P 0 (1 — xVd 2 ), where 
P 0 is a vector perpendicular to the plate, x is the distance from the 
middle of the plate, d is its half-thickness. Find the strength E 
of the electric field inside the plate and 

the potential difference between its sur- 

faces / 

3.84. Initially the space between the v /////, 

plates of the capacitor is filled with air, 

and the field strength in the gap is equal Fig. 3.12. 

to Eq. Then half the gap is filled with 

uniform isotropic dielectric with permittivity e as shown in Fig. 3.12. 
Find the moduli of the vectors E and D in both parts of the gap 
( 1 and 2) if the introduction of the dielectric 
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(a) does not change the voltage across the plates; 

(b) leaves the charges at the plates constant. 

3.85. Solve the foregoing problem for the case when half the gap 
is filled with the dielectric in the way shown in Fig. 3.13. 



Fig. 3.13. Fig. 3.14. 


3.86. Half the space between two concentric electrodes of a spher- 
ical capacitor is filled, as shown in Fig. 3.14, with uniform isotropic 
dielectric with permittivity e. The charge of the capacitor is q> 
Find the magnitude of the electric field strength between the elec- 
trodes as a function of distance r from the curvature centre of the 
electrodes. 

3.87. Two small identical balls carrying the charges of the same 
sign are suspended from the same point by insulating threads of 
equal length. When the surrounding space was filled with kerosene 
the divergence angle between the threads remained constant. What 
is the density of the material of which the balls are made? 

3.88. A uniform electric field of strength E = 100 V/m is gener- 
ated inside a ball made of uniform isotropic dielectric with permit- 
tivity e = 5.00. The radius of the ball is R = 3.0 cm. Find the 
maximum surface density of the bound charges and the total bound 
charge of one sign. 

3.89. A point charge q is located in vacuum at a distance l from 
the plane surface of a uniform isotropic dielectric filling up all the 
half-space. The permittivity of the dielectric equals e. Find: 

(a) the surface density of the bound charges as a function of distance 
r from the point charge q; analyse the obtained result at Z — >- 0; 

(b) the total bound charge on the surface of the dielectric. 

3.90. Making use of the formulation and the solution of the fore- 
going problem, find the magnitude of the force exerted by the charges 
bound on the surface of the dielectric on the point charge g. 

3.91. A point charge q is located on the plane dividing vacuum 
and infinite uniform isotropic dielectric with permittivity e. Find 
the moduli of the vectors D and E as well as the potential qp as func- 
tions of distance r from the charge q. 

3.92. A small conducting ball carrying a charge q is located in 
a uniform isotropic dielectric with permittivity e at a distance l 
from an infinite boundary plane between the dielectric and vacuum. 
Find the surface density of the bound charges on the boundary plane 
as a function of distance r from the ball. Analyse the obtained result 
for l ->■ 0. 
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3.93. A half-space filled with uniform isotropic dielectric with 
permittivity e has the conducting boundary plane. Inside the dielec- 
tric, at a distance Z from this plane, there is a small metal ball pos- 
sessing a charge q . Find the surface density of the bound charges at 
the boundary plane as a function of distance r from the ball. 

3.94. A plate of thickness h made of uniform statically polarized 
dielectric is placed inside a capacitor whose parallel plates are inter- 
connected by a conductor. The polarization of the dielectric is equal 



Fig. 3.15. 

to P (Fig. 3.15). The separation between the capacitor plates is d. 
Find the strength and induction vectors for the electric field both 
inside and outside the plates. 

3.95. A long round dielectric cylinder is polarized so that the 
vector P = ar, where a is a positive constant and r is the distance 
from the axis. Find the space density p' of bound charges as a function 
of distance r from the axis. 

3.96. A dielectric ball is polarized uniformly and statically . Its 
polarization equals P. Taking into account that a ball polarized in 
this way may be represented as a result of a small shift of all positive 
charges of the dielectric relative to all negative charges, 

(a) find the electric field strength E inside the ball; 

(b) demonstrate that the field outside the ball is that of a dipole 
located at the centre of the ball, the potential of that field being 
equal to cp = p 0 r/4jie 0 , where p 0 is the electric moment of the ball, 
and r is the distance from its centre. 

3.97. Utilizing the solution of the foregoing problem, find the elec- 
tric field strength E 0 in a spherical cavity in an infinite statically polariz- 
ed uniform dielectric if the dielectric’s polarization is P, and far from 
the cavity the field strength is E. 

3.98. A uniform dielectric ball is placed in a uniform electric 
field of strength E 0 . Under these conditions the dielectric becomes 
polarized uniformly. Find the electric field strength E inside the ball 
and the polarization P of the dielectric whose permittivity equals e. 
Make use of the result obtained in Problem 3.96. 

/ 3.99. An infinitely long round dielectric cylinder is polarized 
uniformly and statically, the polarization P being perpendicular 
to the axis of the cylinder. Find the electric field strength E inside the 
dielectric. 

3.100. A long round cylinder made of uniform dielectric is placed 
in a uniform electric field of strength E 0 . The axis of the 
cylinder is perpendicular to vector E 0 . Under these conditions 
the dielectric becomes polarized uniformly. Making use of the result 
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obtained in the foregoing problem, find the electric field strength 
E in the cylinder and the polarization P of the dielectric whose per- 
mittivity is equal to e. 


3.3. ELECTRIC CAPACITANCE. 

ENERGY OF AN ELECTRIC FIELD 

• Capacitance of a parallel-plate capacitor: 

C = GB^S/d. (3.3a) 

• Interaction energy of a system of point charges: 

^={ 2 ^* ( 3 - 3b > 

• Total electric energy of a system with continuous charge distribution: 

w = -l- j <PP<2F. (3.3c) 

• Total elefctric energy of two charged bodies 1 and 2: 

W = W X + W 2 +W 121 (3.3d) 

where W x and W 2 are the self-energies of the bodies, and W 12 is the interaction 
energy. 

• Energy of a charged capacitor: 


2 ~ 2C 


cv 2 


• Volume density of electric field energy: 

__ ED _^eg 0 E 2 


(3.3e) 


(3.3f) 


3.101. Find the capacitance of an isolated ball-shaped conductor 
of radius R x surrounded by an adjacent concentric layer of dielectric 
with permittivity e and outside radius i? a . 

3.102. Two parallel-plate air capacitors, each of capacitance C , 
were connected in series to a battery with emf g. Then one of the 
capacitors was filled up with uniform dielectric with permittivity e. 
How many times did the electric field strength in that capacitor 
decrease? What amount of charge flows through the battery? 

3.103. The space between the plates of a parallel-plate capacitor 
is filled consecutively with two dielectric layers 1 and 2 having 
the thicknesses d x and d 2 and the permittivities e x and e 2 respectively. 
The area of each plate is equal to 5. Find: 

(a) the capacitance of the capacitor; 

(b) the density o' of the bound charges on the boundary plane if 
the voltage across the capacitor equals V and the electric field is 
directed from layer 1 to layer 2 . 

3.104. The gap between the plates of a parallel-plate capacitor 
is filled with isotropic dielectric whose permittivity e varies linearly 
from to e 2 (e 2 > ©i) in the direction perpendicular to the plates. 
The area of each plate equals S , the separation between the plates 
is equal to d . Find: 

(a) the capacitance of the capacitor; 
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(b) the space density of the bound charges as a function of £ 
if the charge of the capacitor is q and the field E in it is directed toward 
the growing e values. 

3.105. Find the capacitance of a spherical capacitor whose elec- 
trodes have radii R x and R 2 >R X and which is filled with isotropic 
dielectric whose permittivity varies as £ = air , where a is a constant, 
and r is the distance from the centre of the capacitor. 

3.106. A cylindrical capacitor is filled with two cylindrical layers 
of dielectric with permittivities e x and e 2 . The inside radii of the 
layers are equal to R x and R 2 > R v The maximum permissible 
values of electric field strength are equal to E lm and E 2m for these 
dielectrics. At what relationship between e, R, and E m will the 
voltage increase result in the field strength reaching the breakdown 
value for both dielectrics simultaneously? 

3.107. There is a double-layer cylindrical capacitor whose para- 
meters are shown in Fig. 3.16. The breakdown field strength values 
for these dielectrics are equal to E x and E 2 re- 
spectively. What is the breakdown voltage of 
this capacitor if e x /? 1 2? 1 < & 2 R 2 E 2 ? 

3.108. Two long straight wires with equal 
cross-sectional radii a are located parallel to each 
other in air. The distance between their axes 
equals b . Find the mutual capacitance of the 
wires per unit length under the condition b > a. 

3.109. A long straight wire is located parallel to 
an infinite conducting plate. The wire cross-sec- 
tional radius is equal to a, the distance between 
the axis of the wire and the plane equals b. Find the mutual ca- 
pacitance of this system per unit length of the wire under the condi- 
tion a < b. 

3.110. Find the capacitance of a system of two identical metal 
balls of radius a if the distance between their centres is equal to 6, 
with b > a. The system is located in a uniform dielectric with 
permittivity £. 

3.111. Determine the capacitance of a system consisting of a metal 
ball of radius a and an infinite conducting plane separated from the 
centre of the ball by the distance l if l > a. 

3.112. Find the capacitance of a system of identical capacitors 
between points A and B shown in 

(a) Fig. 3.17a; (b) Fig. 3.176. 



A 


Hh 



(a) 


C 




Fig. 3.17. 
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3.113. Four identical metal plates are located in air at equal 
distances d from one another. The area of each plate is equal to S . 
Find the capacitance of the system between points A and B if the 
plates are interconnected as shown 
(a) in Fig. 3.18a; (b) in Fig. 3.186. 


A 6 



(a) 



Fig. 3.18. 

3.114. A capacitor of capacitance C 1 *= 1.0 pF withstands the 
maximum voltage V x = 6.0 kV while a capacitor of capacitance 
C 2 = 2.0 pF, the maximum voltage V 2 = 4.0 kV. What voltage 
will the system of these two capacitors withstand if they are con- 
nected in series? 

3.115. Find the potential difference between points A and B 
of the system shown in Fig. 3.19 if the emf is equal to % — 110 V 
and the capacitance ratio C 2 /C L = r] = 2.0. 



II G r 

\\ cf 



— II 

II 



- c z -- 

= Cf 



Fig. 3.19. 


3.116. Find the capacitance of an infinite circuit formed by the 
repetition of the same link consisting of two identical capacitors, 
each with capacitance C (Fig. 3.20). 


l l C j_ — 

o J c I* .. 


A 


H| 

Cl 


II- 

Cz 


B 


Fig. 3.20. 


Fig. 3.21. 


3.117. A circuit has a section AB shown in Fig. 3.21. The emf 

of the source equals % = 10 V, the capacitor capacitances are equal 
to C x = 1.0 pF and C 2 ~ 2.0 pF, and the potential difference (p A •— 
— ~ 5.0 V. Find the voltage across each capacitor. 

3.118. In a circuit shown in Fig. 3.22 find the potential difference 
between the left and right plates of each capacitor. 


3.119. Find the charge of each capacitor in the circuit shown in 
Fig. 3.22. 



Fig. 3.22. 



Fig. 3.23. 


3.120. Determine the potential difference cp A — <P b between points 
A and B of the circuit shown in Fig. 3.23. Under what condition is 
it equal to zero? 

3.121. A capacitor of capacitance ~ 1.0 pF charged up to 
a voltage V = 110 V is connected in parallel to the terminals 
of a circuit consisting of two uncharged capacitors connected in 
series and possessing the capacitances C 2 = 2.0 pF and C 3 = 3.0 pF. 
What charge will flow through the connecting wires? 

3.122. What charges will flow after the shorting of the switch 
Sw in the circuit illustrated in Fig. 3.24 through sections 1 and 2 
in the directions indicated by the arrows? 



Fig. 3.24. Fig. 3.25. 


3.123. In the circuit shown in Fig. 3.25 the emf of each battery 
is equal to % = 60 V, and the capacitor capacitances are equal 
to C x = 2.0 pF and C 2 = 3.0 pF. Find the charges which will 
flow after the shorting of the switch Sw through sections 2, 2 and 3 
in the directions indicated by the arrows. 

3.124. Find the potential difference cp A — cp^ between points 
A and B of the circuit shown in Fig. 3.26. 



Fig. 3.26. Fig. 3.27. 

3.125. Determine the potential at point 1 of the circuit shown in 
Fig. 3.27, assuming the potential at the points to be equal to zero. 


ili 


Using the symmetry of the formula obtained, write the expressions 
for the potentials, at points 2 and 3. 

3 . 126 . Find the capacitance of the circuit shown in Fig. 3.28 
between points A and B. 



Fig. 3.28. 


3 . 127 . Determine the interaction energy of the point charges lo- 
cated at the corners of a square with the side a in the circuits shown 
in Fig. 3.29. 


+q f 1*? +91 — — +9t 1+9 

\ \ \ \ \ \ 
tiiii 

1 i ] l 1 

+q * -g A ++g 

{a) ( b) { c) 

Fig. 3.29. 


3 . 128 . There is an infinite straight chain of alternating charges 
q and — q. The distance between the neighbouring charges is equal 
to a. Find the interaction energy of each charge with all the 
others. 

Instruction. Make use of the expansion of In (1 -f a) in a power 
series in a. 

3 . 129 . A point charge q is located at a distance l from an infinite 
tonducting plane. Find the interaction energy of that charge with 
chose induced on the plane. 

3 . 130 . Calculate the interaction energy of two balls whose charges 
q x and q 2 are spherically symmetrical. The distance between the 
centres of the balls is equal to l. 

Instruction. Start with finding the interaction energy of a ball and 
a thin spherical layer. 

3 . 131 . A capacitor of capacitance C x = 1.0 p.F carrying initially 
a voltage V = 300 V is connected in parallel with an uncharged 
capacitor of capacitance C 2 = 2.0 pF. Find the increment of the 
electric energy of this system by the moment equilibrium is reached. 
Explain the result obtained. 
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3.132. What amount of heat will be generated in the circuit shown 
in Fig. 3.30 after the switch Sw is shifted from position 1 to position 2 ? 



Fig. 3.30. 


Fig. 3.31. 


3.133. What amount of heat will be generated in the circuit shown 
in Fig. 3.31 after the switch Sw is shifted from position 1 to posi- 
tion 2? 

3.134. A system consists of two thin concentric metal shells of 
radii R x and R 2 with corresponding charges q x and q 2 . Find the self- 
energy values W x and W 2 of each shell, the interaction energy of 
the shells W X2i and the total electric energy of the system. 

3.135. A charge q is distributed uniformly over the volume of 
a ball of radius R . Assuming the permittivity to be equal to unity, 
find: 

(a) the electrostatic self-energy of the ball; 

(b) the ratio of the energy W x stored in the ball to the energy 
W 2 pervading the surrounding space. 

3.136. A point charge q = 3.0 jmC is located at the centre of a spher- 
ical layer of uniform isotropic dielectric with permittivity e = 3.0. 
The inside radius of the layer is equal to a = 250 mm, the outside 
radius is b = 500 mm. Find the electrostatic energy inside the 
dielectric layer. 

3.137. A spherical shell of radius R x with uniform charge q is 
expanded to a radius R 2 . Find the work performed by the electric 
forces in this process. 

3.138. A spherical shell of radius R x with a uniform charge q has 
a point charge q 0 at its centre. Find the work performed by the elec- 
tric forces during the shell expansion from 
radius R x to radius i? 2 . 

3.139. A spherical shell is uniformly 
charged with the surface density a. Using the 
energy conservation law, find the magnitude 
of the electric force acting on a unit area of 
the shell. 

3.140. A point charge q is located at the 
centre O of a spherical uncharged conducting 
layer provided with a small orifice (Fig. 3.32). The inside and outside 
radii of the layer are equal to a and b respectively. What amount of 
work has to be performed to slowly transfer the charge q from the 
point O through the orifice and into infinity? 
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3.141. Each plate of a parallel-plate air capacitor has an area S. 
What amount of work has to be performed to slowly increase the 
distance between the plates from x x to x 2 if 

(a) the capacitance of the capacitor, which is equal to q, or (b) the 
voltage across the capacitor, which is equal to V, is kept constant 
in the process? 

3.142. Inside a parallel-plate capacitor there is a plate parallel 
to the outer plates, whose thickness is equal to tj = 0.60 of the gap 
width. When the plate is absent the capacitor capacitance equals 
c = 20 nF. First, the capacitor was connected in parallel to a cons- 
tant voltage source producing V — 200 V, then it was disconnected 
from it, after which the plate was slowly removed from the gap. 
Find the work performed during the removal, if the plate is 

(a) made of metal; (b) made of glass. 

3.143. A parallel-plate capacitor was lowered into water in a hor- 
izontal position, with water filling up the gap between the plates 
d — 1.0 mm wide. Then a constant voltage V = 500 V was applied 
to the capacitor. Find the water pressure increment in the 


3.144. A parallel-plate capacitor is located horizontally so that 
one of its plates is submerged into liquid while the other is over its 
surface (Fig. 3.33). The permittivity of the liquid is equal to e, 
its density is equal to p. To what height will the level of the liquid 
in the capacitor rise after its plates get a charge of surface density a? 


3.145. A cylindrical layer of dielectric with permittivity e is 
inserted into a cylindrical capacitor to fill up all the space between 
the electrodes. The mean radius of the electrodes equals R, the gap 
between them is equal to d, with d <C R- The constant voltage V 
is applied across the electrodes of the capacitor. Find the magnitude 
of the electric force pulling the dielectric into the capacitor. 

3.146. A capacitor consists of two stationary plates shaped as 
a semi-circle of radius R and a movable plate made of dielectric 
with permittivity e and capable of rotating about an axis O between 
the stationary plates (Fig. 3.34). The thickness of the movable plate 
is equal to d which is practically the separation between the station- 
ary plates. A potential difference V is applied to the capacitor. 
Find the magnitude of the moment of forces relative to the axis O 
acting on the movable plate in the position shown in the 
figure. 


gap- 



Fig. 3.33 


Fig. 3.34. 
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3.4. ELECTRIC CURRENT 


• Ohm’s law for an Inhomogeneous segment of a circuit: 
r __ ^12 _ jPl~~ 92 + ^12 

R “ R 


(3.4a) 


where is the voltage drop across the segment. 

• Differential form of Ohm’s law: 

j — a (E + E*), (3.4b) 

where E* is the strength of a held produced by extraneous forces. 

• Kirchhoff’s laws (for an electric circuit): 

S'* = o. < 3 - 4c > 

• Power P of current and thermal power Q: 

P^VI^^— % + ^is)/, (? = !?/». (3.4d) 

• Specific power P sp of current and specific thermal power Q sp : 

Pep—j {E-j-E*), C sp = Pj 2 (3.4e) 

• Current density in a metal: 

J = ertu, (3.4f) 

where u is the average velocity of carriers. 

• Number of ions recombining per unit volume of gas per unit time: 

n r = rn a , (3.4g) 

where r is the recombination coefficient. 


3.147. A long cylinder with uniformly charged surface and cross- 
sectional radius a = 1.0 cm moves with a constant velocity v — 
— 10 m/s along its axis. An electric field strength at the surface 
of the cylinder is equal to E — 0.9 kV/cm. Find the resulting convec- 
tion current, that is, the current caused by mechanical transfer of 
a charge. 

3.148. An air cylindrical capacitor with a dc voltage V = 200 V 

applied across it is being submerged vertically into a vessel filled 
with water at a velocity v — 5.0 mm/s. The electrodes of the capacitor 
are separated by a distance d — 2.0 mm, the mean curvature radius 
of the electrodes is equal to r = 50 mm. Find the current flowing 
in this case along lead wires, if d <C r. g ~ 

3.149. At the temperature 0 °G the electric a 

resistance of conductor 2 is rj times that of 2¥— 

conductor 1. Their temperature coefficients of ^ 

resistance are equal to a 2 and a! respectively. 

Find the temperature coefficient of resistance \5 

of a circuit segment consisting of these two / ~~/*8 

conductors when they are connected / 4 

(a) in series; (b) in parallel. pi gi 3 35 

3.150. Find the resistance of a wire frame 

shaped as a cube (Fig. 3.35) when measured between points 
(a) 1-7 ; (b) 1-2; (c) 1-3. 

The resistance of each edge of the frame is R 


y 

~~y 
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y 


4 


Fig. 3.35. 
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3.151. At what value of the resistance R x in the circuit shown 
in Fig. 3.36 will the total resistance between points A and B be 
independent of the number of cells? 



3.152. Fig. 3.37 shows an infinite circuit formed by the repetition 
of the same link, consisting of resistance R ± — 4.0 Q and R 2 = 3.0 Q. 
Find the resistance of this circuit between points A and B . 



Fig. 3.37. 


3.153. There is an infinite wire grid with square cells (Fig. 3.38). 

The resistance of each wire between neighbouring joint connections 
is equal to R 0 . Find the resistance R of the Rac~~tR 0 

whole grid between points A and B, 

Instruction. Make use of principles of 
symmetry and superposition. 

3.154. A homogeneous poorly conducting 

medium of resistivity p fills up the space 
between two thin coaxial ideally conduct- 
ing cylinders. The radii of the cylinders 
are equal to a and 6, with a <Cb, the length 
of each cylinder is L Neglecting the edge 
effects, find the resistance of the medium Fig- 3.38. 

between the cylinders. 

3.155. A metal ball of radius a is surrounded by a thin concentric 
metal shell of radius b. The space between these electrodes is filled 
up with a poorly conducting homogeneous medium of resistivity p. 
Find the resistance of the interelectrode gap. Analyse the obtained 
solution at b oo . 

3.156. The space between two conducting concentric spheres of 
radii a and b (a < b) is filled up with homogeneous poorly conducting 
medium. The capacitance of such a system equals C. Find the resistiv- 
ity of the medium if the potential difference between the spheres, 
when they are disconnected from an external voltage, decreases 
tj-fold during the time interval A t. 
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3. 157. Two metal balls of the same radius a are located in a homo- 
geneous poorly conducting medium with resistivity p. Find the 
resistance of the medium between the balls provided that the separa- 
tion between them is much greater than the radius of the ball. 

3.158. A metal ball of radius a is located at a distance l from an 
infinite ideally conducting plane. The space around the ball is filled 
w r ith a homogeneous poorly conducting medium with resistivity p. 
In the case of a <C l find: 

(a) the current density at the conducting plane as a function of 
distance r from the ball if the potential difference between the ball 
and the plane is equal to V ; 

(b) the electric resistance of the medium between the ball and 
the plane. 

3.159. Two long parallel wires are located in a poorly conducting 

medium with resistivity p. The distance between the axes of the 
wires is equal to l , the cross-section radius of each wire equals a. 
In the case find: 

(a) the current density at the point equally removed from the axes 
of the wires by a distance r if the potential difference between the 
wires is equal to V; 

(b) the electric resistance of the medium per unit length of the 
wires. 

3.160. The gap between the plates of a parallel-plate capacitor 
is filled with glass of resistivity p = 100 GQ^m. The capacitance 
of the capacitor equals C = 4.0 nF. Find the leakage current of the 
capacitor when a voltage V = 2.0 kV is applied to it. 

3.161. Two conductors of arbitrary shape are embedded into an 
infinite homogeneous poorly conducting medium with resistivity 
p and permittivity e. Find the value of a product RG for this system, 
where R is the resistance of the medium between the conductors, 
and C is the mutual capacitance of the wires in the presence of the 
medium. 

3.162. A conductor with resistivity p bounds on a dielectric with 
permittivity e. At a certain point A at the conductor’s surface the 
electric displacement equals D> the vector D being directed away 
from the conductor and forming an angle a with the normal of the 
surface. Find the surface density of charges on the conductor at the 
point A and the current density in the conductor in the vicinity of 
the same point. 

3.163. The gap between the plates of a parallel-plate capacitor 
is filled up with an inhomogeneous poorly conducting medium whose 
conductivity varies linearly in the direction perpendicular to the 
plates from cr x = 1.0 pS/m to cr 2 = 2.0 pS/m. Each plate has an 
area S = 230 cm 2 , and the separation between the plates is d = 
= 2.0 mm. Find the current flowing through the capacitor due to 
a voltage V = 300 V, 

3.164. Demonstrate that the law of refraction of direct current 
lines at the boundary between two conducting media has the form 
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tan a 2 /tan a 1 = oJg x * where a x and a 2 are the conductivities of 
the media, a 2 andaj are the angles between the current lines and the 
normal of the boundary surface. 

3.165. Two cylindrical conductors with equal cross-sections and 
different resistivities p x and p 2 are put end to end. Find the charge 
at the boundary of the conductors if a current / flows from conductor 
1 to conductor 2. 

3.166. The gap between the plates of a parallel-plate capacitor is 
filled up with two dielectric layers 1 and 2 with thicknesses d x and 
d 2 , permittivities e x and e 2 , and resistivities p x and p 2 . A dc voltage 
V is applied to the capacitor, with electric field directed from layer 1 
to layer 2. Find a, the surface density of extraneous charges at the 
boundary between the dielectric layers, and the condition under 
which o' = 0. 

3.167. An inhomogeneous poorly conducting medium fills up 
the space between plates 1 and 2 of a parallel-plate capacitor. Its 
permittivity and resistivity vary from values e l9 p x at plate 1 to 
values e 2 , p 2 at plate 2. A dc voltage is applied to the capacitor 
through which a steady current I flows from plate 1 to plate 2. Find 
the total extraneous charge in the given medium. 

3.168. The space between the plates of a parallel-plate capacitor 
is filled up with inhomogeneous poorly conducting medium whose 
resistivity varies linearly in the direction perpendicular to the plates. 
The ratio of the maximum value of resistivity to the minimum 
one is equal to T] The gap width equals d. Find the volume density 
of the charge in the gap if a voltage V is applied to the capacitor. 

£ is assumed to be 1 everywhere. 

3.169. A long round conductor of cross-sectional area S is made 
of material whose resistivity depends only on a distance r from the 
axis of the conductor as p = a/r 2 , where a is a constant. Find: 

(a) the resistance per unit length of such a conductor; 

(b) the electric field strength in the conductor due to which a cur- 
rent I flows through it. 

3.170. A capacitor with capacitance C = 400 pF is connected 
via a resistance R = 650 S to a source of constant voltage V Q . 
How soon will the voltage developed across the capacitor reach a 
value V = 0.90 F 0 ? 

3.171. A capacitor filled with dielectric of permittivity e = 2.1 
loses half the charge acquired during a time interval x = 3.0 min. 
Assuming the charge to leak only through the dielectric filler, cal- 
culate its resistivity. 

3.172. A circuit consists of a source of a constant emf % and a resist 
ance R and a capacitor with capacitance C connected in series. The 
internal resistance of the source is negligible. At a moment t = 0 
the capacitance of the capacitor is abruptly decreased p-fold. Find 
the current flowing through the circuit as a function of time t . 

3.173. An ammeter and a voltmeter are connected in series to a bat- 
tery with an emf % = 6.0 V. When a certain resistance is connected 


in parallel with the voltmeter, the readings of the latter decrease 
^ = 2.0 times, whereas the readings of the ammeter increase the 
same number of times. Find the voltmeter readings after the con- 
nection of the resistance. 

3.174. Find a potential difference cp t — cp 2 between points 1 and 2 

of the circuit shown in Fig. 3.39 if R x = 10 £2, i? 2 = 20 £2, = 

= 5.0 V, and g 2 = 2.0 V. The internal resist- 
ances of the current sources are negligible. 

3.175. Two sources of current of equal emf 
are connected in series and have different 
internal resistances R x and R 2 (R*>R i). 

Find the external resistance R at which the 
potential difference across the terminals of one 
of the sources (which one in particular?) be- 
comes equal to zero. 

3.176. N sources of current with different emf’s are connected 
as shown in Fig. 3.40. The emf’s of the sources are proportional to 





Fig. 3,41, 


their internal resistances, i.e. % = a R, where a is an assigned con- 
stant. The lead wire resistance is negligible. Find: 

(a) the current in the circuit; 

(b) the potential difference between points A and B dividing 
the circuit in n and N — n links. 

3. 177. In the circuit shown in Fig. 3.41 the sources have emf’s 
— 1,0 V and % % = 2.5 V and the resistances have the values 

R x — 10 Q and R 2 = 20 Q. The internal resistances of the sources 
are negligible. Find a potential difference <p A — <p B between the 
plates A and B of the capacitor C< 

3.178. In the circuit shown in Fig. 3.42 the emf of the source is 
equal to % = 5.0 V and the resistances are equal to R x = 4.0 Q 
and R 2 = 6.0 Q. The internal resistance of the source equals R = 
— 0.10 £2. Find the currents flowing through the resistances R x 
and R 2 . 

3.179. Fig. 3.43 illustrates a potentiometric circuit by means of 
which we can vary a voltage V applied to a certain device possessing 
a resistance R. The potentiometer has a length l and a resistance 
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if 0 , and voltage V 0 is applied to its terminals. Find the voltage V 
fed to the device as a function of distance x. Analyse separately the 
case if >> if 0 . 




Fig, 3.42. 


Fig. 3.43. 


3 . 180 . Find the emf and the internal resistance of a source which 
is equivalent to two batteries connected in parallel whose emf’s 
are equal to % x and % 2 and internal resistances to R x and if a . 

3 . 181 . Find the magnitude and direction of the current flowing 
through the resistance R in the circuit shown in Fig. 3.44 if the 


/I 



Fig. 3.44. Fig. 3. 45. 


emf’s of the sources are equal to % x = 1.5 V and % 2 — 3.7 V and 
the resistances are equal to R x = 10 Q, if 2 = 20 £2, if = 5.0 Q. 
The internal resistances of the sources are negligible. 

3 . 182 . In the circuit shown in Fig. 3.45 the sources have emf’s 
= 1.5 V, % 2 = 2.0 V, % 3 = 2.5 V, and the resistances are 

equal to R x = 10 Q, if 2 = 20 £2, i? 3 = 30 Q. The internal resistances 
of the sources are negligible. Find: 

(a) the current flowing through the R z 

resistance R x ; 

(b) a potential difference cp A — * cp B 
between the points A and B. 

3 . 183 . Find the current flowing through 

the resistance if in the circuit shown in 
Fig. 3.46. The internal resistances of the Fig ‘ 

batteries are negligible. 

3 . 184 . Find a potential difference tp A — cp B between the plates 
of a capacitor C in the circuit shown in Fig. 3.47 if the sources have 
emf’s % x = 4.0 V and — 1.0 V and the resistances are equal 
to R x — 10 £2, if 2 = 20 Q, and if 3 == 30 Q. The internal resistances 
of the sources are negligible. 
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3.185. Find the current flowing through the resistance R x of the 
circuit shown in Fig. 3.48 if the resistances are equal to R x = 10 £3 , 
R 2 = 20 £2, and R 3 — 30 £2* and the potentials of points 7, 2 , and 3 
are equal to (p x = 10 V, <p 2 = 6 V, and <p 3 = 5 V 



Fig, 3.47. 



3.186. A constant voltage V = 25 V is maintained between 
points .4 and 5 of the circuit (Fig. 3.49). Find the magnitude and 



Fig. 3.49. 


Fig. 3.50. 


direction of the current flowing through the segment CD if the resist- 
ances are equal to R x = 1.0 £3, R 2 = 2.0 £2, R 3 — 3.0 £3, and R k = 
= 4.0 £2. 

3.187. Find the resistance between points A and B of the circuit 
shown in Fig. 3.50. 

3.188. Find how the voltage across the capacitor C varies with 
time t (Fig. 3.51) after the shorting of the switch Sw at the moment 
t - 0. 



Fig. 3.51. Fig. 3.52. 


3.189. What amount of heat will be generated in a coil of resist- 
ance R due to a charge q passing through it if the current in the coil 

(a) decreases down to zero uniformly during a time interval At; 

(b) decreases down to zero halving its value every At seconds? 

3.190. A dc source with internal resistance i? 0 is loaded with 
three identical resistances R interconnected as shown in Fig. 3.52. 

9 * 
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At what value of R will the thermal power generated in this circuit 
be the highest? 

3.191. Make sure that the current distribution over two resistances 
Rj and R 2 connected in parallel corresponds to the minimum thermal 
power generated in this circuit. 

3.192. A storage battery with emf % = 2.6 V loaded with an 
external resistance produces a current / = 1.0 A. In this case the 
potential difference between the terminals of the storage battery 
equals V = 2.0 V. Find the thermal power generated in the battery 
and the power developed in it by electric forces. 

3.193. A voltage V is applied to a dc electric motor. The armature 
winding resistance is equal to R. At what value of current flowing 
through the winding will the useful power of the motor be the highest? 
What is it equal to? What is the motor efficiency in this case? 

3.194. How much (in per cent) has a filament diameter decreased 
due to evaporation if the maintenance of the previous temperature 
required an increase of the voltage by r\ = 1.0 %? The amount of 
heat transferred from the filament into surrounding space is assumed 
to be proportional to the filament surface area. 

3.195. A conductor has a temperature-independent resistance R 
and a total heat capacity C. At the moment t ~ 0 it is connected 
to a dc voltage V. Find the time dependence of a conductor’s tempe- 
rature T assuming the thermal power dissipated into surrounding 
space to vary as q = k (T — T 0 ), where k is a constant, T 0 is the 
environmental temperature (equal to the conductor’s temperature 
at the initial moment). 

3.196. A circuit shown in Fig. 3.53 has resistances R x = 20 £2 
and R 2 = 30 Q. At what value of the resistance R x will the thermal 



Fig. 3.53. Fig. 3.54. 


power generated in it be practically independent of small variations 
of that resistance? The voltage between the points A and B is sup- 
posed to be constant in this case. 

3.197. In a circuit shown in Fig. 3.54 resistances R x and R 2 
are known, as well as emf’s and g 2 . The internal resistances 
of the sources are negligible. At what value of the resistance R 
will the thermal power generated in it be the highest? What is it 
equal to? 

3.198. A series-parallel combination battery consisting of a large 
number N = 300 of identical cells, each with an internal resistance 
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r = 0.3 Q, is loaded with an external resistance R = 10 Q. Find 
the number n of parallel groups consisting of an equal number of 
cells connected in series, at which the external resistance generates 
the highest thermal power. 

3.199. A capacitor of capacitance C = 5.00 juF is connected to 
a source of constant emf % = 200 V (Fig. 3.55). Then the switch 
Sw was thrown over from contact 1 to contact 2, Find the amount 
of heat generated in a resistance R x = 500 Q if R 2 = 330 Q. 

3.200. Between the plates of a parallel-plate capacitor there is 
a metallic plate whose thickness takes up r\ = 0.60 of the capacitor 



Fig. 3.55. 



gap. When that plate is absent the capacitor has a capacity C = 
= 20 nF. The capacitor is connected to a dc voltage source V = 
= 100 V. The metallic plate is slowly extracted from the gap. Find: 

(a) the energy increment of the capacitor; 

(b) the mechanical work performed in the process of plate extrac- 
tion. 

3.201. A glass plate totally fills up the gap between the electrodes 
of a parallel-plate capacitor whose capacitance in the absence of 
that glass plate is equal to C = 20 nF. The capacitor is connected 
to a dc voltage source V = 100 V. The plate is slowly, and without 
friction, extracted from the gap. Find the capacitor energy increment 
and the mechanical work performed in the process of plate extrac- 
tion. 

3.202. A cylindrical capacitor connected to a dc voltage source V 
touches the surface of water with its end (Fig. 3.56). The separation 
d between the capacitor electrodes is substantially less than their 
mean radius. Find a height h to which the water level in the gap 
will rise. The capillary effects are to be neglected. 

3.203. The radii of spherical capacitor electrodes are equal to 
a and 5, with a < b. The interelectrode space is filled with homoge- 
neous substance of permittivity e and resistivity p. Initially the 
capacitor is not charged. At the moment t — 0 the internal electrode 
gets a charge q 0 . Find: 

(a) the time variation of the charge on the internal electrode; 

(b) the amount of heat generated during the spreading of the 
charge. 


133 



Fig. 3.57. 


3.204. The electrodes of a capacitor of capacitance C = 2.00 pF 
carry opposite charges q 0 = 1.00 mC. Then the electrodes are inter- 
connected through a resistance R = 5.0 MQ. Find: 

(a) the charge flowing through that resistance during a time inter- 
val t = 2.00 s; 

(b) the amount of heat generated in the resistance during the 
same interval. 

3.205. In a circuit shown in Fig. 3.57 the capacitance of each 
capacitor is equal to C and the resistance, to R. One of the capacitors 
was connected to a voltage V 0 and then at the 
moment / = 0 was shorted by means of the switch 
Sw, Find: 

(a) a current I in the circuit as a function of 
time t; 

(b) the amount of generated heat provided a 
dependence I ( t ) is known. 

3.206. A coil of radius r = 25 cm wound of a thin 
copper wire of length l = 500 m rotates with an 

angular velocity o = 300 rad/s about its axis. The coil is connect- 
ed to a ballistic galvanometer by means of sliding contacts. The 
total resistance of the circuit is equal to R = 21 Q. Find the specific 
charge of current carriers in copper if a sudden stoppage of the 
coil makes a charge g = 10 nC flow through the galvano- 
meter. 

3.207. Find the total momentum of electrons in a straight wire 
of length l = 1000 m carrying a current I — 70 A. 

3.208. A copper wire carries a current of density / = 1.0 A/mm 2 . 
Assuming that one free electron corresponds to each copper atom, 
evaluate the distance which will be covered by an electron during 
its displacement Z = 10 mm along the wire. 

3.209. A straight copper wire of length l ~ 1000 m and cross- 
sectional area S = 1.0 mm 2 carries a current / == 4.5 A. Assuming 
that one free electron corresponds to each copper atom, find: 

(a) the time it takes an electron to displace from one end of the 
wire to the other; 

(b) the sum of electric forces acting on all free electrons in the 
given wire. 

3.210. A homogeneous proton beam accelerated by a potential 
difference V = 600 kV has a round cross-section of radius r = 
— 5.0 mm. Find the electric field strength on the surface of the beam 
and the potential difference between the surface and the axis of 
the beam if the beam current is equal to I = 50 mA. 

3.211. Two large parallel plates are located in vacuum. One of 
them serves as a cathode, a source of electrons whose initial velocity 
is negligible. An electron flow directed toward the opposite plate prod- 
uces a space charge causing the potential in the gap between the 
plates to vary as <p = ax x ^, where a is a positive constant, and x is 
the distance from the cathode. Find: 
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(a) the volume density of the space charge as a function 
of x\ 

(b) the current density. 

3 . 212 . The air between two parallel plates separated by a distance 
d = 20 mm is ionized by X-ray radiation. Each plate has an area 
S = 500 cm 2 . Find the concentration of positive ions if at a voltage 

V = 100 V a current / = 3.0 \lA flows between the plates, which 
is well below the saturation current. The air ion mobilities are u+ = 
= 1.37 cm 2 /(V-s) and = 1.91 cm 2 /(V-s). 

3 . 213 . A gas is ionized in the immediate vicinity of the surface 
of plane electrode 1 (Fig. 3.58) separated from electrode 2 by a dis- 
tance L An alternating voltage varying with time t as V = F 0 sin a)£ 
is applied to the electrodes. On decreasing the 
frequency co it was observed that the galvano- 
meter G indicates a current only at co < co 0 » 
where co 0 is a certain cut-ofi frequency. Find 
the mobility of ions reaching electrode 2 under 
these conditions. 

3 . 214 . The air between two closely located 
plates is uniformly ionized by ultraviolet radia- 
tion. The air volume between the plates is equal 
to V = 500 cm 3 , the observed saturation current 
is equal to I sat = 0.48 pA. Find: 

(a) the number of ion pairs produced in a unit volume per unit 
time; 

(b) the equilibrium concentration of ion pairs if the recombination 
coefficient for air ions is equal to r = 1.67* 10~ 6 cm 3 /s. 

3 . 215 . Having been operated long enough, the ionizer producing 

n t = 3.5- 10 9 cm‘ 3 *s _I of ion pairs per unit volume of air per unit 
time was switched off. Assuming that the only process tending to 
reduce the number of ions in air is their recombination with coeffic- 
ient r = 1,67 -10" 6 cm 3 /s, find how soon after the ionizer’s switching 
off the ion concentration decreases rj = 2.0 times. 

3.216. A parallel-plate air capacitor whose plates are separated 
by a distance d = 5.0 mm is first charged to a potential difference 

V == 90 V and then disconnected from a dc voltage source. Find 
the time interval during which the voltage across the capacitor de- 
creases by r) = 1.0%, taking into account that the average number 
of ion pairs formed in air under standard conditions per unit volume 

per unit time is equal to n t = 5.0 cm~ 3 *s~ l and that the given volt- 
age corresponds to the saturation current. 

3 . 217 . The gap between two plane plates of a capacitor equal to 
d is filled with a gas. One of the plates emits v 0 electrons per second 
which, moving in an electric field, ionize gas molecules; this way 
each electron produces a new electrons (and ions) along a unit length 
of its path. Find the electronic current at the opposite plate, neglect- 
ing the ionization of gas molecules by formed ions. 
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3.218. The gas between the capacitor plates separated by a dist- 
ance d is uniformly ionized by ultraviolet radiation so that elect- 
rons per unit volume per second are formed. These electrons moving 
in the electric field of the capacitor ionize gas molecules, each electron 
producing a new electrons (and ions) per unit length of its path.. 
Neglecting the ionization by ions, find the electronic current den- 
sity at the plate possessing a higher potential. 


3.5. CONSTANT MAGNETIC FIELD. 
MAGNETICS 


• Magnetic field of a point charge q moving with non 
locity v: 

-relativistic ve- 

B _ Po Q [vr) 
4 n r 3 

(3.5a) 

• Biot-Savart law: 


dB- dV, dB- f 0 1 [d1, r] . 

4 n r 3 4n r 3 

(3.5b) 

• Circulation of a vector B and Gauss’s theorem for it: 


<^)B dr = p 0 I, <|)B dS — 0. 

(3.5c) 

• Lorentz force: 


F = gE + q [vB]. 

• Ampere force: 

d¥ = [jB] dV , dF = / [dl, B). 

(3.5d) 

(3.5e) 


• Force and moment of forces acting on a magnetic dipole p m = IS n: 


F = N=[ Pm B), (3.5f) 

where dBldn is the derivative of a vector B with respect to the dipole direction. 

• Circulation of magnetization J: 

<§J * = (3.5g) 

where J' is the total molecular current. 

• Vector H and its circulation: 

H = — — J, &Udr=I, (3.5h) 

Po J 

where / is the algebraic sum of macroscopic currents. 

• Relations at the boundary between two magnetics: 

(3.5i) 

• For the case of magnetics in which J = 

B = nn 0 H. H = 1 4- X- (3.5j) 

3.219. A current / = 1.00 A circulates in a round thin-wire loop 
of radius R = 100 mm. Find the magnetic induction 
(a) at the centre of the loop; 


(b) at the point lying on the axis of the loop at a distance x = 
= 100 mm from its centre. 

3.220. A current 7 flows along a thin wire shaped as a regular 
polygon with n sides which can be inscribed into a circle of radius 7?. 
Find the magnetic induction at the centre of the polygon. Analyse 
the obtained expression at n oo. 

3.221. Find the magnetic induction at the centre of a rectangular 
wire frame whose diagonal is equal to d — 16 cm and the angle 
between the diagonals is equal to <p = 30°; the current flowing in 
the frame equals 7 = 5.0 A. 

3.222. A current 7=5.0 A flows along a thin wire shaped as shown 
in Fig. 3.59. The radius of a curved part of the wire is equal to 7? = 
= 120 mm, the angle 2<p = 90°. Find the magnetic induction of 
the field at the point O . 




3.223. Find the magnetic induction of the field at the point O 
of a loop with current 7, whose shape is illustrated 

(a) in Fig. 3.60a, the radii a and b, as well as the angle <p are 
known; 

(b) in Fig. 3.60&, the radius a and the side b are known. 

3.224. A current 7 flows along a lengthy thin-walled tube of radius 
R with longitudinal slit of width h. Find the induction of the mag- 
netic field inside the tube under the condition 

3.225. A current 7 flows in a long straight wire with cross-section 
having the form of a thin half-ring of radius R (Fig. 3,61). Find 
the induction of the magnetic field at the point O. 



Fig. 3.61. Fig. 3.62. 


3.226. Find the magnetic induction of the field at the point O 
if a current-carrying wire has the shape shown in Fig. 3.62 a, 6, c. 
The radius of the curved part of the wire is 7?, the linear parts are 
assumed to be very long. 
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3.227. A very long wire carrying a current I = 5.0 A is bent 
at right angles. Find the magnetic induction at a point lying on a per- 
pendicular to the wire, drawn through the point of bending, at 
a distance l = 35 cm from it. 

3.228. Find the magnetic induction at the point O if the wire car- 
rying a current I = 8.0 A has the shape shown in Fig. 3.63 a , 6, c. 



The radius of the curved part of the wire is R = 100 mm, the linear 
parts of the wire are very long. 

3.229. Find the magnitude and direction of the magnetic induction 
vector B 

(a) of an infinite plane carrying a current of linear density i; 
the vector i is the same at all points of the plane; 

(b) of two parallel infinite planes carrying currents of linear den- 
sities i and — i; the vectors i and — i are constant at all points of 
the corresponding planes. 

3.230. A uniform current of density j flows inside an infinite 
plate of thickness 2d parallel to its surface. Find the magnetic induc- 
tion induced by this current as a function of 

the distance x from the median plane of the 
plate. The magnetic permeability is assumed 
to be equal to unity both inside and outside i r 

the plate. 

3.231. A direct current I flows along a 

lengthy straight wire. From the point O K ^ 

(Fig. 3.64) the current spreads radially all 0 

over an infinite conducting plane perpendicu- * 

lar to the wire. Find the magnetic induction lg ‘ ' 

at all points of space. 

3.232. A current / flows along a round loop. Find the integral 
j B dr along the axis of the loop within the range from — oo to +oo. 
Explain the result obtained. 

3.233. A direct current of density j flows along a round uniform 
straight wire with cross-section radius /?. Find the magnetic induction 
vector of this current at the point whose position relative to the axis 
of the wire is defined by a radius vector r. The magnetic permeability 
is assumed to be equal to unity throughout all the space. 
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3.234. Inside a long straight uniform wire of round cross-section 
there is a long round cylindrical cavity whose axis is parallel to 
the axis of the wire and displaced from the latter by a distance 1. 
A direct current of density j flows along the wire. Find the magnetic 
induction inside the cavity. Consider, in particular, the case 1 = 0. 

3.235. Find the current density as a function of distance r from 
the axis of a radially symmetrical parallel stream of electrons if the 
magnetic induction inside the stream varies as B = br a , where 
b and a are positive constants. 

3.236. A single-layer coil (solenoid) has length l and cross-section 
radius R f A number of turns per unit length is equal to n. Find the 
magnetic induction at the centre of the coil when a current I flows 
through it. 

3.237. A very long straight solenoid has a cross-section radius 
R and n turns per unit length. A direct current I flows through the 
solenoid. Suppose that x is the distance from the end of the solenoid, 
measured along its axis. Find: 

(a) the magnetic induction B on the axis as a function of x\ draw 
an approximate plot of B vs the ratio x/R\ 

(b) the distance x 0 to the point on the axis at which the value of 
B differs by t] — 1% from that in the middle section of the sole- 
noid. 

3.238. A thin conducting strip of width h == 2.0 cm is tightly 
wound in the shape of a very long coil with cross-section radius R = 
= 2.5 cm to make a single-layer straight solenoid. A direct current 
/ = 5.0 A flows through the strip. Find the magnetic induction 
inside and outside the solenoid as a function of the distance r from 
its axis. 

3.239. N — 2.5* 10 3 wire turns are uniformly wound on a wooden 
toroidal core of very small cross-section. A current I flows through 
the wire. Find the ratio r\ of the magnetic induction inside the core 
to that at the centre of the toroid. 

3.240. A direct current / = 10 A flows in a long straight round 
conductor. Find the magnetic flux through a half of wire’s cross- 
section per one metre of its length. 

3.241. A very long straight solenoid carries a current /. The 
cross-sectional area of the solenoid is equal to .5, the number of 
turns per unit length is equal to n. 

Find the flux of the vector B through 
the end plane of the solenoid. 

3.242. Fig. 3.65 shows a toroidal sol- 
enoid whose cross-section is rectangular. 

Find the magnetic flux through this 
cross-section if the current through the 
winding equals I = 1.7 A, the total 
number of turns is N = 1000, the ratio 
of the outside diameter to the inside 
height is equal to h ~ 5.0 cm. 
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3.243. Find the magnetic moment of a thin round loop with cur- 
rent if the radius of the loop is equal to R = 100 mm and the mag- 
netic induction at its centre is equal to B — 6.0 pT. 

3.244. Calculate the magnetic moment of a thin wire with a cur- 
rent / = 0.8 A, wound tightly on half a tore (Fig. 3.66). The diameter 
of the cross-section of the tore is equal to d — 5.0 cm, the number 
of turns is N = 500. 



Fig. 3.66. 



3.245. A thin insulated wire forms a plane spiral of N = 100 
tight turns carrying a current 1 = 8 mA. The radii of inside and 
outside turns (Fig. 3.67) are equal to a = 50 mm and b = 100 mm. 
Find: 

(a) the magnetic induction at the centre of the spiral; 

(b) the magnetic moment of the spiral with a given current. 

3.246. A non-conducting thin disc of radius R charged uniformly 
over one side with surface density o rotates about its axis with 
an angular velocity co. Find: 

(a) the magnetic induction at the centre of the disc; 

(b) the magnetic moment of the disc. 

3.247. A non-conducting sphere of radius R = 50 mm charged 
uniformly with surface density o = 10.0 pC/m 2 rotates with an 
angular velocity co — 70 rad/s about the axis passing through its 
centre. Find the magnetic induction at the centre of the sphere. 

3.248. A charge q is uniformly distributed over the volume of 
a uniform ball of mass m and radius R which rotates with an angular 
velocity o> about the axis passing through its centre. Find the respec- 
tive magnetic moment and its ratio to the mechanical moment. 

3.249. A long dielectric cylinder of radius R is statically polarized 
so that at all its points the polarization is equal to P = ar, where 
a is a positive constant, and r is the distance from the axis. The 
cylinder is set into rotation about its axis with an angular velocity©. 
Find the magnetic induction B at the centre of the cylinder. 

3.250. Two protons move parallel to each other with an equal 
velocity v = 300 km/s. Find the ratio of forces of magnetic and 
electrical interaction of the protons. 
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3.251. Find the magnitude and direction of a force vector acting 
on a unit length of a thin wire, carrying a current I = 8.0 A, at 
a point 0 , if the wire is bent as shown in 

(a) Fig. 3.68a, with curvature radius R — 10 cm; 

(b) Fig. 3.686, the distance between the long parallel segments 
of the wire being equal to l == 20 cm. 

3.252. A coil carrying a current I = 10 raA is placed in a uniform, 
magnetic field so that its axis coincides with the field direction. 
The single-layer winding of the coil is made of copper wire with 




diameter d — 0.10 mm, radius of turns is equal to R = 30 mm. 
At what value of the induction of the external magnetic field can 
the coil winding be ruptured? 

3.253. A copper wire with cross-sectional area S = 2.5 mm 2 
bent to make three sides of a square can turn about a horizontal 
axis OO ' (Fig. 3.69). The wire is located in uniform vertical magnetic 
field. Find the magnetic induction if on passing a current / = 16 A 
through the wire the latter deflects by an angle 9 = 20°. 

3.254. A small coil C with N = 200 turns is mounted on one 
end of a balance beam and introduced between the poles of an electro- 
magnet as shown in Fig. 3.70. The cross-sectional area of the coil 



is S =1.0 cm 2 , the length of the arm OA of the balance beam is 
l = 30 cm. When there is no current in the coil the balance is irf 
equilibrium. On passing a current / = 22 mA through the coil the 
equilibrium is restored by putting the additional counterweight of 
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mass Am = 60 mg on the balance pan. Find the magnetic induction 
at the spot where the coil is located. 

3.255. A square frame carrying a current I = 0.90 A is located 
in the same plane as a long straight wire carrying a current J 0 = 
= 5.0 A. The frame side has a length a = 8.0 cm. The axis of the 
frame passing through the midpoints of opposite sides is parallel to 
the wire and is separated from it by the distance which is r] = 1.5 
times greater than the side of the frame. Find: 

(a) Ampere force acting on the frame; 

(b) the mechanical work to be performed in order to turn the 
frame through 180° about its axis, with the currents maintained 
constant. 

3.256. Two long parallel wires of negligible resistance are con- 
nected at one end to a resistance R and at the other end to a dc volt- 
age source. The distance between the axes of the wires is r\ = 20 times 
greater than the cross-sectional radius of each wire. At what value 
of resistance R does the resultant force of interaction between the 
wires turn into zero? 

3.257. A direct current I flows in a long straight conductor whose 
cross-section has the form of a thin half-ring of radius R . The same 
current flows in the opposite direction along a thin conductor located 
on the “axis” of the first conductor (point O in Fig. 3.61). Find the 
magnetic interaction force between the given con- 
ductors reduced to a unit of their length. 

3.258. Two long thin parallel conductors of the 
shape shown in Fig. 3.71 carry direct currents I x 
and / 2 . The separation between the conductors is a , 
the width of the right-hand conductor is equal to 
With both conductors lying in one plane, find the 
magnetic interaction force between them reduced 
to a unit of their length. 

3.259. A system consists of two parallel planes 
carrying currents producing a uniform magnetic Fig. 3.71. 
field of induction B between the planes. Outside 

this space there is no magnetic field. Find the magnetic force acting 
per unit area of each plane. 

3.260. A conducting Gurrent-carrying plane is placed in an external 
uniform magnetic field. As a result, the magnetic induction becomes 

Bf Bz Bf Bz 


\r if 


(a) (6) 

Fig. 3.72. 
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equal to B y on one side of the plane and to 5 2 , on the other. Find 
the magnetic force acting per unit area of the plane in the cases 
illustrated in Fig. 3.72. Determine the direction of the current in 
the plane in each case, 

3.261. In an electromagnetic pump designed for transferring mol- 
ten metals a pipe section with metal is located in a uniform magnetic 
field of induction B (Fig. 3.73). A current 
I is made to flow across this pipe section 
in the direction perpendicular both to the 
vector B and to the axis of the pipe. Find 
the gauge pressure produced by the pump 
if B - 0.10 T, I - 100 A, and a = 2.0 cm. A 

3.262. A current I flows in a long thin- ^ 
walled cylinder of radius R. What pressure 
do the walls of the cylinder experience? 

3.263. What pressure does the lateral 
surface of a long straight solenoid with n 
turns per unit length experience when a current I flows through it? 

3.264. A current I flows in a long single-layer solenoid with cross- 
sectional radius R . The number of turns per unit length of the sole- 
noid equals n. Find the limiting current at which the winding may 
rupture if the tensile strength of the wire is equal to Fi im . 

3.265. A parallel-plate capacitor with area of each plate equal to 
S and the separation between them to d is put into a stream of con- 
ducting liquid with resistivity p. The liquid moves parallel to the 
plates with a constant velocity v . The whole system is located in 
a uniform magnetic field of induction B, vector B being parallel to 
the plates and perpendicular to the stream direction. The capacitor 
plates are interconnected by means of an external resistance R. 
What amount of power is generated in that resistance? At what 
value of R is the generated power the highest? What is this highest 
power equal to? 

3.266. A straight round copper conductor of radius R = 5.0 mm 
carries a current I = 50 A. Find the potential difference between 
the axis of the conductor and its surface. The concentration of the 
conduction electrons in copper is equal to n = 0.9* 10 23 cm' 3 . 

3.267. In Hall effect measurements in a sodium conductor the 
strength of a transverse field was found to be equal to E = 5.0 fiV/cm 
with a current density ; = 200 A/cm 2 and magnetic induction B — 
= 1.00 T. Find the concentration of the conduction electrons and 
its ratio to the total number of atoms in the given conductor. 

3.268. Find the mobility of the conduction electrons in a copper 
conductor if in Hall effect measurements performed in the magnetic 
field of induction B = 100 mT the transverse electric field strength 
of the given conductor turned out to be r] = 3.1«10 3 times less than 
that of the longitudinal electric field. 

3.269. A small current-carrying loop is located at a distance r 
from a long straight conductor with current /. The magnetic moment 
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of the loop is equal to p m . Find the magnitude and direction of the 
force vector applied to the loop if the vector p m 

(a) is parallel to the straight conductor; 

(b) is oriented along the radius vector r; 

(c) coincides in direction with the magnetic field produced by the 
current / at the point where the loop is located. 

3.270. A small current-carrying coil having a magnetic moment 
p m is located at the axis of a round loop of radius R with current / 
flowing through it. Find the magnitude of the vector force applied 
to the coil if its distance from the centre of the loop is equal to x 
and the vector p m coincides in direction with the axis of the loop. 

3.271. Find the interaction force of two coils with magnetic mo- 
ments p lm = 4.0 mA« m 2 and p 2m = 6.0 mA-m 2 and collinear axes if 
the separation between the coils is equal to l = 20 cm which exceeds 
considerably their linear dimensions. 

3.272. A permanent magnet has the shape of a sufficiently thin 
disc magnetized along its axis. The radius of the disc is R = 1.0 cm. 
Evaluate the magnitude of a molecular current /' flowing along the 
rim of the disc if the magnetic induction at the point on the axis of 
the disc, lying at a distance x = 10 cm from its centre, is equal to 
B = 30 |mT. 

3.273. The magnetic induction in vacuum at a plane surface of 
a uniform isotropic magnetic is equal to B , the vector B forming an 
angle a with the normal of the surface. The permeability of the magnet- 
ic is equal to p, Find the magnitude of the magnetic induction B f in 
the magnetic in the vicinity of its surface. 

3.274. The magnetic induction in vacuum at a plane surface of 
a magnetic is equal to B and the vector B forms an angle 0 with the 



Fig. 3.74. 

normal n of the surface (Fig. 3.74). The permeability of the magnetic 
is equal to p. Find: 

(a) the flux of the vector H through the spherical surface S of 
radius i?, whose centre lies on the surface of the magnetic; 

(b) the circulation of the vector B around the square path T with 
side l located as shown in the figure. 

3.275. A direct current / flows in a long round uniform cylindrical 
wire made of paramagnetic with susceptibility %. Find: 

(a) the surface molecular current I ' s ; 


144 


(b) the volume molecular current I' v . 

How are these currents directed toward each other? 

3.276. Half of an infinitely long straight current-carrying solenoid 
is filled with magnetic substance as shown in Fig. 3.75. Draw the 


approximate plots of magnetic induction B , strength H , and magne- 
tization / on the axis as functions of x. 

3.277. An infinitely long wire with a current / flowing in it is 
located in the boundary plane between two non-conducting media 
with permeabilities and jx 2 . Find the modulus of the magnetic 
induction vector throughout the space as a function of the distance 
r from the wire. It should be borne in mind that the lines of the vec- 
tor B are circles whose centres lie on the axis of the wire. 

3.278. A round current-carrying loop lies in the plane boundary 
between magnetic and vacuum. The permeability of the magnetic 
is equal to (x. Find the magnetic induction B at an arbitrary point on 
the axis of the loop if in the absence of the magnetic the magnetic 
induction at the same point becomes equal to B 0 . Generalize the 
obtained result to all points of the field. 

3.279. When a ball made of uniform magnetic is introduced into 
an external uniform magnetic field with induction B 0 , it gets uniform- 
ly magnetized. Find the magnetic induction B inside the ball with 
permeability fi; recall that the magnetic field inside a uniformly mag 
netized ball is uniform and its strength is equal to H' = — J/3, 
where J is the magnetization. 

3.280. N = 300 turns of thin wire are uniformly wound on a per- 
manent magnet shaped as a cylinder whose length is equal to l = 
= 15 cm. When a current I = 3.0 A was passed through the wiring 
the field outside the magnet disappeared. Find the coercive force 
H c of the material from which the magnet was manufactured. 

3.281. A permanent magnet is shaped as a ring with a narrow gap 
between the poles. The mean diameter of the ring equals d = 20 cm. 
The width of the gap is equal to b — 2.0 mm and the magnetic induc- 
tion in the gap is equal to B. — 40 mT. Assuming that the scattering 
of the magnetic flux at the gap edges is negligible, find the modulus 
of the magnetic field strength vector inside the magnet. 

3.282. An iron core shaped as a tore with mean radius R = 250 mm 
supports a winding with the total number of turns N = 1000. The 
core has a cross-cut of width b = 1.00 mm. With a current I — 
— 0.85 A flowing through the winding, the magnetic induction in 
the gap is equal to B = 0.75 T. Assuming the scattering of the magnet- 
ic flux at the gap edges to be negligible, find the permeability of iron 
under these conditions. 



Fig. 3.75. 
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3.283. Fig. 3.76 illustrates a basic magnetization curve of iron 
(commercial purity grade). Using this plot, draw the permeability 
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Fig. 3.76. 
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jut as a function of the magnetic field strength H. At what value of 
H is the permeability the greatest? What is \i max equal to? 

3.284. A thin iron ring with mean diameter d — 50 cm supports 
a winding consisting of N = 800 turns carrying current / = 3.0 A. 
The ring has a cross-cut of width b — 2.0 mm. Neglecting the scatter- 
ing of the magnetic flux at the gap edges, and using the plot shown 
in Fig. 3.76, find the permeability of iron under these conditions. 

3.285. A long thin cylindrical rod made of paramagnetic with 
magnetic susceptibility % and having a cross-sectional area S is 
located along the axis of a current-carrying coil. 

One end of the rod is located at the coil centre where 
the magnetic induction is equal to B whereas the 
other end is located in the region where the mag- 
netic field is practically absent. What is the force 
that the coil exerts on the rod? 

3.286. In the arrangement shown in Fig. 3.77 it 
is possible to measure (by means of a balance) the 
force with which a paramagnetic ball of volume 
V = 41 mm 3 is attrabted to a pole of the electromag- 
net M. The magnetic induction at the axis of the 
poleshoe depends on the height x as B = B 0 exp (— ax 2 ), where 
B 0 = 1.50 T, a = 100 nr 2 . Find: 

(a) at what height x m the ball experiences the maximum attrac- 
tion; 



Fig. 3.77. 
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(b) the magnetic susceptibility of the paramagnetic if the maxim- 
um attraction force equals F max — 160 pN. 

3.287. A small ball of volume V made of paramagnetic with sus- 
ceptibility % was slowly displaced along the axis of a current-carrying 
coil from the point where the magnetic induction equals B out to the 
region where the magnetic field is practically absent. What amount 
of work was performed during this process? 


3.6. ELECTROMAGNETIC INDUCTION. 
MAXWELL’S EQUATIONS 

• Faraday’s law of electromagnetic induction: 

d<X> 




dt 


• In the case of a solenoid and doughnut coil: 

<P = jVOi, 

where N is the number of turns, is the magnetic flux through each turn. 

• Inductance of a solenoid: 


(3.6a) 

(3.6b) 


L — pp 0 n 2 V. (3.6c) 

• Intrinsic energy of a current and interaction energy of two currents: 




• Volume density of magnetic field energy: 

B * BH 


w- 


2pp 0 

• Displacement current density: 

jdis “ ' 


OB 

dt 


• Maxwell’s equations in differential form: 

TXE=~, V-B-0, 


VxH =*+1F’ 


(3.6d) 

(3.6e) 

(3.6f) 

(3.6g) 


V-D = p, 


where V X es rot (the rotor) and V • == div (the divergence). 

• Field transformation formulas for transition from a reference frame K 
to a reference frame K' moving with the velocity v 0 relative to it. 


In the case v 0 <C c 

B' = B - [v 0 E]/c a 


E' = E + [v 0 B], 

(3.6h) 

In the general case 

E'|, =E ||t 

Ex + [voB] 

Vj I ... . 

B II =B II- 

= B ± — [v 0 E]/c 2 

(3.61) 


1 / 1 — (p 0 /c) 2 ’ 



where the symbols || and 1 denote the field components, respectively parallel 
and perpendicular to the vector v 0 . 
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3.288. A wire bent as a parabola y = ax 2 is located in a uniform 
magnetic field of induction B , the vector B being perpendicular to 
the plane x, y . At the moment t = 0 a connector starts sliding trans- 
lationwise from the parabola apex with a constant acceleration w 
(Fig. 3.78). Find the emf of electromagnetic induction in the loop 
thus formed as a function of y. 



Fig. 3.78. 


Fig. 3.79. 


3.289. A rectangular loop with a sliding connector of length l 
is located in a uniform magnetic field perpendicular to the loop plane 
(Fig. 3.79). The magnetic induction is equal to 5. The connector has 
an electric resistance R , the sides AB and CD have resistances J?j 
and i? 2 respectively. Neglecting the self-inductance of the loop, 
find the current flowing in the connector during its motion with a 
constant velocity v. 

3.290. A metal disc of radius a = 25 cm rotates with a constant 
angular velocity g> = 130 rad/s about its axis. Find the potential 
difference between the centre and the rim of the disc if 

(a) the external magnetic field is absent; 

(b) the external uniform magnetic field of induction B = 5.0 mT 
is directed perpendicular to the disc. 

3.291. A thin wire AC shaped as a semi-circle of diameter d = 
= 20 cm rotates with a constant angular velocity to = 100 rad/s 
in a uniform magnetic field of induction B = 5.0 mT, with 
to ff B. The rotation axis passes through the end A of the wire and 
is perpendicular to the diameter AC. Find the value of a line integral 

j E dr along the wire from point A to point C . Generalize the ob- 
tained result. 

3.292. A wire loop enclosing a semi-circle of radius a is located 
on the boundary of a uniform magnetic field of induction B 
(Fig. 3.80). At the moment t = 0 the loop is set into rotation with 
a constant angular acceleration fi about an axis O coinciding with a 
line of vector B on the boundary. Find the emf induced in the loop 
as a function of time t. Draw the approximate plot of this function. 
The arrow in the figure shows the emf direction taken to be positive. 

3.293. A long straight wire carrying a current I and a ft-shaped 
conductor with sliding connector are located in the same plane as 
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shown in Fig. 3.81. The connector of length l and resistance R slides 
to the right with a constant velocity v. Find the current induced in 



Fig. 3.81. 



the loop as a function of separation r between the connector and the 
straight wire. The resistance of the II-shaped conductor and the self- 
inductance of the loop are assumed to be negligible. 

3.294. A square frame with side a and a long straight wire carrying 
a current / are located in the same plane as shown in Fig. 3.82. The 
frame translates to the right with £ constant velocity v. Find the emf 
induced in the frame as a function of distance x . 


x 


I 



Fig. 3.82, 



3.295. A metal rod of mass m can rotate about a horizontal axis 
0, sliding along a circular conductor of radius a (Fig. 3.83). The 
arrangement is located in a uniform magnetic field of induction B 
directed perpendicular to the ring plane. The axis and the ring are 
connected to an emf source to form a circuit of resistance R. Neglect- 
ing the friction, circuit inductance, and ring resistance, find the law 
according to which the source emf must vary to make the rod rotate 
with a constant angular velocity o. 

3.296. A copper connector of mass m slides down two smooth cop- 
per bars, set at an angle a to the horizontal, due to gravity (Fig. 3.84). 
At the top the bars are interconnected through a resistance R . The 
separation between the bars is equal to l. The system is located in 
a uniform magnetic field of induction B , perpendicular to the plane 
in which the connector slides. The resistances of the bars, the connect- 
or and the sliding contacts, as well as the self-inductance of the loop, 
are assumed to be negligible. Find the steady-state velocity of the 
connector. 


m 


3.297. The system differs from the one examined in the foregoing 
problem (Fig. 3.84) by a capacitor of capacitance C replacing the 
resistance R. Find the acceleration of the connector. 


R 




3.298. A wire shaped as a semi-circle of radius a rotates about an 
axis 00' with an angular velocity co in a uniform magnetic field of 
induction B (Fig. 3.85). The rotation axis is perpendicular to the 
field direction. The total resistance of the circuit is equal to R. Neg- 
lecting the magnetic field of the induced current, find the mean 
amount of thermal power being generated in the loop during a 
rotation period. 

3.299. A small coil is introduced between the poles of an electro- 
magnet so that its axis coincides with the magnetic field direction. 
The cross-sectional area of the coil is equal to S = 3.0 mm 2 , the 
number of turns is N — 60. When the coil turns through 180° about 
its diameter, a ballistic galvanometer connected to the coil indicates 
a charge q — 4.5 fxC flowing through it. Find the magnetic induction 
magnitude between the poles provided the total resistance of the 
electric circuit equals R = 40 £2. 

3.300. A square wire frame with side a and a straight conductor 
carrying a constant current / are located in the same plane (Fig. 3.86). 



Fig. 3.86. 


Fig. 3.87. 


The inductance and the resistance of the frame are equal to L and R 
respectively. The frame was turned through 180° about the axis OO' 
separated from the current-carrying conductor by a distance b. 
Find the electric charge having flown through the frame. 

3.301. A long straight wire carries a current At distances a 
and b from it there are two other wires, parallel to the former one, 
which are interconnected by a resistance R (Fig. 3.87). A connector 
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slides without friction along the wires with a constant velocity v. 
Assuming the resistances of the wires, the connector, the sliding 
contacts, and the self-inductance of the freme to be negligible, find: 

(a) the magnitude and the direction of the current induced in 
the connector; 

(b) the force required to maintain the connector’s velocity con- 
stant. 

3.302. A conducting rod AB of mass m slides without friction 
over two long conducting rails separated by a distance l (Fig. 3.88). 
At the left end the rails are interconnected by a resistance R . The 
system is located in a uniform magnetic field perpendicular to the 
plane of the loop. At the moment t — 0 the rod AB starts moving to 
the right with an initial velocity v 0 . Neglecting the resistances of the 
rails and the rod AB, as well as the self-inductance, find: 

(a) the distance covered by the rod until it comes to a standstill; 

(b) the amount of heat generated in the resistance R during this 
process. 



Fig. 3.88. Fig. 3.89. 


3.303. A connector AB can slide without friction along a 11- 
shaped conductor located in a horizontal plane (Fig. 3.89). The con- 
nector has a length Z, mass m , and resistance R . The whole system is 
located in a uniform magnetic field of induction B directed vertically. 
At the moment t = 0 a constant horizontal force F starts acting on 
the connector shifting it translationwise to the right. Find how the 
velocity of the connector varies with time t. The inductance of the 
loop and the resistance of the II-shaped conductor are assumed to 
be negligible. 

3.304. Fig. 3.90 illustrates plane figures made of thin conductors 
which are located in a uniform magnetic field directed away from a 



(a) (b) (c) (d) 


Fig. 3.90. 

reader beyond the plane of the drawing. The magnetic induction 
starts diminishing. Find how the currents induced in these loops are 
directed. 




3 . 305 . A plane loop shown in Fig. 3.91 is shaped as two squares 
with sides a = 20 cm and b = 10 cm and is introduced into a uni- 
form magnetic field at right angles to the loop’s plane. The magnetic 
induction varies with time as B = B 0 sin cot, where B 0 = 10 mT 
and co — 100 s- 1 . Find the amplitude of 
the current induced in the loop if its resis- 
tance per unit length is equal to p = 

50 mQ/m. The inductance of the loop is to 
be neglected. 

3 . 306 . A plane spiral with a great num- 
ber N of turns wound tightly to one another 
is located in a uniform magnetic field per- 
pendicular to the spiral’s plane. The outside 
radius of the spiral’s turns is equal to a . 

The magnetic induction varies with time as B — B 0 sin co£, where 
B 0 and co are constants. Find the amplitude of emf induced in 
the spiral. 

3.307. A n-shaped conductor is located in a uniform magnetic 
field perpendicular to the plane of the conductor and varying with 

time at the rate B = 0.10 T/s. A conducting connector starts mov- 
ing with an acceleration w = 10 cm/s 2 along the parallel bars of the 
conductor. The length of the connector is equal to l = 20 cm. Find 
the emf induced in the loop t = 2.0 s after the beginning of the 
motion, if at the moment t — 0 the loop area and the magnetic 
induction are equal to zero. The inductance of the loop is to be 
neglected. 

3 . 308 . In a long straight solenoid with cross-sectional radius a 
and number of turns per unit length n a current varies with a con- 
stant velocity / A/s. Find the magnitude of the eddy current field 
strength as a function of the distance r from the solenoid axis. Draw 
the approximate plot of this function. 

3 . 309 . A long straight solenoid of cross-sectional diameter d = 

— 5 cm and with n = 20 turns per one cm of its length has a round 
turn of copper wire of cross-sectional area S = 1.0 mm 2 tightly put 
on its winding. Find the current flowing in the turn if the current 

in the solenoid winding is increased with a constant velocity I = 

— 100 A/s. The inductance of the turn is to be neglected. 

3 . 310 . A long solenoid of cross-sectional radius a has a thin insu- 
lated wire ring tightly put on its winding; one half of the ring has 
the resistance r) times that of the other half. The magnetic induction 
produced by the solenoid varies with time as B — bt , where b is 
a constant. Find the magnitude of the electric field strength in the 
ring. 

3 . 311 . A thin non-conducting ring of mass m carrying a charge q 
can freely rotate about its axis. At the initial moment the ring was 
at rest and no magnetic field was present. Then a practically uniform 
magnetic field was switched on, which was perpendicular to the plane 
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of the ring and increased with time according to a certain law B (t). 
Find the angular velocity <o of the ring as a function of the induction 
B (*). 

3.312. A thin wire ring of radius a and resistance r is located in- 
side a long solenoid so that their axes coincide. The length of the 
solenoid is equal to Z, its cross-sectional radius, to b. At a certain 
moment the solenoid was connected to a source of a constant voltage 
V. The total resistance of the circuit is equal to R. Assuming the 
inductance of the ring to be negligible, find the maximum value of 
the radial force acting per unit length of the ring. 

3.313. A magnetic flux through a stationary loop with a resistance 
R varies during the time interval x as <D = at (t — Z). Find the 
amount of heat generated in the loop during that time. The inductance 
of the loop is to be neglected. 

3.314. In the middle of a long solenoid there is a coaxial ring of 
square cross-section, made of conducting material with resistivity 
p. The thickness of the ring is equal to h , its inside and outside radii 
are equal to a and b respectively. Find the current induced in the 
ring if the magnetic induction produced by the solenoid varies with 
time as B = jiZ, where p is a constant. The inductance of the ring 
is to be neglected. 

3.315. How many metres of a thin wire are required to manufac- 
ture a solenoid of length Z 0 = 100 cm and inductance L = 1.0 mH 
if the solenoid’s cross-sectional diameter is considerably less than its 
length? 

3.316. Find the inductance of a solenoid of length Z whose 
winding is made of copper wire of mass m. The winding resistance 
is equal to R . The solenoid diameter is considerably less than its 
length. 

3.317. A coil of inductance L — 300 mH and resistance R = 
= 140 mQ is connected to a constant voltage source. How soon will 
the coil current reach r}~50% of the steady-state value? 

3.318. Calculate the time constant x of a straight solenoid of length 
Z = 1.0 m having a single-layer winding of copper wire whose total 
mass is equal to m = 1.0 kg. The cross-sectional diameter of the 
solenoid is assumed to be considerably less than its length. 

Note. The time constant x is the ratio L/R , where L is inductance 
and R is active resistance. 

3.319. Find the inductance of a unit length of a cable consisting 
of two thin-walled coaxial metallic cylinders if the radius of the out- 
side cylinder is r\ = 3.6 times that of the inside one. The perme- 
ability of a medium between the cylinders is assumed to be equal to 
unity. 

3.320. Calculate the inductance of a doughnut solenoid whose 
inside radius is equal to b and cross-section has the form of a square 
with side a . The solenoid winding consists of N turns. The space in- 
side the solenoid is filled up with uniform paramagnetic having per- 
meability ii. 
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3.321. Calculate the inductance of a unit length of a double tape 
line (Fig. 3.92) if the tapes are separated by a distance h which is 
considerably less than their width b, 
namely, b/h — 50. 

3.322. Find the inductance of a 
unit length of a double line if the 
radius of each wire is t] times less 
than the distance between the axes 
of the wires. The field inside the 
wires is to be neglected, the per- 
meability is assumed to be equal 
to unity throughout, and q >• 1. 

3.323. A superconducting round 
ring of radius a and inductance L 
was located in a uniform magnetic field of induction B. The ring plane 
was parallel to the vector B, and the current in the ring was equal to 
zero. Then the ring was turned through 90° so that its plane became 
perpendicular to the field. Find: 

(a) the current induced in the ring after the turn; 

(b) the work performed during the turn. 

3.324. A current /„ = 1.9 A flows in a long closed solenoid. 
The wire it is wound of is in a superconducting state. Find the 
current flowing in the solenoid when the length of the solenoid is 
increased by q = 5%. 

3.325. A ring of radius a — 50 mm made of thin wire of radius 
b — 1.0 mm was located in a uniform magnetic field with induction 
B = 0.50 mT so that the ring plane was perpendicular to the vector B. 
Then the ring was cooled down to a superconducting state, and the 
magnetic field was switched off. Find the ring current after that. Note 
that the inductance of a thin ring along which the surface current 

flows is equal to L — p 0 a ( In — 2 j . 

3.326. A closed circuit consists of a source of constant eml % and 
a choke coil of inductance L connected in series. The active resistance 
of the whole circuit is equal to R. At the moment t = 0 the choke 
coil inductance was decreased abruptly q times. Find the current in 
the circuit as a function of time t. 

Instruction. During a stepwise change of inductance the total 
magnetic flux (flux linkage) remains constant. 

3.327. Find the time dependence of the current flowing through 
the inductance L of the circuit shown in Fig. 3.93 after the switch 
Sw is shorted at the moment t = 0. 

3.328. In the circuit shown in Fig. 3.94 an emf g, a resistance R, 
and coil inductances L x and L 2 are known. The internal resistance of 
the source and the coil resistances are negligible. Find the steady- 
state currents in the coils after the switch Sw was shorted. 

3.329. Calculate the mutual inductance of a long straight wire and 
a rectangular frame with sides a and b. The frame and the wire lie 
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in the same plane, with the side b being closest to the wire, separated 
by a distance l from it and oriented parallel to it. 


Li 



Fig. 3.93. Fig. 3.94. 


3 . 330 . Determine the mutual inductance of a doughnut coil and 
an infinite straight wire passing along its axis. The coil has a rectan- 
gular cross-section, its inside radius is equal to a and the outside one, 
to &. The length of the doughnut’s cross-sectional side parallel to the 
wire is equal to h . The coil has N turns. The system is located in a 
uniform magnetic with permeability \i. 

3 . 331 . Two thin concentric wires shaped as circles with radii a 
and b lie in the same plane. Allowing for a b, find: 

(a) their mutual inductance; 

(b) the magnetic flux through the surface enclosed by the outside 
wire, when the inside wire carries a current /. 

3 . 332 . A small cylindrical magnet M (Fig. 3.95) is placed in the 
centre of a thin coil of radius a consisting of N turns. The coil is con- 
nected to a ballistic galvanometer. The active resistance of the whole 
circuit is equal to R . Find the magnetic moment of the magnet if 
its removal from the coil results in a charge q flowing through the 
galvanometer. 

3 . 333 . Find the approximate formula expressing the mutual in- 
ductance of two thin coaxial loops of the same radius a if their cen- 
tres are separated by a distance Z, with Z » a. 


L,R 



Fig. 3.95. Fig. 3.96. 

3 . 334 . There are two stationary loops with mutual inductance 
L iZ . The current in one of the loops starts to be varied as I 1 = at , 
where a is a constant, t is time. Find the time dependence J 2 (£) of 
the current in the other loop whose inductance is L 2 and resistance /?. 

3 . 335 . A coil of inductance L — 2.0 fxH and resistance R = 1.0 Q 
is connected to a source of constant emf % — 3.0 V (Fig. 3.96). A 
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resistance i? 0 = 2.0 Q is connected in parallel with the coil. Find the 
amount of heat generated in the coil after the switch Sw is disconnect- 
ed. The internal resistance of the source is negligible. 

3.336. An iron tore supports N = 500 turns. Find the magnetic 
field energy if a current / = 2.0 A produces a magnetic flux across 
the tore’s cross-section equal to O = 1.0 mWb. 

3.337. An iron core shaped as a doughnut with round cross-sec- 
tion of radius a = 3.0 cm carries a winding of N — 1000 turns through 
which a current I = 1.0 A flows. The mean radius of the doughnut 
is b = 32 cm. Using the plot in Fig. 3.76, find the magnetic energy 
stored up in the core. A field strength H is supposed to be the same 
throughout the cross-section and equal to its magnitude in the cen- 
tre of the cross-section. 

3.338. A thin ring made of a magnetic has a mean diameter 
d = 30 cm and supports a winding of N = 800 turns. The cross- 
sectional area of the ring is equal to S = 5.0 cm 2 . The ring has a 
cross-cut of width b = 2.0 mm. When the winding carries a certain 
current, the permeability of the magnetic equals p, = 1400. Neglect- 
ing the dissipation of magnetic flux at the gap edges, find: 

(a) the ratio of magnetic energies in the gap and in the magnetic; 

(b) the inductance of the system; do it in two ways: using the flux 
and using the energy of the field. 

3.339. A long cylinder of radius a carrying a uniform surface charge 
rotates about its axis with an angular velocity co. Find the mag- 
netic field energy per unit length of the cylinder if the linear charge 
density equals X and p, = 1. 

3.340. At what magnitude of the electric field strength in vacuum 
the volume energy density of this field is the same as that of the mag- 
netic field with induction B = 1.0 T (also in vacuum). 

3.341. A thin uniformly charged ring of radius a = 10 cm rotates 
about its axis with an angular velocity co = 100 rad/s. Find the ra- 
tio of volume energy densities of magnetic and electric fields on the 
axis of the ring at a point removed from its centre by a distance 
l = a . 

3.342. Using the expression for volume density of magnetic ener- 
gy, demonstrate that the amount of work contributed to magneti- 
zation of a unit volume of para- or diamagnetic, is equal to A = 
- - JB/2. 

3.343. Two identical coils, each of inductance L, are interconnected 
(a) in series, (b) in parallel. Assuming the mutual inductance of the 
coils to be negligible, find the inductance of the system in both cases. 

3.344. Two solenoids of equal length and almost equal cross- 
sectional area are fully inserted into one another. Find their mutual 
inductance if their inductances are equal to L x and L 2 . 

3.345. Demonstrate that the magnetic energy of interaction of 
two current-carrying loops located in vacuum can be represented as 

w ia = (1/fio) f BA dV, where Bi and B 2 are the magnetic inductions 
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within a volume element dV , produced individually by the currents 
of the first and the second loop respectively. 

3.346. Find the interaction energy of two loops carrying currents 
I x and / 2 if both loops are shaped as circles of radii a and b , with 
a <C b. The loops’ centres are located at the same point and their 
planes form an angle 8 between them. 

3.347. The space between two concentric metallic spheres is filled 
up with a uniform poorly conducting medium of resistivity p and 
permittivity e. At the moment t = 0 the inside sphere obtains a 
certain charge. Find: 

(a) the relation between the vectors of displacement current den- 
sity and conduction current density at an arbitrary point of the me- 
dium at the same moment of time; 

(b) the displacement current across an arbitrary closed surface 
wholly located in the medium and enclosing the internal sphere, if 
at the given moment of time the charge of that sphere is equal to q . 

3.348. A parallel-plate capacitor is formed by two discs with a 
uniform poorly conducting medium between them. The capacitor 
was initially charged and then disconnected from a voltage source. 
Neglecting the edge effects, show that there is no magnetic field 
between capacitor plates. 

3.349. A parallel-plate air condenser whose each plate has an 
area S = 100 cm 2 is connected in series to an ac circuit. Find the 
electric field strength amplitude in the capacitor if the sinusoidal 
current amplitude in lead wires is equal to I m = 1.0 mA and the 
current frequency equals © = 1.6-10 7 s -1 . 

3.350. The space between the electrodes of a parallel-plate capa- 
citor is filled with a uniform poorly conducting medium of conducti- 
vity a and permittivity e. The capacitor plates shaped as round discs 
are separated by a distance d. Neglecting the edge effects, find the 
magnetic field strength between the plates at a distance r from their 
axis if an ac voltage V — V m cos cot is applied to the capacitor. 

3.351. A long straight solenoid has n turns per unit length. An 
alternating current I = I m sin c ot flows through it. Find the displace- 
ment current density as a function of the distance r from the solenoid 
axis. The cross-sectional radius of the solenoid equals R . 

3.352. A point charge q moves with a non-relativistic velocity 
v = const. Find the displacement current density j d at a point locat- 
ed at a distance r from the charge on a straight line 

(a) coinciding with the charge path; 

(b) perpendicular to the path and passing through the charge. 

3.353. A thin wire ring of radius a carrying a charge q approaches 
the observation point P so that its centre moves rectilinearly with 
a constant velocity v. The plane of the ring remains perpendicular 
to the motion direction. At what distance x m from the point P will 
the ring be located at the moment when the displacement current 
density at the point P becomes maximum? What is the magnitude of 
this maximum density? 
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3.354. A point charge q moves with a non-relativistic velocity 
v = const. Applying the theorem for the circulation of the vector H 
around the dotted circle shown in Fig. 3.97, find H at the point A 
as a function of a radius vector r and velocity v of the charge. 

3.355. Using Maxwell’s equations, show that 

(a) a time-dependent magnetic field cannot exist without an elec- 
tric field; 

(b) a uniform electric field cannot exist in the presence of a time- 
dependent magnetic field; 

(c) inside an empty cavity a uniform electric (or magnetic) field 
can be time-dependent. 

3.356. Demonstrate that the law of electric charge conservation, 
i.e. V.j == — dp/dt, follows from Maxwell’s equations. 

3.357. Demonstrate that Maxwell’s equations VxE = - dBldt 
and V.B = 0 are compatible, i.e. the first one does not contradict 
the second one. 

3.358. In a certain region of the inertial reference frame there is 
magnetic field with induction B rotating with angular velocity to. 
Find VxE in this region as a function of vectors to and B. 

3.359. In the inertial reference frame K there is a uniform magnetic 
field with induction B. Find the electric field strength in the frame 
K ' which moves relative to the frame K with a non-relativistic ve- 
locity v, with vjLB. To solve this problem, consider the forces acting 
on an imaginary charge in both reference frames at the moment when 
the velocity of the charge in the frame K' is equal to zero. 


3.360. A large plate of non-ferromagnetic material moves with a 
constant velocity v = 90 cm/s in a uniform magnetic field with in- 
duction B = 50 mT as shown in Fig. 3.98. Find the surface density 
of electric charges appearing on the plate as a result of its motion. 

3.361. A long solid aluminum cylinder of radius a = 5.0 cm 
rotates about its axis in a uniform magnetic field with induction 
B = 10 mT. The angular velocity of rotation equals co = 45 rad/s, 
with co ff B. Neglecting the magnetic field of appearing charges, 
find their space and surface densities. 

3.362. A non-relativistic point charge q moves with a constant 
velocity v. Using the field transformation formulas, find the magnet- 
ic induction B produced by this charge at the point whose position 
relative to the charge is determined by the radius vector r. 



\ / 


Fig. 3.97. 


Fig. 3.98. 
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3 . 363 . Using Eqs. (3.6h), demonstrate that if in the inertial ref- 
erence frame K there is only electric or only magnetic field, in any 
other inertial frame K ' both electric and magnetic fields will coexist 
simultaneously, with E' J_ B'. 

3 . 364 . In an inertial reference frame K there is only magnetic 
field with induction B = b (yi — x])l ( x 2 + y 2 ), where b is a con- 
stant, i and ] are the unit vectors of the x and y axes. Find the elec- 
tric field strength E' in the frame K ' moving relative to the frame 
K with a constant non-relativistic velocity v = i;k; k is the unit 
vector of the z axis. The z ' axis is assumed to coincide with the z 
axis. What is the shape of the field E'? 

3 . 365 . In an inertial reference frame K there is only electric field 

of strength E — a (rri + y])/(x 2 + y 2 ), where a is a constant, i and 
] are the unit vectors of the x and y axes. Find the magnetic induction 
B' in the frame K' moving relative to the frame K with a constant 
non-relativistic velocity v = vk; k is the unit vector of the z axis. 
The z f axis is assumed to coincide with the z axis. What is the shape 
of the magnetic induction B'? * 

3 . 366 . Demonstrate that the transformation formulas (3.6h) 
follow from the formulas (3.6i) at v 0 <C c. 

3 . 367 . In an inertial reference frame K there is only a uniform 
electric field E = 8 kV/m in strength. Find the modulus and direc- 
tion 

(a) of the vector E', (b) of the vector B' in the inertial reference 
frame K' moving with a constant velocity v relative to the frame 
K at an angle a = 45° to the vector E. The velocity of the frame K' 
is equal to a (3 — 0.60 fraction of the velocity of light. 

3 . 368 . Solve a problem differing from the foregoing one by a mag- 
netic field with induction B = 0.8 T replacing the electric field. 

3 . 369 . Electromagnetic field has two invariant quantities. Using 
the transformation formulas (3.6i), demonstrate that these quantities 
are 

(a) EB; (b) E 2 - c 2 B 2 . 

3 . 370 . In an inertial reference frame K there are two uniform mu- 
tually perpendicular fields: an electric field of strength E — 40 kV/m 
and a magnetic field induction B = 0.20 mT. Find the electric 
strength E f (or the magnetic induction B f ) in the reference frame 
K' where only one field, electric or magnetic, is observed. 

Instruction. Make use of the field invariants cited in the foregoing 
problem. 

3 . 371 . A point charge q moves uniformly and rectilinearly with 
a relativistic velocity equal to a P fraction of the velocity of light 
(P = vie). Find the electric field strength E produced by the charge 
at the point whose radius vector relative to the charge is equal to 
r and forms an angle 6 with its velocity vector. 
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3.7. MOTION OF CHARGED PARTICLES IN ELECTRIC 
AND MAGNETIC FIELDS 


• Lorentz force: 

F = qE + q [vBj. 

• Motion equation of a relativistic particle: 

d mpY __ p 

dt Y T—Jvjc)* 


(3.7a) 


(3.7b) 


• Period of revolution of a charged particle in a uniform magnetic field: 

2 nm 


7* = - 


qB 


(3.7c) 


where m is the relativistic mass of the particle, m = mJY 1 — (vie) 2 . 

• Betatron condition, that is the condition for an electron to move along 
a circular orbit in a betatron: 


*o = 



(3.7d) 


where B 0 is the magnetic induction at an orbit’s point, ( B ) is the mean value 
of the induction inside the orbit. 


3.372. At the moment t = 0 an electron leaves one plate of a par- 
allel-plate capacitor with a negligible velocity. An accelerating 
voltage,, varying as V — at , where a = 100 V/s, is applied between 
the plates. The separation between the plates is l == 5.0 cm. What 
is the velocity of the electron at the moment it reaches the opposite 
plate? 

3.373. A proton accelerated by a potential difference V gets into 
the uniform electric field of a parallel-plate capacitor whose plates 
extend over a length l in the motion direction. The field strength 
varies with time as E = at , where a is a constant. Assuming the pro- 
ton to be non-relativistic, find the angle between the motion direc- 
tions of the proton before and after its flight through the capacitor; 
the proton gets in the field at the moment t = 0. The edge effects are 
to be neglected. 

3.374. A particle with specific charge q/m moves rectilinearly due 
to an electric field E == E 0 — ax, where a is a positive constant, x 
is the distance from the point where the particle was initially at 
rest. Find: 

(a) the distance covered by the particle till the moment it came 
to a standstill; 

(b) the acceleration of the particle at that moment. 

3.375. An electron starts moving in a uniform electric field of 
strength E = 10 kV/cm. How soon after the start will the kinetic 
energy of the electron become equal to its rest energy? 

3.376. Determine the acceleration of a relativistic electron moving 
along a uniform electric field of strength E at the moment when its 
kinetic energy becomes equal to T . 

3.377. At the moment i = 0a relativistic proton flies with a ve- 
locity v 0 into the region where there is a uniform transverse electric 
field of strength E, with v 0 _L E. Find the time dependence of 


160 


(a) the angle 0 between the proton’s velocity vector v and the ini- 
tial direction of its motion; 

(b) the projection v x of the vector v on the initial direction of 
motion. 

3.378. A proton accelerated by a potential difference V — 500 kV 
flies through a uniform transverse magnetic field with induction 
B = 0.51 T. The field occupies a region 
of space d — 10 cm in thickness (Fig. 3.99) . 

Find the angle a through which the pro- 
ton deviates from the initial direction of 
its motion. 

3.379. A charged particle moves along 

a circle of radius r = 100 mm in a 
uniform magnetic field with induction 
B — 10.0 mT. Find its velocity and pe- F g- 3-99, 

riod of revolution if that particle is 

(a) a non-relativistic proton; 

(b) a relativistic electron. 

3.380. A relativistic particle with charge q and rest mass m 0 
moves along a circle of radius r in a uniform magnetic field of induc- 
tion B. Find: 

(a) the modulus of the particle’s momentum vector; 

(b) the kinetic energy of the particle; 

(c) the acceleration of the particle. 

3.381. Up to what values of kinetic energy does the period of 
revolution of an electron and a proton in a uniform magnetic field 
exceed that at non-relativistic velocities by r) = 1 .0 % ? 

3.382. An electron accelerated by a potential difference V — 
= 1.0 kV moves in a uniform magnetic field at an angle a — 30° to 
the vector B whose modulus is B = 29 mT. Find the pitch of the 
helical trajectory of the electron. 

3.383. A slightly divergent beam of non-relativistic charged par- 
ticles accelerated by a potential difference V propagates from a point 
A along the axis of a straight solenoid. The beam is brought into 
focus at a distance l from the point A at two successive values of 
magnetic induction B x and B 2 . Find the specific charge q/m of the 
particles. 

3.384. A non-relativistic electron originates at a point A lying 
on the axis of a straight solenoid and moves with velocity v at an 
angle a to the axis. The magnetic induction of the field is equal to 
B. Find the distance r from the axis to the point on the screen into 
which the electron strikes. The screen is oriented at right angles to 
the axis and is located at a distance l from the point A. 

3.385. From the surface of a round wire of radius a carrying a 
direct current I an electron escapes with a velocity v 0 perpendicular 
to the surface. Find what will be the maximum distance of the elec- 
tron from the axis of the wire before it turns back due to the action 
of the magnetic field generated by the current. 
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3.386. A non-relativistic charged particle flies through the elec* 
trie field of a cylindrical capacitor and gets into a uniform transverse 
magnetic field with induction B (Fig. 3.100). In the capacitor the 
particle moves along the arc of a circle, in the magnetic field, along 
a semi-circle of radius r. The potential difference applied to the capa- 
citor is equal to V , the radii of the electrodes are equal to a and b, 
with a < b. Find the velocity of the particle and its specific charge 
g/m. 



Fig. 3.100. 
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3.387. Uniform electric and magnetic fields with strength E and 
induction B respectively are directed along the y axis (Fig. 3.101). 
A particle with specific charge q/m leaves the origin O in the direction 
of the x axis with an initial non-relativistic velocity v 0 . Find: 

(a) the coordinate y n of the particle when it crosses the y axis 
for the nth time; 

(b) the angle a between the particle’s velocity vector and the y 
axis at that moment. 

3.388. A narrow beam of identical ions with specific charge qlm, 
possessing different velocities, enters the region of space, where there 
are uniform parallel electric and magnetic fields with strength E 
and induction B , at the point O (see Fig. 3.101). The beam direction 
coincides with the x axis at the point O . A plane screen oriented at 
right angles to the x axis is located at a distance l from the point O. 
Find the equation of the trace that the ions leave on the screen. 
Demonstrate that at z <C l it is the equation of a parabola. 

3.389. A non-relativistic proton beam passes without deviation 
through the region of space where there are uniform transverse mu- 
tually perpendicular electric and magnetic fields with E — 120 kV/m 
and B = 50 mT. Then the beam strikes a grounded target. Find 
the force with which the beam acts on the target if the beam current 
is equal to I = 0.80 mA. 

3.390. Non-relativistic protons move rectilinearly in the region of 
space where there are uniform mutually perpendicular electric and 
magnetic fields with E = 4.0 kV/m and B = 50 mT. The trajectory of 
the protons lies in the plane xz (Fig. 3.102) and forms an angle 
cp — 30° with the x axis. Find the pitch of the helical trajectory along 
which the protons will move after the electric field is switched off. 
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3.391. A beam of non-relativistic charged particles moves without 
deviation through the region of space A (Fig. 3.103) where there are 
transverse mutually perpendicular electric and magnetic fields with 




Fig. 3.103. 


strength E and induction B . When the magnetic field is switched off, 
the trace of the beam on the screen S shifts by Ax. Knowing the 
distances a and b y find the specific charge qlm of the particles. 

3.392. A particle with specific charge qlm moves in the region of 
space where there are uniform mutually perpendicular electric and 
magnetic fields with strength E and induc- 
tion B (Fig. 3.104). At the moment t == 0 
the particle was located at the point 0 and 
had zero velocity. For the non-relativistic 
case find: 

(a) the law of motion x (t) and y ( t ) of the 
particle; the shape of the trajectory; 

(b) the length of the segment of the trajecto- 
ry between two nearest points at which the 
velocity of the particle turns into zero; 

(c) the mean value of the particle’s veloc- 
ity vector projection on the x axis (the drift velocity). 

3.393. A system consists of a long cylindrical anode of radius a 
and a coaxial cylindrical cathode of radius b(b<a). A filament 
located along the axis of the system carries a heating current I pro- 
ducing a magnetic field in the surrounding space. Find the least po- 
tential difference between the cathode and anode at which the thermal 
electrons leaving the cathode without initial velocity start reach- 
ing the anode. 

3.394. Magnetron is a device consisting of a filament of radius a 
and a coaxial cylindrical anode of radius b which are located in a 
uniform magnetic field parallel to the filament. An accelerating po- 
tential difference V is applied between the filament and the anode. 
Find the value of magnetic induction at which the electrons leaving 
the filament with zero velocity reach the anode. 

3.395. A charged particle with specific charge qlm starts moving 
in the region of space where there are uniform mutually perpendicu- 
lar electric and magnetic fields. The magnetic field is constant and 
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has an induction B while the strength of the electric field varies with 
time as E = E m cos o £, where o = qBlm . For the non-relativistic 
case find the law of motion x ( t ) and y ( t ) of the particle if at the mo- 
ment t = 0 it was located at the point 0 (see Fig. 3.104). What is 
the approximate shape of the trajectory of the particle? 

3.396. The cyclotron’s oscillator frequency is equal to v = 10 MHz. 
Find the effective accelerating voltage applied across the dees of that 
cyclotron if the distance between the neighbouring trajectories of 
protons is not less than A r = 1.0 cm, with the trajectory radius 
being equal to r = 0.5 m. 

3.397. Protons are accelerated in a cyclotron so that the maximum 
curvature radius of their trajectory is equal to r — 50 cm. Find: 

(a) the kinetic energy of the protons when the acceleration is 
completed if the magnetic induction in the cyclotron is B = 1.0 T; 

(b) the minimum frequency of the cyclotron’s oscillator at which 
the kinetic energy of the protons amounts to T = 20 MeV by the 
end of acceleration. 

3.398. Singly charged ions He + are accelerated in a cyclotron so 
that their maximum orbital radius is r = 60 cm. The frequency of 
a cyclotron’s oscillator is equal to v = 10.0 MHz, the effective ac- 
celerating voltage across the dees is V — 50 kV. Neglecting the gap 
between the dees, find: 

(a) the total time of acceleration of the ion; 

(b) the approximate distance covered by the ion in the process of 
its acceleration. 

3.399. Since the period of revolution of electrons in a uniform mag- 
netic field rapidly increases with the growth of energy, a cyclotron 
is unsuitable for their acceleration. This 

drawback is rectified in a microtron 
(Fig. 3.105) in which a change AT in the 
period of revolution of an electron is 
made multiple with the period of accele- 
rating field T 0 . How many times has an 
electron to cross the accelerating gap of 
a microtron to acquire an energy W — 

= 4.6 MeV if AT = T 0 , the magnetic 
induction is equal to B = 107 mT, and 
the frequency of accelerating field to 
v = 3000 MHz? 



3.400. The ill effects associated with the variation of the period 
of revolution of the particle in a cyclotron due to the increase of its 
energy are eliminated by slow monitoring (modulating) the frequency 
of accelerating field. According to what law <o ( t ) should this frequen- 
cy be monitored if the magnetic induction is equal to B and the 
particle acquires an energy AW per revolution? The charge of the 
particle is q and its mass is m . 

3.401. A particle with specific charge qlm is located inside a round 
solenoid at a distance r from its axis. With the current switched into 


the winding, the magnetic induction of the field generated by the 
solenoid amounts to B. Find the velocity of the particle and the cur- 
vature radius of its trajectory, assuming that during the increase of 
current flowing in the solenoid the particle shifts by a negligible 
distance. 

3.402. In a betatron the magnetic flux across an equilibrium orbit 
of radius r = 25 cm grows during the acceleration time at practically 

constant rate O = 5.0 Wb/s. In the process, the electrons acquire an 
energy W = 25 MeV. Find the number of revolutions made by the 
electron during the acceleration time and the corresponding distance 
covered by it. 

3.403. Demonstrate that electrons move in a betatron along a 
round orbit of constant radius provided the magnetic induction on 
the orbit is equal to half the mean value of that inside the orbit 
(the betatron condition). 

3.404. Using the betatron condition, find the radius of a round 
orbit of an electron if the magnetic induction is known as a function 
of distance r from the axis of the field. Examine this problem for the 
specific case B = B 0 — - ar 2 , where B 0 and a are positive constants. 

3.405. Using the betatron condition, demonstrate that the strength 
of the eddy-current field has the extremum magnitude on an equilib- 
rium orbit. 

3.406. In a betatron the magnetic induction on an equilibrium 
orbit with radius r = 20 cm varies during a time interval At = 
= 1.0 ms at practically constant rate from zero to B = 0.40 T. Find 
the energy acquired by the electron per revolution. 

3.407. The magnetic induction in a betatron on an equilibrium 
orbit of radius r varies during the acceleration time at practically 
constant rate from zero to B . Assuming the initial velocity of the 
electron to be equal to zero, find: 

(a) the energy acquired by the electron during the acceleration 
time; 

(b) the corresponding distance covered by the electron if the acce- 
leration time is equal to A t. 



PART FOUR 


OSCILLATIONS AND WAVES 


4.1. MECHANICAL OSCILLATIONS 


• Harmonic motion equation and its solution: 


i‘+(ogx = 0, x = a cos (too* +a), 


(4.1a) 


where co 0 is the natural oscillation frequency. 

• Damped oscillation equation and its solution: 


a:+2pa:+CD§a: = 0, x =a 0 e ^ cos {tot + a), 


(4.1b) 


where p is the damping coefficient, to is the frequency of damped oscillations: 


4 . 1 . A point oscillates along the x axis according to the law x = 
= a cos (tot — jx/4). Draw the approximate plots 

(a) of displacement x, velocity projection v x , and acceleration 
projection w x as functions of time t\ 

(b) velocity projection v x and acceleration projection w x as func- 
tions of the coordinate x. 

4.2. A point moves along the x axis according to the law x = 
= a sin 2 ( tot — jt/4). Find: 

(a) the amplitude and period of oscillations; draw the plot x (t); 

(b) the velocity projection v x as a function of the coordinate x\ 
draw the plot v x (x). 

4.3. A particle performs harmonic oscillations along the x axis 
about the equilibrium position x = 0. The oscillation frequency is 
to = 4.00 S"~ 1 . At a certain moment of time the particle has a coor- 
dinate x Q = 25.0 cm and its velocity is equal to v x0 = 100 cm/s. 

100 


G)= / (DS— ^2 . 


4.1c) 


• Logarithmic damping decrement X and quality factor Q : 


X = p7\ Q = Jt/X, 


(4. Id) 


where T = 2jx/co. 

• Forced oscillation equation and its steady-state solution: 


x + 2$x+tolx=zf 0 cos (oty x = a cos {tot — qp), 

where 


(4.1e) 



(4.1f) 


• Maximum shift amplitude occurs at 


u res = / H-W- 


(4.1g) 


Find the coordinate x and the velocity v x of the particle t = 2.40 s 
after that moment. 

4.4. Find the angular frequency and the amplitude of harmonic 
oscillations of a particle if at distances x 1 and x 2 from the equilib- 
rium position its velocity equals v 1 and u 2 respectively. 

4.5. A point performs harmonic oscillations along a straight line 
with a period T = 0.60 s and an amplitude a = 10,0 cm. Find the 
mean velocity of the point averaged over the time interval during 
which it travels a distance a! 2, starting from 

(a) the extreme position; 

(b) the equilibrium position. 

4.6. At the moment t = 0 a point starts oscillating along the x 
axis according to the law x = a sin at. Find: 

(a) the mean value of its velocity vector projection ( v x >; 

(b) the modulus of the mean velocity vector j(v)j ; 

(c) the mean value of the velocity modulus ( v ) averaged over 3/8 
of the period after the start. 

4.7. A particle moves along the x axis according to the law x = 
— a cos at . Find the distance that the particle covers during the 
time interval from t = 0 to t. 

4.8. At the moment t = 0 a particle starts moving along the x 
axis so that its velocity projection varies as v x = 35 cos jt t cm/s, 
where t is expressed in seconds. Find the distance that this particle 
covers during t = 2.80 s after the start. 

4.9. A particle performs harmonic oscillations along the x axis 
according to the law x = a cos at. Assuming the probability P of 
the particle to fall within an interval from —a to -fa to be equal to 
unity, find how the probability density dPIdx depends on x. Here 
dP denotes the probability of the particle falling within an interval 
from x to x -f dx. Plot dPIdx as a function of x. 

4.10. Using graphical means, find an amplitude a of oscillations 
resulting from the superposition of the following oscillations of the 
same direction: 

(a) x x = 3.0 cos (at + ji/3), x 2 = 8. Osin (at -f jt/6); 

(b) x x = 3.0 cos at, x 2 = 5.0 cos (iot + jt/4), x 3 = 6.0 sin at. 

4.11. A point participates simultaneously in two harmonic oscil- 
lations of the same direction: x 1 = a cos at and x 2 = a cos 2 at. 
Find the maximum velocity of the point. 

4.12. The superposition of two harmonic oscillations of the same 
direction results in the oscillation of a point according to the law 
x = a cos 2 At cos 50.0£, where t is expressed in seconds. Find the 
angular frequencies of the constituent oscillations and the period 
with which they beat. 

4.13. A point A oscillates according to a certain harmonic law in 
the reference frame K' which in its turn performs harmonic oscilla- 
tions relative to the reference frame K. Both oscillations occur along 
the same direction. When the K ' frame oscillates at the frequency 
20 or 24 Hz, the beat frequency of the point A in the K frame turns 
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out to be equal to v. At what frequency of oscillation of the frame 
K' will the beat frequency of the point A become equal to 2v? 

4.14. A point moves in the plane xy according to the law x = 
= a sin tot, y — b cos cot, where a, b, and to are positive constants. 
Find: 

(a) the trajectory equation y (x) of the point and the direction of 
its motion along this trajectory; 

(b) the acceleration w of the point as a function of its radius vector 
r relative to the origin of coordinates. 

4.15. Find the trajectory equation y (x) of a point if it moves ac- 
cording to the following laws: 

(a) x = a sin at, y — a sin 2cof; 

(b) x = a sin at, y — a cos 2at. 

Plot these trajectories. 

4.16. A particle of mass m is located in a unidimensional potential 
field where the potential energy of the particle depends on the coor- 
dinate x as U (x) = U 0 (1 — cos ax); U 0 and a are constants. Find 
the period of small oscillations that the particle performs about the 
equilibrium position. 

4.17. Solve the foregoing problem if the potential energy has the 
form U (x) = a/x 2 — blx, where a and b are positive constants. 

4.18. Find the period of small oscillations in a vertical plane per- 
formed by a ball of mass m = 40 g fixed at the middle of a horizon- 
tally stretched string l = 1.0 m in length. The tension of the string 
is assumed to be constant and equal to F = 10 N. 

4.19. Determine the period of small oscillations of a mathematical 
pendulum, that is a ball suspended by a thread l — 20 cm in length, 
if it is located in a liquid whose density is r] — 3.0 times less than 
that of the ball. The resistance of the liquid is to be neglected. 

4.20. A ball is suspended by a thread of length Z at the point O on 
the wall, forming a small angle cc with the vertical (Fig. 4.1). Then 




Fig. 4.2. 


the thread with the ball was deviated through a small angle p (P > a) 
and set free. Assuming the collision of the ball against the wall to 
be perfectly elastic, find the oscillation period of such a pendulum. 
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4.21. A pendulum clock is mounted in an elevator car which starts 
going up with a constant acceleration w , with w < g. At a height h 
the acceleration of the car reverses, its magnitude remaining constant. 
How soon after the start of the motion will the clock show the right 
time again? 

4.22. Calculate the period of small oscillations of a hydrometer 
(Fig. 4.2) which was slightly pushed down in the vertical direction. 
The mass of the hydrometer is m = 50 g, the radius of its tube is 
r = 3.2 mm, the density of the liquid is p = 1.00 gl cm 3 . The resis- 
tance of the liquid is assumed to be negligible. 

4.23. A non-deformed spring whose ends are fixed has a stiffness 
x = 13 N/m. A small body of mass m = 25 g is attached at the point 
removed from one of the ends by r\ = 1/3 of the spring’s length. Neg- 
lecting the mass of the spring, find the period of small longitudinal 
oscillations of the body. The force of gravity is assumed to be absent. 

'A . Xz V 


Fig. 4.3. 


4.24. Determine the period of small longitudinal oscillations of 
a body with mass m in the system shown in Fig. 4.3. The stiffness 
values of the springs are x x and x 2 . The friction and the masses of 
the springs are negligible. 

4.25. Find the period of small vertical oscillations of a body with 
mass m in the system illustrated in Fig. 4.4. The stiffness values of 
the springs are x x and x 2 , their masses are negligible. 

4.26. A small body of mass m is fixed to the middle of a stretched 
string of length 21. In the equilibrium position the string tension is 
equal to T 0 . Find the angular frequency of small oscillations of the 
body in the transverse direction. The mass of the string is negligible, 
the gravitational field is absent. 
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4.27. Determine the period of oscillations of mercury of mass 
m = 200 g poured into a bent tube (Fig. 4.5) whose right arm forms 
an angle 0 = 30° with the vertical. The cross-sectional area of the 
tube is S = 0.50 cm 2 . The viscosity of mercury is to be neglected. 


4.28. A uniform rod is placed on two spinning wheels as shown in 
Fig. 4.6. The axes of the wheels are separated by a distance l = 20 cm, 
the coefficient of friction between the rod and the wheels is k — 0.18. 
Demonstrate that in this case the rod performs harmonic oscilla- 
tions. Find the period of these oscillations. 



Fig. 4.6. 


4.29. Imagine a shaft going all the way through the Earth from 
pole to pole along its rotation axis. Assuming the Earth to be a ho- 
mogeneous ball and neglecting the air drag, find: 

(a) the equation of motion of a body falling down into the shaft; 

(b) how long does it take the body to reach the other end of the 
shaft; 

(c) the velocity of the body at the Earth’s centre. 

4.30. Find the period of small oscillations of a mathematical pen- 
dulum of length l if its point of suspension O moves relative to the 
Earth’s surface in an arbitrary direction with a constant acceleration 
w (Fig. 4.7). Calculate that period if l — 2l cm, w = gl 2, and the 
angle between the vectors w and g equals ji = 120°. 



Fig. 4.7. 
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4.31. In the arrangement shown in Fig. 4.8 the sleeve M of mass 
m = 0.20 kg is fixed between two identical springs whose combined 
stiffness is equal to x = 20 N/m. The sleeve can slide without fric- 
tion over a horizontal bar AB . The arrangement rotates with a con- 
stant angular velocity co = 4.4 rad/s about a vertical axis passing 
through the middle of the bar. Find the period of small oscillations 
of the sleeve. At what values of co will there be no oscillations of the 
sleeve? 

4.32. A plank with a bar placed on it performs horizontal harmonic 
oscillations with amplitude a = 10 cm. Find the coefficient of fric- 
tion between the bar and the plank if the former starts sliding along 
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the plank when the amplitude of oscillation of the plank becomes 
less than f = 1.0 s. 

4.33. Find the time dependence of the angle of deviation of a 
mathematical pendulum 80 cm in length if at the initial moment the 
pendulum 

(a) was deviated through the angle 3.0° and then set free without 
push; 

(b) was in the equilibrium position and its lower end was imparted 
the horizontal velocity 0.22 m/s; 

(c) was deviated through the angle 3.0° and its lower end was im- 
parted the velocity 0.22 m/s directed toward the equilibrium position. 

4.34. A body A of mass m 1 = 1.00 kg and a body B of mass m 2 = 
= 4.10 kg are interconnected by a spring as shown in Fig. 4.9. The 
body A performs free vertical harmonic oscilla- 
tions with amplitude a = 1.6 cm and frequency 
co = 25 s- 1 . Neglecting the mass of the spring, 
find the maximum and minimum values of force 
that this system exerts on the bearing surface. 

4.35. A plank with a body of mass m placed 

on it starts moving straight up according to 
the law y = a (1 — cos co£), where y is the 
displacement from the initial position, co = pis 4 9 

= 11 s-i . Find: 

(a) the time dependence of the force that the body exerts on the 
plank if a = 4.0 cm; plot this dependence; 

(b) the minimum amplitude of oscillation of the plank at which 
the body starts falling behind the plank; 

(c) the amplitude of oscillation of the plank at which the body 
springs up to a height h = 50 cm relative to the initial position (at 
the moment t = 0). 

4.36. A body of mass m was suspended by a non-stretched spring, 
and then set free without push. The stiffness of the spring is x. 
Neglecting the mass of the spring, find: 

(a) the law of motion y ( t ), where y is the displacement of the body 
from the equilibrium position; 

(b) the maximum and minimum tensions of the spring in the pro- 
cess of motion. 

4.37. A particle of mass m moves due to the force F = — amr, 
where a is a positive constant, r is the radius vector of the particle 
relative to the origin of coordinates. Find the trajectory of its motion 
if at the initial moment r = r 0 i and the velocity v = i> 0 j, where i 
and j are the unit vectors of the x and y axes. 

4.38. A body of mass m is suspended from a spring fixed to the 
ceiling of an elevator car. The stiffness of the spring is x. At the mo- 
ment t = 0 the car starts going up with an acceleration w. Neglecting 
the mass of the spring, find the law of motion y ( t ) of the body rela- 
tive to the elevator car if y (0) = 0 and y (0) = 0. Consider the fol- 
lowing two cases: 
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(a) w — const; 

(b) w — at, where a is a constant. 

4.39. A body of mass m — 0.50 kg is suspended from a rubber cord 
with elasticity coefficient k — 50 N/m. Find the maximum distance 
over which the body can be pulled down for the body’s oscillations 
to remain harmonic. What is the energy of oscillation in this case? 

4.40. A body of mass m fell from a height h onto the pan of a spring 
balance (Fig. 4.10). The masses of the pan and the spring are negligible, 
the stiffness of the latter is x. Having stuck to the pan, the body starts 
performing harmonic oscillations in the vertical direction. Find the 
amplitude and the energy of these oscillations. 
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Fig. 4.10. Fig. 4.11. 


4.41. Solve the foregoing problem for the case of the pan having 
a mass M. Find the oscillation amplitude in this case. 

4.42. A particle of mass m moves in the plane xy due to the force 

varying with velocity as F = a {yi — x]), where a is a positive con- 
stant, i and j are the unit vectors of the x and y axes. At the initial 
moment t — 0 the particle was located at the point x = y = 0 and 
possessed a velocity v 0 directed along the unit vector j. Find the law 
of motion x ( t ), y ( t ) of the particle, and also the equation of its tra- 
jectory. 

4.43. A pendulum is constructed as a light thin-walled sphere of 
radius R filled up with water and suspended at the point O from a 
light rigid rod (Fig. 4.11). The distance between the point O and the 
centre of the sphere is equal to l. How many times will the small 
oscillations of such a pendulum change after the water freezes? The 
viscosity of water and the change of its volume on freezing are to 
be neglected. 

4.44. Find the frequency of small oscillations of a thin uniform 
vertical rod of mass m and length l hinged at the point O (Fig. 4.12). 
The combined stiffness of the springs is equal to x. The mass of the 
springs is negligible. 

4.45. A uniform rod of mass m — 1.5 kg suspended by two iden- 
tical threads Z = 90 cm in length (Fig. 4.13) was turned through a 
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small angle about the vertical axis passing through its middle point 
C. The threads deviated in the process through an angle a = 5.0°. 
Then the rod was released to start performing small oscillations. 
Find: 

(a) the oscillation period; 

(b) the rod’s oscillation energy. 
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Fig. 4.12. Fig. 4.13. Fig. 4.14. 

4.46. An arrangement illustrated in Fig. 4.14 consists of a hori- 
zontal uniform disc D of mass m and radius R and a thin rod AO 
whose torsional coefficient is equal to k . Find the amplitude and the 
energy of small torsional oscillations if at the initial moment the 
disc was deviated through an angle cp 0 from the equilibrium position 

and then imparted an angular velocity cp 0 . 

4.47. A uniform rod of mass m and length l performs small oscil- 
lations about the horizontal axis passing through its upper end. Find 
the mean kinetic energy of the rod averaged over one oscillation pe- 
riod if at the initial moment it was deflected from the vertical by an 

angle 0 O and then imparted an angular velocity 0 O . 

4.48. A physical pendulum is positioned so that its centre of grav- 
ity is above the suspension point. From that position the pendulum 
started moving toward the stable equilibrium and passed it with an 
angular velocity co. Neglecting the friction find the period of small 
oscillations of the pendulum. 

4.49. A physical pendulum performs small oscillations about the 
horizontal axis with frequency Ox — 15.0 s-*. When a small body 
of mass m = 50 g is fixed to the pendulum at a distance l = 20 cm 
below the axis, the oscillation frequency becomes equal to co 2 = 
= 10.0 S“ *. Find the moment* of inertia of the pendulum relative 
to the oscillation axis. 

4.50. Two physical pendulums perform small oscillations about 
the same horizontal axis with frequencies cox and co 2 . Their moments 
of inertia relative to the given axis are equal to I 1 and / 2 respectively. 
In a state of stable equilibrium the pendulums were fastened rigidly 
together. What will be the frequency of small oscillations of the com- 
pound pendulum? 

4.51. A uniform rod of length l performs small oscillations about 
the horizontal axis OO f perpendicular to the rod and passing through 
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one of its points. Find the distance between the centre of inertia of 
the rod and the axis 00' at which the oscillation period is the short- 
est. What is it equal to? 

4.52. A thin uniform plate shaped as an equilateral triangle 
with a height h performs small oscillations about the horizontal 
axis coinciding with one of its sides. Find the oscillation period and 
the reduced length of the given pendulum. 

4.53. A smooth horizontal disc rotates about the vertical axis O 
(Fig. 4.15) with a constant angular velocity o>. A thin uniform rod AB 
of length l performs small oscillations about the vertical axis A fixed 
to the disc at a distance a from the axis of the disc. Find the frequency 
co 0 of these oscillations. 




4.54. Find the frequency of small oscillations of the arrangement 
illustrated in Fig. 4.16. The radius of the pulley is R, its moment of 
inertia relative to the rotation axis is /, the mass of the body is m, 
and the spring stiffness is x. The mass of the thread and the spring 
is negligible, the thread does not slide over the pulley, there is no 
friction in the axis of the pulley. 

4.55. A uniform cylindrical pulley of mass M and radius R can 
freely rotate about the horizontal axis O (Fig. 4.17). The free end of 




a thread tightly wound on the pulley carries a deadweight A . At 
a certain angle a it counterbalances a point mass m fixed at the rim 
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of the pulley. Find the frequency of small oscillations of the arrange- 
ment. 

4.56. A solid uniform cylinder of radius r rolls without sliding 
along the inside surface of a cylinder of radius i?, performing small 
oscillations. Find their period. 

4.57. A solid uniform cylinder of piass m performs small oscilla- 
tions due to the action of two springs whose combined stiffness is 
equal to x (Fig. 4.18). Find the period of these oscillations in the 
absence of sliding. 

4.58. Two cubes with masses m 1 and m 2 were interconnected by a 
weightless spring of stiffness x and placed on a smooth horizontal 
surface. Then the cubes were drawn closer to each other and released 
simultaneously. Find the natural oscillation frequency of the 
system. 

4.59. Two balls with masses m 1 = 1.0 kg and m 2 — 2.0 kg are 
slipped on a thin smooth horizontal rod (Fig. 4.19). The balls are 



interconnected by a light spring of stiffness x = 24 N/m. The left- 
hand ball is imparted the initial velocity v ± = 12 cm/s. Find: 

(a) the oscillation frequency of the system in the process of mo- 
tion; 

(b) the energy and the amplitude of oscillations. 

4.60. Find the period of small torsional oscillations of a system 
consisting of two discs slipped on a thin rod with torsional coefficient 
k , The moments of inertia of the discs relative to the rod’s axis are 
equal to and / 2 . 

4.61. A mock-up of a C0 2 molecule consists of three balls intercon- 
nected by identical light springs and placed along a straight line in 
the state of equilibrium. Such a system can freely perform oscilla- 
tions of two types, as shown by the arrows in Fig. 4.20. Knowing the 
masses of the atoms, find the ratio of frequencies of these oscilla- 
tions. 
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Fig. 4.20. Fig. 4.21. 

4.62. In a cylinder filled up with ideal gas and closed from both 
ends there is a piston of mass m^and cross-sectional area S (Fig. 4.21). 
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In equilibrium the piston divides the cylinder into two equal parts, 
each with volume V 0 . The gas pressure is p 0 . The piston wasslighlty 
displaced from the equilibrium position and released. Find its oscil- 
lation frequency, assuming the processes in the gas to be adiabatic 
and the friction negligible. 

4.63. A small ball of mass m — 21 g suspended by an insulating 
thread at a height h — 12 cm from a large horizontal conducting 
plane performs small oscillations (Fig. 4.22). After a charge q had been 
imparted to the ball, the oscillation period changed rj = 2.0 times. 
Find q. 

■///// 



Fig. 4.22. Fig. 4.23. 

4.64. A small magnetic needle performs small oscillations about an 
axis perpendicular to the magnetic induction vector. On changing 
the magnetic induction the needle’s oscillation period decreased 
r\ = 5.0 times. How much and in what way was the magnetic induc- 
tion changed? The oscillation damping is assumed to be negligible. 

4.65. A loop (Fig. 4.23) is formed by two parallel conductors con- 
nected by a solenoid with inductance L and a conducting rod of mass 
m which can freely (without friction) slide over the conductors. The 
conductors are located in a horizontal plane in a uniform vertical 
magnetic field with induction B. The distance between the conductors 
is equal to l. At the moment t — 0 the rod is imparted an initial ve- 
locity v 0 directed to the right. Find the law of its motion x (t) if 
the electric resistance of the loop is negligible. 

4.66. A coil of inductance L connects the upper ends of two vertic- 
al copper bars separated by a distance Z. A horizontal conducting con- 
nector of mass m starts falling with zero initial velocity along the 
bars without losing contact with them. The whole system is located 
in a uniform magnetic field with induction B perpendicular to the 
plane of the bars. Find the law of motion x ( t ) of the connector. 

4.67. A point performs damped oscillations according to the law 
x = aoe-P* sin ©Z. Find: 

(a) the oscillation amplitude and the velocity of the point at the 
moment t — 0; 

(b) the moments of time at which the point reaches the extreme 
positions. 

4.68. A body performs torsional oscillations according to the law 
<p = <p 0 e"&‘ cos ©Z. Find: 
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(a) the angular velocity cp and the angular acceleration cp of the 
body at the moment t = 0; 

(b) the moments of time at which the angular velocity becomes 
maximum. 

4.69. A point performs damped oscillations with frequency co 
and damping coefficient P according to the law (4.1b). Find the ini- 
tial amplitude a Q and the initial phase a if at the moment t = 0 the 
displacement of the point and its velocity projection are equal to 

(a) x (0) — 0 and v x (0) = x 0 ; 

(b) x (0) = x 0 and v x (0) = 0. 

4.70. A point performs damped oscillations with frequency co — 
= 25 s~ l . Find the damping coefficient fl if at the initial moment the 
velocity of the point is equal to zero and its displacement from the 
equilibrium position is rj == 1.020 times less than the amplitude at 
that moment. 

4.71. A point performs damped oscillations with frequency co 
and damping coefficient p. Find the velocity amplitude of the point 
as a function of time t if at the moment t = 0 

(a) its displacement amplitude is equal to a Q ; 

(b) the displacement of the point x (0) = 0 and its velocity pro- 
jection v x (0) .= x 0 . 

4.72. There are two damped oscillations with the following periods 
T and damping coefficients p: T x — 0.10 ms, p x = 100 s _1 and 
T 2 = 10 ms, p 2 = 10 s" 1 . Which of them decays faster? 

4.73. A mathematical pendulum oscillates in a medium for which 
the logarithmic damping decrement is equal to = 1.50. What 
will be the logarithmic damping decrement if the resistance of the 
medium increases n = 2.00 times? How many times has the resis- 
tance of the medium to be increased for the oscillations to become 
impossible? 

4.74. A deadweight suspended from a weightless spring extends it 
by A# = 9.8 cm. What will be the oscillation period of the dead- 
weight when it is pushed slightly in the vertical direction? The loga- 
rithmic damping decrement is equal to X = 3.1. 

4.75. Find the quality factor of the oscillator whose displacement 
amplitude decreases r| = 2.0 times every n — 110 oscillations. 

4.76. A particle was displaced from the equilibrium position by 
a distance Z = 1.0 cm and then left alone. What is the distance that 
the particle covers in the process of oscillations till the complete 
stop, if the logarithmic damping decrement is equal to X = 0.020? 

4.77. Find the quality factor of a mathematical pendulum l — 
= 50 cm long if during the time interval t — 5.2 min its total me- 
chanical energy decreases r\ — 4.0- 10 4 times. 

4.78. A uniform disc of radius R = 13 cm can rotate about a hori- 
zontal axis perpendicular to its plane and passing through the edge 
of the disc. Find the period of small oscillations of that disc if the 
logarithmic damping decrement is equal to X = 1.00. 

12 — 94^1 
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4.79. A thin uniform disc of mass m and radius R suspended by 
an elastic thread in the horizontal plane performs torsional oscil- 
lations in a liquid. The moment of elastic forces emerging in the 
thread is equal to N = a(p, where a is a constant and 9 is the angle 
of rotation from the equilibrium position. The resistance force acting 
on a unit area of the disc is equal to F x = rji;, where r\ is a constant 
and v is the velocity of the given element of the disc relative to the 
liquid. Find the frequency of small oscillation. 

4.80. A disc A of radius R suspended by an elastic thread between 
two stationary planes (Fig. 4.24) performs torsional oscillations 
about its axis 00'. The moment of inertia of the disc relative to 
that axis is equal to 7, the clearance between the disc and each of 
the planes is equal to h , with h <C i?. Find the viscosity of the gas 
surrounding the disc A if the oscillation period of the disc equals T 
and the logarithmic damping decrement, X. 
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Fig. 4.25. 


4.81. A conductor in the shape of a square frame with side a sus- 
pended by an elastic thread is located in a uniform horizontal magne- 
tic field with induction B. In equilibrium the plane of the frame 
is parallel to the vector B (Fig. 4.25). Having been displaced from 
the equilibrium position, the frame performs small oscillations about 
a vertical axis passing through its centre. The moment of inertia of 
the frame relative to that axis is equal to /, its electric resistance is R . 
Neglecting the inductance of the frame, find the time interval after 
which the amplitude of the frame’s deviation angle decreases e-fold. 

4.82. A bar of mass m = 0.50 kg lying on a horizontal plane with 
a friction coefficient k = 0.10 is attached to the wall by means of 
a horizontal non-deformed spring. The stiffness of the spring is 
equal to x = 2.45 N/cm, its mass is negligible. The bar was displaced so 
that the spring was stretched by x Q = 3.0 cm, and then released. Find: 

(a) the period of oscillation of the bar; 

(b) the total number of oscillations that the bar performs until it 
stops completely. 

4.83. A ball of mass m can perform undamped harmonic oscilla- 
tions about the point x = 0 with natural frequency co 0 . At the mo- 
ment t — 0, when the ball was in equilibrium, a force F x = F 0 cos c ot 
coinciding with the x axis was applied to it. Find the law of forced 
oscillation x ( t ) for that ball. 
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4.84. A particle of mass m can perform undamped harmonic oscil- 
lations due to an electric force with coefficient k. When the particle 
was in equilibrium, a permanent force fwas applied to it for t sec- 
onds. Find the oscillation amplitude that the particle acquired 
after the action of the force ceased. Draw the approximate plot 
x ( t ) of oscillations. Investigate possible cases. 

4.85. A ball of mass m when suspended by a spring stretches the 
latter by Al. Due to external vertical force varying according to a 
harmonic law with amplitude F 0 the ball performs forced oscilla- 
tions. The logarithmic damping decrement is equal to X. Neglecting 
the mass of the spring, find the angular frequency of the external 
force at which the displacement amplitude of the ball is maximum. 
What is the magnitude of that amplitude? 

4.86. The forced harmonic oscillations have equal displacement 
amplitudes at frequencies © x = 400 s- 1 and © 2 — 600 s- 1 . 
Find the resonance frequency at which the displacement amplitude 
is maximum. 

4.87. The velocity amplitude of a particle is equal to half the maxi- 
mum value at the frequencies ©i and © 2 of external harmonic force. 
Find: 

(a) the frequency corresponding to the velocity resonance; 

(b) the damping coefficient {3 and the damped oscillation frequency 
© of the particle. 

4.88. A certain resonance curve describes a mechanical oscillat- 
ing system with logarithmic damping decrement X — 1.60. For 
this curve find the ratio of the maximum displacement amplitude 
to the displacement amplitude at a very low frequency. 

4.89. Due to the external vertical force F x = F 0 cos c ot a body 
suspended by a spring performs forced steady-state oscillations accord- 
ing to the law x — a cos (©Z — qp). Find the work performed by 
the force F during one oscillation period. 

4.90. A ball of mass m — 50 g is suspended by a weightless spring 
with stiffness x = 20.0 N/m. Due to external vertical harmonic 
force with frequency © = 25.0 s- 1 the ball performs steady-state 
oscillations with amplitude a — 1.3 cm. In this case the displace- 

o 

ment of the ball lags in phase behind the external force by <p 
Find: 

(a) the quality factor of the given oscillator; 

(b) the work performed by the external force during one oscillation 
period. 

4.91. A ball of mass m suspended by a weightless spring can per- 
form vertical oscillations with damping coefficient {3. The natural 
oscillation frequency is equal to © 0 . Due to the external vertical 
force varying as F = F 0 cos (ot the ball performs steady-state har- 
monic oscillations. Find: 

(a) the mean power (P), developed by the force F> averaged over 
one oscillation period; 
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(b) the frequency o> of the force F at which ( P ) is maximum; what 
is (P)max equal to? 

4.92. An external harmonic force F whose frequency can be varied, 
with amplitude maintained constant, acts in a vertical direction on 
a ball suspended by a weightless spring. The damping coefficient is r| 
times less than the natural oscillation frequency (o 0 of the ball. 
How much, in per cent, does the mean power (P) developed by the 
force F at the frequency of displacement resonance differ from the 
maximum mean power { P) ma x ? Averaging is performed over one 
oscillation period. 

4.93. A uniform horizontal disc fixed at its centre to an elastic 
vertical rod performs forced torsional oscillations due to the moment 
of forces N z == N m cos cot. The oscillations obey the law <p = 
= <p m cos ((*)£ — a). Find: 

(a) the work performed by friction forces acting on the disc during 
one oscillation period; 

(b) the quality factor of the given oscillator if the moment of 
inertia of the disc relative to the axis is equal to L 


4.2. ELECTRIC OSCILLATIONS 


• Damped oscillation in a circuit 

0 = cos (<o* + a), 

where 

— pz ^ <d 0 = |7'f^ ’ P = (4.2a) 

• Logarithmic damping decrement X and quality factor Q of a circuit are 
defined by Eqs. (4. Id). When damping is low: 

o-rVir- <4 - 2b > 

• Steady-state forced oscillation in a circuit with a voltage F= F m cos (at 
connected in series: 

/ = I m cos (<a« — q>), (4.2c) 

where 
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The corresponding vector diagram for voltages is shown in Fig. 4.26. 

• Power generated in an ac circuit; 

P = VI cos <p, (4.2e) 

where V and I are the effective values of voltage and current: 

V=Vj\f 2, I = IJY 2. 


(4.2f) 


4.94. Due to a certain cause the free electrons in a plane copper 
plate shifted over a small distance x at right angles to its surface. 
As a result, a surface charge and a corresponding restoring force 
emerged, giving rise to so-called plasma oscillations. Find the 
angular frequency of these oscillations if the free electron concent- 
ration in copper is n = 0.85 -10 29 nT 1 . 

4.95. An oscillating circuit consisting of a capacitor with capac- 
itance C and a coil of inductance L maintains free undamped oscil- 
lations with voltage amplitude across the capacitor equal to Y m . 
For an arbitrary moment of time find the relation between the cur- 
rent I in the circuit and the voltage V across the capacitor. Solve 
this problem using Ohm’s law and then the energy conservation law. 

4.96. An oscillating circuit consists of a capacitor with capaci- 
tance C, a coil of inductance L with negligible resistance, and a 
switch. With the switch disconnected, the capacitor was charged to 
a voltage V m and then at the moment t = 0 the switch was closed. 
Find: 

(a) the current I (t) in the circuit as a function of time; 

(b) the emf of self-inductance in the coil at the moments when the 
electric energy of the capacitor is equal to that of the current in the 
coil. 

4.97. In an oscillating circuit consisting of a parallel-plate capa- 
citor and an inductance coil with negligible active resistance the 
oscillations with energy W are sustained. The capacitor plates were 
slowly drawn apart to increase the oscillation frequency rj-fold. 
What work was done in the process? 

4.98. In an oscillating circuit shown in Fig. 4.27 the coil inductance 
is equal to L = 2.5 mH and the capacitor have capacitances C 1 = 
= 2.0 pF and C 2 = 3.0 pF. The capacitors were charged to a voltage 
V = 180 V, and then the switch Sw was closed. Find: 

(a) the natural oscillation frequency; 

(b) the peak value of the current flowing through the coil. 


C 


Fig. 4.27. Fig. 4.28. 

4.99. An electric circuit shown in Fig. 4.28 has a negligibly small 
active resistance. The left-hand capacitor was charged to a voltage Y 0 
and then at the moment t = 0 the switch Sw was closed. Find the 
time dependence of the voltages in left and right capacitors. 

4.100. An oscillating circuit consists of an inductance coil L and 
a capacitor with capacitance C. The resistance of the coil and the lead 
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wires is negligible. The coil is placed in a permanent magnetic field 
so that the total flux passing through all the turns of the coil is equal 
to <J>. At the moment t = 0 the magnetic field was switched off. 
Assuming the switching off time to be negligible compared to the 
natural oscillation period of the circuit, find the circuit current as 
a function of time t. 

4.101* The free damped oscillations are maintained in a circuit, 
such that the voltage across the capacitor varies as V = ^6^* cos c at. 
Find the moments of time when the modulus of the voltage across 
the capacitor reaches 

(a) peak values; 

(b) maximum (extremum) values. 

4.102. A certain oscillating circuit consists of a capacitor with 
capacitance C, a coil with inductance L and active resistance R, 
and a switch. When the switch was disconnected, the capacitor was 
charged; then the switch was closed and oscillations set in. Find the 
ratio of the voltage across the capacitor to its peak value at the 
moment immediately after closing the switch. 

4.103. A circuit with capacitance C and inductance L generates 
free damped oscillations with current varying with time as I = 
= J m e-e* sin co t. Find the voltage across the capacitor as a function 
of time, and in particular, at the moment t = 0. 

4.104. An oscillating circuit consists of a capacitor with capac- 
itance C = 4.0 \i¥ and a coil with inductance L = 2.0 mH and 
active resistance R = 10 Q. Find the ratio of the energy of the coil’s 
magnetic field to that of the capacitor’s electric field at the moment 
when the current has the maximum value. 

4.105. An oscillating circuit consists of two coils connected in 
series whose inductances are L x and L a , active resistances are R ± 
and i? 2 , and mutual inductance is negligible. These coils are to be 
replaced by one, keeping the frequency and the quality factor of 
the circuit constant. Find the inductance and the active resistance of 
such a coil. 

4.106. How soon does the current amplitude in an oscillating 
circuit with quality factor Q = 5000 decrease rj = 2.0 times if the 
oscillation frequency is v = 2.2 MHz? 

4.107. An oscillating circuit consists of capacitance C — 10 fiF, 
inductance L — 25 mH, and active resistance R 
oscillation periods does it take for the current 
amplitude to decrease e-fold? 

4.108. How much (in per cent) does the free 
oscillation frequency co of a circuit with qua- 
lity factor Q — 5.0 diSer from the natural 
oscillation frequency a> 0 of that circuit? 

4.109. In a circuit shown in Fig. 4.29 the 
battery emf is equal to % = 2.0 V, its inter- 
nal resistance is r = 9.0 Q, the capacitance of the capacitor is 
C = 10 fxF, the coil inductance is L = 100 mH, and the resistance 


1 .0 Q. How many 
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is R — 1.0 Q, At a certain moment the switch Sw was disconnected. 
Find the energy of oscillations in the circuit 

(a) immediately after the switch was disconnected; 

(b) t = 0.30 s after the switch was disconnected. 

4.110. Damped oscillations are induced in a circuit whose quality 
factor is Q = 50 and natural oscillation frequency is v 0 = 5.5 kHz. 
How soon will the energy stored in the circuit decrease q = 2.0 
times? 

4.111. An oscillating circuit incorporates a leaking capacitor. 
Its capacitance is equal to C and active resistance to R . The coil 
inductance is L. The resistance of the coil and the wires is negligible. 
Find: 

(a) the damped oscillation frequency of such a circuit; 

(b) its quality factor. 

4.112. Find the quality factor of a circuit with capacitance C = 
= 2.0 |nF and inductance L = 5.0 mH if the maintenance of undamp- 
ed oscillations in the circuit with the voltage amplitude across the 
capacitor being equal to F m = 1,0 V requires a power (P) — 
= 0.10 mW. The damping of oscillations is sufficiently low. 

4.113. What mean power should be fed to an oscillating circuit 
with active resistance R = 0.45 Q to maintain undamped harmonic 
oscillations with current amplitude I m = 30 mA? 

4.114. An oscillating circuit consists of a capacitor with capac- 
itance C — 1.2 nF and a coil with inductance L — 6.0 jlxH and 
active resistance R = 0.50 Q. What mean power should be fed to 
the circuit to maintain undamped harmonic oscillations with vol- 
tage amplitude across the capacitor being equal to V m = 10 V? 

4.115. Find the damped oscillation frequency of the circuit shown 
in Fig. 4.30. The capacitance C, inductance L, and active resistance R 
are supposed to be known. Find how must C, L, and R be interrelat- 
ed to make oscillations possible. 



Fig. 4.30. Fig. 4.31. 

4.116. There are two oscillating circuits (Fig. 4.31) with capaci- 
tors of equal capacitances. How must inductances and active resis- 
tances of the coils be interrelated for the frequencies and damping 
of free oscillations in both circuits to be equal? The mutual induc- 
tance of coils in the left circuit is negligible. 

4.117. A circuit consists of a capacitor with capacitance C and 
a coil of inductance L connected in series, as well as a switch and a 
resistance equal to the critical value for this circuit. With the switch 
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disconnected, the capacitor was charged to a voltage F 0 , and at the 
moment t — 0 the switch was closed. Find the current I in the circuit 
as a function of time t. What is I max equal to? 

4.118. A coil with active resistance R and inductance L was con- 
nected at the moment t — 0 to a source of voltage V — V m cos co t. 
Find the current in the coil as a function of time t. 

4.119. A circuit consisting of a capacitor with capacitance C and 
a resistance R connected in series was connected at the moment 
t = 0 to a source of ac voltage F = F m cos cot. Find the current in 
the circuit as a function of time t. 

4.120. A long one-layer solenoid tightly wound of wire with re- 
sistivity p has n turns per unit length. The thickness of the wire 
insulation is negligible. The cross-sectional radius of the solenoid 
is equal to a . Find the phase difference between current and alternat- 
ing voltage fed to the solenoid with frequency v. 

4.121. A circuit consisting of a capacitor and an active resistance 
R = 110 Q connected in series is fed an alternating voltage with 
amplitude V m = 110 V. In this case the amplitude of steady-state 
current is equal to I m = 0.50 A. Find the phase difference between 
the current and the voltage fed. 

4.122. Fig. 4.32 illustrates the simplest ripple filter. A voltage 
F = y 0 (1 + cos co£) is fed to the left input. Find: 

(a) the output voltage V' ( t ); 

(b) the magnitude of the product RC at which the output amplitude 
of alternating voltage component is t] = 7.0 times less than the 
direct voltage component, if co = 314 s- 1 . 



Fig. 4.32. Fig. 4.33. 


4.123. Draw the approximate voltage vector diagrams in the 
electric circuits shown in Fig. 4.33 a, b . The external voltage V 
is assumed to be alternating harmonically with frequency co. 

4.124. A series circuit consisting of a capacitor with capacitance 
C = 22 p,F and a coil with active resistance R = 20 Q and induc- 
tance L = 0.35 H is connected to a source of alternating voltage 
with amplitude V m = 180 V and frequency co = 314 s“*. Find: 

(a) the current amplitude in the circuit; 

(b) the phase difference between the current and the external vol- 
tage; 

(c) the amplitudes of voltage across the capacitor and the coil. 

4.125. A series circuit consisting of a capacitor with capacitance C, 
a resistance /?, and a coil with inductance L and negligible active 
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resistance is connected to an oscillator whose frequency can be vari- 
ed without changing the voltage amplitude. Find the frequency 
at which the voltage amplitude is maximum 

(a) across the capacitor; 

(b) across the coil. 

4.126. An alternating voltage with frequency o = 314 s- 1 

and amplitude V m = 180 V is fed to a series circuit consisting of 
a capacitor and a coil with active resistance R = 40 Q and induc- 
tance L = 0.36 H. At what value of the capacitor’s capacitance will 
the voltage amplitude across the coil be maximum? What is this 
amplitude equal to? What is the corresponding voltage amplitude 
across the condenser? 

4.127. A capacitor with capacitance C whose interelectrode space 
is filled up with poorly conducting medium with active resistance R 
is connected to a source of alternating voltage V = V m cos a>t. 
Find the time dependence of the steady-state current flowing in lead 
wires. The resistance of the wires is to be neglected, 

4.128. An oscillating circuit consists of a capacitor of capacitance C 
and a solenoid with inductance L x . The solenoid is inductively con- 
nected with a short-circuited coil having an inductance L 2 and a negli- 
gible active resistance. Their mutual inductance coefficient is equal 
to L 12 . Find the natural frequency of the given oscillating cir- 
cuit. 

4.129. Find the quality factor of an oscillating circuit connected 
in series to a source of alternating emf if at resonance the voltage across 
the capacitor is n times that of the source. 

4.130. An oscillating circuit consisting of a coil and a capacitor 
connected in series is fed an* alternating emf, with coil inductance 
being chosen to provide the maximum current in the circuit. Find the 
quality factor of the system, provided an ra-fold increase of induc- 
tance results in an rj-fold decrease of the current in the circuit. 

4.131. A series circuit consisting of a capacitor and a coil with 
active resistance is connected to a source of harmonic voltage whose 
frequency can be varied, keeping the voltage amplitude constant. 
At frequencies o) x and o) 2 the current amplitudes are n times less 
than the resonance amplitude. Find: 

(a) the resonance frequency; 

(b) the quality factor of the circuit. 

4.132. Demonstrate that at low damping the quality factor Q 
of a circuit maintaining forced oscillations is approximately equal 
to o) 0 /Ao), where o) 0 is the natural oscillation frequency, Ao is the 
width of the resonance curve I (o>) at the “height” which is V 2 times 
less than the resonance current amplitude. 

4.133. A circuit consisting of a capacitor and a coil connected in 
series is fed two alternating voltages of equal amplitudes but diffe- 
rent frequencies. The frequency of one voltage is equal to the natural 
oscillation frequency (o) 0 ) of the circuit, the frequency of the other 
voltage is r| times higher. Find the ratio of the current amplitudes 
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(I 0 /I) generated by the two voltages if the quality factor of the system 
is equal to Q . Calculate this ratio for Q = 10 and 100, if rj = 1.10. 

4.134. It takes t 0 hours for a direct current / 0 to charge a storage 
battery. How long will it take to charge such a battery from the 
mains using a half-wave rectifier, if the effective current value is 
also equal to / 0 ? 

4.135. Find the effective value of current if its mean value is J 0 
and its time dependence is 

(a) shown in Fig. 4.34; 

(b) / ~ | sin o ) t |. 


4.136. A solenoid with inductance L = 7 mH and active resistance 
R — 44 Q is first connected to a source of direct voltage F 0 and then 
to a source of sinusoidal voltage with effective value F = F 0 . At 
what frequency of the oscillator will the power consumed by the 
solenoid be r\ = 5.0 times less than in the former case? 

4.137. A coil with inductive resistance Xl = 30 Q and impedance 
Z — 50 Q is connected to the mains with effective voltage value 
F = 100 V. Find the phase difference between the current and the 
voltage, as well as the heat power generated in the coil. 

4.138. A coil with inductance L — 0.70 H and active resistance 
r = 20 £2 is connected in series with an inductance-free resistance /?. 
An alternating voltage with effective value F = 220 V and frequency 
co = 314 s- 1 is applied across the terminals of this circuit. At what 
value of the resistance R will the maximum heat power be generated 
in the circuit? What is it equal to? 

4.139. A circuit consisting of a capacitor and a coil in series is 
connected to the mains. Varying the capacitance of the capacitor, 
the heat power generated in the coil was increased ft = 1.7 times. 
How much (in per cent) was the value of cos <p changed in the process? 

4.140. A source of sinusoidal emf with constant voltage is con- 
nected in series with an oscillating circuit with quality factor Q = 
= 100. At a certain frequency of the external voltage the heat power 
generated in the circuit reaches the maximum value. How much 
(in per cent) should this frequency be shifted to decrease the power 
generated n — 2.0 times? 

4.141. A series circuit consisting of an inductance-free resistance 
R = 0.16 kQ and a coil with active resistance is connected to the 
mains with effective voltage F = 220 V, Find the heat power gene- 
rated in the coil if the effective voltage values across the resistance R 
and the coil are equal to V x = 80 V and F 2 = 180 V respectively. 


I 



0 


t 


Fig. 4.34. 
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4 . 142 . A coil and an inductance-free resistance R = 25 Q are 
connected in parallel to the ac mains. Find the heat power generated 
in the coil provided a current I = 0.90 A is drawn from the mains. 
The coil and the resistance R carry currents I Y = 0.50 A and Z 2 = 
= 0.60 A respectively. 

4 . 143 . An alternating current of frequency co = 314 s~ 1 is fed 
to a circuit consisting of a capacitor of capacitance C = 73 pF and 
an active resistance R = 100 Q connected in parallel. Find the impe- 
dance of the circuit. 

4 . 144 . Draw the approximate vector diagrams of currents in the 
circuits shown in Fig. 4.35. The voltage applied across the points A 
and B is assumed to be sinusoidal; the parameters of each circuit are 
so chosen that the total current J 0 lags in phase behind the external 
voltage by an angle <p. 



Fig. 4.35. 


4 . 145 . A capacitor with capacitance C — 1.0 pF and a coil with 
active resistance R = 0.10 Q and inductance L = 1.0 mH are con- 
nected in parallel to a source of sinusoidal voltage V = 31 V. Find: 

(a) the frequency co at which the resonance sets in; 

(b) the eSective value of the fed current in resonance, as well as 
the corresponding currents flowing through the coil and through the 
capacitor. 

4 . 146 . A capacitor with capacitance C and a coil with active resis- 
tance R and inductance L are connected in parallel to a source of 
sinusoidal voltage of frequency co. Find the phase difference between 
the current fed to the circuit and the source voltage. 

4 . 147 . A circuit consists of a capacitor with capacitance C and 
a coil with active resistance R and inductance L connected in paral- 
lel. Find the impedance of the circuit at frequency co of alternating 
voltage. 

4 . 148 . A ring of thin wire with active resistance R and inductance L 
rotates with constant angular velocity co in the external uniform 
magnetic field perpendicular to the rotation axis. In the process, the 
flux of magnetic induction of external field across the ring varies with 
time as <J> = <P 0 cos co£. Demonstrate that 

(a) the inductive current in the ring varies wit h time as I — 
= I m sin (co£ — <p), where I m — c R 2 + co 2 L 2 with tan cp = 
- o MR; 

(b) the mean mechanical power developed by external forces to 
maintain rotation is defined by the formula P = V 2 c o 2 Q>lR/(R 2 + 
+ co 2 Z/ 2 ). 
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4.149. A wooden core (Fig. 4.36) supports two coils: coil 1 with 
inductance L x and short-circuited coil 2 with active resistance R 
and inductance L 2 . The mutual inductance of the coils depends on 



the distance x between them according to the law L 12 (x). Find the 
mean (averaged over time) value of the interaction force between 
the coils when coil 1 carries an alternating current / L = / 0 cos c at. 


4.3. ELASTIC WAVES. ACOUSTICS 


• Equations of plane and spherical waves: 

l = a cos (a n—kx), g===-~- cos (w t—kr). (4.3a) 


In the case of a homogeneous absorbing medium the factors e~ yx and e~ yr res- 
pectively appear in the formulas, where y is the wave damping coefficient. 
• Wave equation: 


d*l , d*l , d*i _ 1 d 2 | 


(4.3b) 


dx 2 ^ dy 2 ^ dz 2 i; 2 dt 2 ' 

• Phase velocity of longitudinal waves in an elastic medium (i^) and trans- 


verse waves in a string (v ± ): 


V ,| = Y E lp< v x = V T’/pi. (A. 3c) 

where E is Young’s modulus, p is the density of the medium, T is the tension of 
the string, p t is its linear density. 

• Volume density of energy of an elastic wave: 

w — pa 2 (o 2 sin 2 (co t — kx ), (w) — l / 2 pa 2 a> 2 . (4.3d) 

• Energy flow density, or the Umov vector for a travelling wave: 

j == w\ , (j) = V 2 p a 2 w 2 v. (4.3e) 

• Standing wave equation: 

1= a cos kx* cos co U (4.3f) 

• Acoustical Doppler effect: 


v = v 0 


V + Vpb 
v — v 3 • 


(4.3g) 


• Loudness level (in bels): 

L = log (7// 0 ). (4.3h) 

• Relation between the intensity / of a sound wave and the pressure oscil- 
lation amplitude (Ap) m : 


(4*3i) 
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I=(Ap)* m /2pv. 


4.150. How long will it take sound waves to travel the distance l 
between the points A and B if the air temperature between them 
varies linearly from 7\ to jT 2 ? The velocity of sound propagation in 
air is equal to v == a|/ T, where a is a constant- 

4.151. A plane harmonic wave with frequency co propagates at a 
velocity v in a direction forming angles a, |i, y with the x, y, z axes. 
Find the phase difference between the oscillations at the points of 
medium with coordinates x y x , z x and x 2 , y 2 , z 2 . 

4.152. A plane wave of frequency co propagates so that a certain 
phase of oscillation moves along the x, y, z axes with velocities v x , 
y 2 , v 3 respectively. Find the wave vector k, assuming the unit vectors 
e*, e y , e 2 of the coordinate axes to be assigned. 

4.153. A plane elastic wave g = a cos (co£ — kx) propagates in 
a medium A. Find the equation of this wave in a reference frame K' 
moving in the positive direction of the x axis with a constant ve- 
locity V relative to the medium K. Investigate the expression ob- 
tained. 

4.154. Demonstrate that any differentiable function / (t + ax ), 
where a is a constant, provides a solution of wave equation. What is 
the physical meaning of the constant a? 

4.155. The equation of a travelling plane sound wave has the form 
g = 60 cos (1800* — 5.3z), where g is expressed in micrometres, t 
in seconds, and x in metres. Find: 

(a) the ratio of the displacement amplitude, with which the par- 
ticles of medium oscillate, to the wavelength; 

(b) the velocity oscillation amplitude of particles of the medium 
and its ratio to the wave propagation velocity; 

(c) the oscillation amplitude of relative deformation of the medium 
and its relation to the velocity oscillation amplitude of particles of 
the medium. 

4.156. A plane wave g — a cos (c ot — kx) propagates in a homo- 
geneous elastic medium. For the moment t = 0 draw 

(a) the plots of g, dg/d£, and dg/d# vs x\ 

(b) the velocity direction of the particles of the medium at the 
points where £ = 0, for the cases of longitudinal and transverse waves; 

(c) the approximate plot of density distribution p (x) of the medium 
for the case of longitudinal waves. 

4.157. A plane elastic wave g — ae~^ x cos (co£ — kx ), where a, y, 
co, and k are constants, propagates in a homogeneous medium. Find 
the phase difference between the oscillations at the points where the 
particles’ displacement amplitudes differ by rj = 1.0%, if y = 
— 0.42 m _1 and the wavelength is X = 50 cm. 

4.158. Find the radius vector defining the position of a point source 
of spherical waves if that source is known to be located on the straight 
line between the points with radius vectors r x and r 2 at which the 
oscillation amplitudes of particles of the medium are equal to a x 
and a 2 . The damping of the wave is negligible, the medium is homo- 
geneous. 
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4.159. A point isotropic source generates sound oscillations with 
frequency v = 1.45 kHz. At a distance r 0 = 5.0 m from the source 
the displacement amplitude of particles of the medium is equal to 
a 0 = 50 pm, and at the point A located at a distance r = 10.0 m 
from the source the displacement amplitude is r\ = 3.0 times less 
than a 0 . Find: 

(a) the damping coefficient y of the wave; 

(b) the velocity oscillation amplitude of particles of the medium 
at the point A . 

4.160. Two plane waves propagate in a homogeneous elastic me- 
dium, one along the x axis and the other along the y axis: = 

== a cos {cot — kx ), = a cos (to t — ky). Find the wave motion 

pattern of particles in the plane xy if both waves 

(a) are transverse and their oscillation directions coincide; 

(b) are longitudinal. 

4.161. A plane undamped harmonic wave propagates in a medium. 
Find the mean space density of the total oscillation energy (w) 7 
if at any point of the medium the space density of energy becomes 
equal to w Q one-sixth of an oscillation period after passing the dis- 
placement maximum. 

4.162. A point isotropic sound source is located on the perpendicu- 
lar to the plane of a ring drawn through the centre O of the ring. 
The distance between the point O and the source is l = 1.00 m, the 
radius of the ring is R = 0.50 m. Find the mean energy flow across 
the area enclosed by the ring if at the point O the intensity of sound 
is equal to I 0 = 30 pW/m 2 . The damping of the waves is negligible. 

4.163. A point isotropic source with sonic power P = 0.10 W is 
located at the centre of a round hollow cylinder with radius 7? = 
■= 1.0 m and height h = 2.0 m. Assuming the sound to be completely 
absorbed by the walls of the cylinder, find the mean energy flow 
reaching the lateral surface of the cylinder. 

4.164. The equation of a plane standing wave in a homogeneous 
elastic medium has the form £ = a cos kx - cos co£. Plot: 

(a) l and d^/dx as functions of x at the moments t — 0 and t = 772, 
where T is the oscillation period; 

(b) the distribution of density p (x) of the medium at the moments 
t = 0 and t — 77 2 in the case of longitudinal oscillations; 

(c) the velocity distribution of particles of the medium at the mo- 
ment t = 774; indicate the directions of velocities at the antinodes, 
both for longitudinal and transverse oscillations. 

4.165. A longitudinal standing wave £ = a cos kx - cos cot is main- 
tained in a homogeneous medium of density p. Find the expressions 
for the space density of 

(a) potential energy w v (x 7 t)\ 

(b) kinetic energy w h (x, t). 

Plot the space density distribution of the total energy w in the space 
between the displacement nodes at the moments t = 0 and t = T/ 4, 
where T is the oscillation period. 
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4.166. A string 120 cm in length sustains a standing wave, with 
the points of the string at which the displacement amplitude is equal 
to 3.5 mm being separated by 15.0 cm. Find the maximum displace- 
ment amplitude. To which overtone do these oscillations correspond? 

4.167. Find the ratio of the fundamental tone frequencies of two 
identical strings after one of them was stretched by r\ x — 2.0% and 
the other, by r\ 2 = 4.0%. The tension is assumed to’be proportional 
to the elongation. 

4.168. Determine in what way and how many times will the fun- 
damental tone frequency of a stretched wire change if its length is 
shortened by 35% and the tension increased by 70%. 

4.169. To determine the sound propagation velocity in air by 
acoustic resonance technique one can use a pipe with a piston and 
a sonic membrane closing one of its ends. Find the velocity of sound 
if the distance between the adjacent positions of the piston at which 
resonance is observed at a frequency v = 2000 Hz is equal to l = 
— 8.5 cm. 

4.170. Find the number of possible natural oscillations of air col- 
umn in a pipe whose frequencies lie below v 0 = 1250 Hz. The length 
of the pipe is l = 85 cm. The velocity of sound is v = 340 m/s. 
Consider the two cases: 

(a) the pipe is closed from one end; 

(b) the pipe is opened from both ends. 

The open ends of the pipe are assumed to be the antinodes of dis- 
placement. 

4.171. A copper rod of length l = 50 cm is clamped at its midpoint. 
Find the number of natural longitudinal oscillations of the rod in 
the frequency range from 20 to 50 kHz. What are those frequencies 
equal to? 

4.172. A string of mass m is fixed at both ends. The fundamental 
tone oscillations are excited with circular frequency cd and maximum 
displacement amplitude a max . Find: 

(a) the maximum kinetic energy of the string; 

(b) the mean kinetic energy of the string averaged over one oscil- 
lation period. 

4.173. A standing wave £ = a sin fcr-cos of is maintained in a 
homogeneous rod with cross-sectional area S and density p. Find the 
total mechanical energy confined between the sections corresponding 
to the adjacent displacement nodes. 

4.174. A source of sonic oscillations with frequency v 0 =• 1000 Hz 
moves at right angles to the wall with a velocity u = 0.17 m/s. 
Two stationary receivers R x and R 2 are located on a straight line, 
coinciding with the trajectory of the source, in the following succes- 
sion: i? r source-i? 2 - wa ll- Which receiver registers the beatings and 
what is the beat frequency? The velocity of sound is equal to v = 
= 340 m/s. 

4.175. A stationary observer receives sonic oscillations from two 
tuning forks one of which approaches, and the other recedes with 
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the same velocity. As this takes place, the observer hears the beatings 
with frequency v = 2.0 Hz. Find the velocity of each tuning fork 
if Iheir oscillation frequency is v 0 = 680 Hz and the velocity of sound 
in air is v = 340 m/s. 

4.176. A receiver and a source of sonic oscillations of frequency 
v 0 = 2000 Hz are located on the x axis. The source swings harmo- 
nically along that axis with a circular frequency o> and an amplitude 
a — 50 cm. At what value of co will the frequency bandwidth regis- 
tered by the stationary receiver be equal to Av = 200 Hz? The velo- 
city of sound is equal to v = 340 m/s. 

4.177. A source of sonic oscillations with frequency v 0 = 1700 Hz 
and a receiver are located at the same point. At the moment t = 0 
the source starts receding from the receiver with constant accelera- 
tion w = 10.0 m/s 2 . Assuming the velocity of sound to be equal to 
v = 340 m/s, find the oscillation frequency registered by the station- 
ary receiver t = 10.0 s after the start of motion. 

4.178. A source of sound with natural frequency v 0 = 1.8 kHz 
moves uniformly along a straight line separated from a stationary 
observer by a distance l — 250 m. The velocity of the source is equal 
to r\ = 0.80 fraction of the velocity of sound. Find: 

(a) the frequency of sound received by the observer at the moment 
when the source gets closest to him; 

(b) the distance between the source and the observer at the moment 
when the observer receives a frequency v = v 0 . 

4.179. A stationary source sends forth monochromatic sound. 
A wall approaches it with velocity u — 33 cm/s. The propagation 
velocity of sound in the medium is v = 330 m/s. In what way and 
how much, in per cent, does the wavelength of sound change on re- 
flection from the wall? 

4.180. A source of sonic oscillations with frequency v 0 = 1700 Hz 
and a receiver are located on the same normal to a wall. Both the 
source and the receiver are stationary, and the wall recedes from the 
source with velocity u = 6.0 cm/s. Find the beat frequency registered 
by the receiver. The velocity of sound is equal tor.v = 340 m/s. 

4.181. Find the damping coefficient 7 of a sound wave if at dis- 
tances r x = 10 m and r 2 = 20 m from a point isotropic source of sound 
the sound wave intensity values differ by a factor q = 4.5. 

4.182. A plane sound wave propagates along the x axis. The damp- 
ing coefficient of the wave is y = 0.0230 m -1 . At the point x = 0 
the loudness level is L = 60 dB. Find: 

(a) the loudness level at a point with coordinate x — 50 m; 

(b) the coordinate x of the point at which the sound is not heard 
any more. 

4.183. At a distance r 0 = 20.0 m from a point isotropic source 
of sound the loudness level L 0 = 30.0 dB. Neglecting the damping 
of the sound wave, find: 

(a) the loudness level at a distance r = 10.0 m from the source; 

(b) the distance from the source at which the sound is not heard. 
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4.184. An observer A located at a distance r A =5.0 m from a 
ringing tuning fork notes the sound to fade away T = 19 s later 
than an observer B who is located at a distance r R = 50 m from 
the tuning fork. Find the damping coefficient (3 of oscillations of 
the tuning fork. The sound velocity v = 340 m/s. 

4.185. A plane longitudinal harmonic wave propagates in a me- 
dium with density p. The velocity of the wave propagation is v. 
Assuming that the density variations of the medium, induced by the 
propagating wave, Ap <C p, demonstrate that 

(a) the pressure increment in the medium A p ~ —pv 2 ( d\idx ), 
where d\idx is the relative deformation; 

(b) the wave intensity is defined by Eq. (4.3i). 

4.186. A ball of radius R = 50 cm is located in the way of pro- 
pagation of a plane sound wave. The sonic wavelength is k = 20 cm, 
the frequency is v = 1700 Hz, the pressure oscillation amplitude 
in air is (A p) m — 3.5 Pa. Find the mean energy flow, averaged over 
an oscillation period, reaching the surface of the ball. 

4.187. A point A is located at a distance r = 1.5 m from a point 
isotropic source of sound of frequency v = 600 Hz. The sonic power 
of the source is P = 0.80 W. Neglecting the damping of the waves 
and assuming the velocity of sound in air to be equal to v = 340 m/s, 
find at the point A: 

(a) the pressure oscillation amplitude (Ap) m and its ratio to the 
air pressure; 

(b) the oscillation amplitude of particles of the medium; compare 
it with the wavelength of sound. 

4.188. At a distance r = 100 m from a point isotropic source of 
sound of frequency 200 Hz the loudness level is equal to L = 50 dB. 
The audibility threshold at this frequency corresponds to the sound 
intensity / 0 = 0.10 nW/m 2 . The damping coefficient of the sound 
wave is y — 5.0* 10“ 4 m" 1 . Find the sonic power of the source. 

4.4. ELECTROMAGNETIC WAVES. RADIATION 

• Phase velocity of an electromagnetic wave: 

v = cty efi, where c — ilY e 0 [A 0 . (4.4a) 

• In a travelling electromagnetic wave: 

£]/ee 0 = HY (4.4b) 

• Space density of the energy of an electromagnetic field: 



• Flow density of electromagnetic energy, the Poynting vector: 

S = [EH]. (4.4d) 

• Energy flow density of electric dipole radiation in a far field zone: 

s ^ ~~2~ sin2 
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where r is the distance from the dipole, 0 is the angle between the radius vector 
r and the axis of the dipole. 

• Radiation power of an electric dipole with moment p (t) and of a charge 
g, moving with acceleration w: 


1 2p2 _ 1 2 

4Jte 0 3c 3 ’ 4jie 0 3c 3 


(4.4f) 


4.189. An electromagnetic wave of frequency v = 3.0 MHz passes 
from vacuum into a non-magnetic medium with permittivity e = 
= 4.0. Find the increment of its wavelength. 

4.190. A plane electromagnetic wave falls at right angles to the 
surface of a plane-parallel plate of thickness 1. The plate is made 
of non-magnetic substance whose permittivity decreases exponen- 
tially from a value e x at the front surface down to a value e 2 at the 
rear one. How long does it take a given wave phase to travel across 
this plate? 

4.191. A plane electromagnetic wave of frequency v = 10 MHz 
propagates in a poorly conducting medium with conductivity a == 

— 10 mS/m and permittivity e = 9. Find the ratio of amplitudes 
of conduction and displacement current densities. 

4.192. A plane electromagnetic wave E = E m cos (co£ — kr) 

propagates in vacuum. Assuming the vectors E m and k to be known, 
find the vector H as a function of time t at the point with radius 
vector r — 0. 

4.193. A plane electromagnetic wave E = E m cos (co t — kr), 

where E m = E m e y , k = ke xi e x , e u are the unit vectors of the x , 

y axes, propagates in vacuum. Find the vector H at the point with 

radius vector r = xe x at the moment (a) t = 0, (b) t = t 0 . Consider 
the case when E m = 160 V/m, k = 0.51 m“\ x = 7.7 m, and t Q = 

— 33 ns. 

4.194. A plane electromagnetic wave E = E m cos (c ot — kx) 

propagating in vacuum induces the emf %t n d a square frame with 
side l. The orientation of the frame is shown in Fig. 4.37. Find 
the amplitude value e ind9 if E m - 0.50 mV/m, the frequency v =5.0 MHz 




4.195. Proceeding from Maxwell’s equations show that in the 
case of a plane electromagnetic wave (Fig. 4.38) propagating in 
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vacuum the following relations hold: 

dE _ __ 2 d_B ^ _ dE 

dt ” c dx ' dt dx ' 

4.196. Find the mean Poynting vector (S> of a plane electromag- 
netic wave E = E m cos (coi — kr) if the wave propagates in va- 
cuum. 

4.197. A plane harmonic electromagnetic wave with plane polari- 
zation propagates in vacuum. The electric component of the wave 
has a strength amplitude E m = 50 mV/m, the frequency is v = 
= 100 MHz. Find: 

(a) the efficient value of the displacement current density; 

(b) the mean energy flow density averaged over an oscillation 
period. 

4.198. A ball of radius R = 50 cm is located in a non-magnetic 
medium with permittivity e = 4 . 0 . In that medium a plane electro- 
magnetic wave propagates, the strength amplitude of whose electric 
component is equal to E m = 200 V/m. What amount of energy 
reaches the ball during a time interval t = 1.0 min? 

4.199. A standing electromagnetic wave with electric component 
E — E m cos kx* cos is sustained along the x axis in vacuum. Find 
the magnetic component of the wave B (x, t). Draw the approximate 
distribution pattern of the wave’s electric and magnetic components 
(E and B) at the moments t = 0 and t = 774 , where T is the oscilla- 
tion period. 

4.200. A standing electromagnetic wave E = E m cos kx -cos at 
is sustained along the x axis in vacuum. Find the projection of the 
Poynting vector on the x axis S x (x, t) and the mean value of that 
projection averaged over an oscillation period. 

4.201. A parallel-plate air capacitor whose electrodes are shaped 
as discs of radius R = 6.0 cm is connected to a source of an alternat- 
ing sinusoidal voltage w r ith frequency o = 1000 s -1 . Find the 
ratio of peak values of magnetic and electric energies within the 
capacitor. 

4.202. An alternating sinusoidal current of frequency co = 
= 1000 s- 1 flows in the winding of a straight solenoid whose cross- 
sectional radius is equal to R == 6.0 cm. Find the ratio of peak 
values of electric and magnetic energies within the solenoid. 

4.203. A parallel-plate capacity whose electrodes are shaped as 
round discs is charged slowly. Demonstrate that the flux of the 
Poynting vector across the capacitor’s lateral surface is equal to the 
increment of the capacitor’s energy per unit time. The dissipation 
of field at the edge is to be neglected in calculations. 

4.204. A current / flows along a straight conductor with round 
cross-section. Find the flux of the Poynting vector across the lateral 
surface of the conductor’s segment with resistance R . 

4.205. N on-relativistic protons accelerated by a potential diffe- 
rence U form a round beam with current /. Find the magnitude and 
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direction of the Poynting vector outside the beam at a distance r 
from its axis. 

4.206. A current flowing in the winding of a long straight solenoid 
is increased at a sufficiently slow rate. Demonstrate that the rate 
at which the energy of the magnetic field in the solenoid increases 
is equal to the flux of the Poynting vector across the lateral surface 
of the solenoid. 

4.207. Fig, 4.39 illustrates a segment of a double line carrying 
direct current whose direction is indicated by the arrows. Taking 
into account that the potential (p 2 > <p x , and making use of the 
Poynting vector, establish on which side (left or right) the source 
of the current is located. 


/ 


Vi 

Vz 


Fig. 4.39. 

4.208. The energy is transferred from a source of constant voltage 
F to a consumer by means of a long straight coaxial cable with 
negligible active resistance. The consumed current is /. Find the 
energy flux across the cross-section of the cable. The conductive 
sheath is supposed to be thin. 

4.209. A source of ac voltage V = V 0 cos c ot delivers energy to 
a consumer by means of a long straight coaxial cable with negligible 
active resistance. The current in the circuit varies as J = 
— I 0 cos o — <p). Find the time-averaged energy flux through the 
cross-section of the cable. The sheath is thin. 

4.210. Demonstrate that at the boundary between two media the 
normal components of the Poynting vector are continuous, i.e. 
Sin = S 2 n - 

4.211. Demonstrate that a closed system of charged non-relati- 
vistic particles with identical specific charges emits no dipole ra- 
diation. 

4.212. Find the mean radiation power of an electron performing 
harmonic oscillations with amplitude a = 0.10 nm and frequency 
to - 6.5-10 14 s- 1 

4.213. Find the radiation power developed by a non-relativistic 
particle with charge e and mass m, moving along a circular orbit 
of radius R in the field of a stationary point charge q . 

4.214. A particle with charge e and mass m flies with non-relati- 
vistic velocity i; at a distance b past a stationary particle with 
charge g. Neglecting the bending of the trajectory of the moving 
particle, find the energy lost by this particle due to radiation during 
the total flight time. 

4.215. A non-relativistic proton enters a half-space along the 
normal to the transverse uniform magnetic field whose induction 
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equals S = 1.0 T. Find the ratio of the energy lost by the proton 
due to radiation during its motion in the field to its initial kinetic 
energy. 

4.216. A non-relativistic charged particle moves in a transverse 
uniform magnetic field with induction B. Find the time dependence 
of the particle’s kinetic energy diminishing due to radiation. How 
soon will its kinetic energy decrease e-fold? Calculate this time 
interval for the case (a) of an electron, (b) of a proton. 

4.217. A charged particle moves along the y axis according to the 
law y = a cos ( ot, and the point of observation P is located on the x 
axis at a distance l from the particle (Z > a). Find the ratio of electro- 
magnetic radiation flow densities SJS 2 at the point P at the moments 
when the coordinate of the particle y x = 0 and y 2 = a. Calculate 
that ratio if co = 3.3* 10 6 s- 1 and l = 190 m. 

4.218. A charged particle moves uniformly with velocity v along 
a circle of radius R in the plane xy (Fig. 4.40). An observer is located 



Fig. 4.40. 


on the x axis at a point P which is removed from the centre of the 
circle by a distance much exceeding R. Find: 

(a) the relationship between the observed values of the y projec- 
tion of the particle’s acceleration and the y coordinate of the particle; 

(b) the ratio of electromagnetic radiation flow densities SJS 2 
at the point P at the moments of time when the particle moves, from 
the standpoint of the observer jP, toward him and away from him, 
as shown in the figure. 

4.219. An electromagnetic wave emitted by an elementary dipole 
propagates in vacuum so that in the far field zone the mean value 
of the energy flow density is equal to S Q at the point removed from 
the dipole by a distance r along the perpendicular drawn to the 
dipole’s axis. Find the mean radiation power of the dipole. 

4.220. The mean power radiated by an elementary dipole is equal 
to j P 0 . Find the mean space density of energy of the electromagnetic 
field in vacuum in the far field zone at the point removed from the 
dipole by a distance r along the perpendicular drawn to the dipole’s 
axis. 

4.221. An electric dipole whose modulus is constant and whose 
moment is equal to p rotates with constant angular velocity o> 
about the axis drawn at right angles to the axis of the dipole and 
passing through its midpoint. Find the power radiated by such 
a dipole. 




4.222. A free electron is located in the field of a plane electromagne- 
tic wave. Neglecting the magnetic component of the wave disturbing 
its motion, find the ratio of the mean energy radiated by the oscil- 
lating electron per unit time to the mean value of the energy flow 
density of the incident wave. 

4.223. A plane electromagnetic wave with frequency co falls upon 
an elastically bonded electron whose natural frequency equals co 0 . 
Neglecting the damping of oscillations, find the ratio of the mean 
energy dissipated by the electron per unit time to the mean value 
of the energy flow density of the incident wave. 

4.224. Assuming a particle to have the form of a ball and to ab- 
sorb all incident light, find the radius of a particle for which its 
gravitational attraction to the Sun is counterbalanced by the force 
that light exerts on it. The power of light radiated by the Sun equals 
P = 4-10 26 W, and the density of the particle is p = 1.0 g/cm 3 . 



PART FIVE 


OPTICS 


5.1. PHOTOMETRY AND GEOMETRICAL OPTICS 

• Spectral response of an eye V (k) is shown in Fig. 5.1. 


V 



• Luminous intensity I and illuminance E : 

r _ dO dQ) inc 

dQ 1 E dS • 


(5.1a) 


• Illuminance produced by a point isotropic source: 

E _ 1 cos a 


(5.1b) 


where a is the angle between the normal to the surface and the direction to the 
source. 

• Luminosity M and luminance L : 


M = 


dG>emlt 


dd> 


dS * <2Q A*S cos 0 * 

• For a Lambert source L = const and luminosity 


M = nL. 


(5.1c) 


(5. Id) 
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• Relation between refractive angle 0 of a prism and least deviation 
angle a: 


SID 


a + 0 


-n sm ■ 


(5.1e) 


where n is the refractive index of the prism. 

• Equation of spherical mirror: 

s' ^ s R ’ 


(5.1f) 


where R is the curvature radius of the mirror. 

• Equations for aligned optical system (Fig. 5.2): 

Hi — JL=(j>, 4+— =1, **'=//'. 

s s s 1 s 


(5.1g) 



Fig. 5.2. 


• Relations between focal lengths and optical power: 


fl= n /== _JL 

1 (D > 7 cp ’ / n " 

• Optical power of a spherical refractive surface: 



(5.1h) 


(5.1i) 


• Optical power of a thin lens in a medium with refractive index n 0 \ 

*-<*-"•> (-rt-st)- (5 '‘» 

where n is the refractive index of the lens. 

• Optical power of a thick lens: 

(p^cPj + CDa — A(p l( p 2 , (5.1k) 


where d is the thickness of the lens. This equation is also valid for a system of 
two thin lenses separated by a medium with refractive index n. 
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• Principal planes H and H ' are removed from the crest points 0 and O' 
of surfaces of a thick lens (Fig. 5.3) by the following distances: 


X-±%L 
n CD 


X'= — 


d CDj 

~n nr 


(5.11) 
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Fig. 5.3. 


• Lagrange-Helmholtz invariant: 

nyu — const. 

• Magnifying power of an optical device: 

tan 

tan^(? * 

where and are the angles subtended at the eye by an image formed by the 
optical device and by the corresponding object at a distance for convenient view- 
ing (in the case of a microscope or magnifying glass that distance is equal to 
l 0 = 25 cm). 


(5.1m) 

(5.1n) 


5.1. Making use of the spectral response curve for an eye (see 
Fig. 5.1), find: 

(a) the energy flux corresponding to the luminous flux of 1.0 1m 
at the wavelengths 0.51 and 0.64 [xm; 

(b) the luminous flux corresponding to the wavelength interval 
from 0.58 to 0.63 pm if the respective energy flux, equal to <& e = 
= 4.5 mW, is uniformly distributed over all wavelengths of the 
interval. The function V (X) is assumed to be linear in the given 
spectral interval. 

5.2. A point isotropic source emits a luminous flux <X> = 10 lm 
with wavelength X = 0.59 pm. Find the peak strength values of 
electric and magnetic fields in the luminous flux at a distance r = 
= 1.0 m from the source. Make use of the curve illustrated in 
Fig. 5.1. 

5.3. Find the mean illuminance of the irradiated part of an opaque 
sphere receiving 

(a) a parallel luminous flux resulting in illuminance E 0 at the 
point of normal incidence; 

(b) light from a point isotropic source located at a distance l = 
= 100 cm from the centre of the sphere; the radius of the sphere is 
R = 60 cm and the luminous intensity is / = 36 cd. 
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5.4. Determine the luminosity of a surface whose luminance 
depends on direction as L = L 0 cos 0, where 0 is the angle between 
the radiation direction and the normal to the surface. 

5.5. A certain luminous surface obeys Lambert’s law. Its lumi- 
nance is equal to L. Find: 

(a) the luminous flux emitted by an element AS of this surface 
into a cone whose axis is normal to the given element and whose 
aperture angle is equal to 0; 

(b) the luminosity of such a source. 

5.6. An illuminant shaped as a plane horizontal disc S = 100 cm 2 
in area is suspended over the centre of a round table of radius R = 
= 1.0 m. Its luminance does not depend on direction and is equal 
to L — 1.6 -10 4 cd/m 2 . At what height over the table should the 
illuminant be suspended to provide maximum illuminance at the 
circumference of the table? How great will that illuminance be? 
The illuminant is assumed to be a point source. 

5.7. A point source is suspended at a height h = 1.0 m over the 
centre of a round table of radius R = 1.0 m. The luminous intensity / 
of the source depends on direction so that illuminance at all points 
of the table is the same. Find the function / (0), where 0 is the angle 
between the radiation direction and the vertical, as well as the lu- 
minous flux reaching the table if I (0) = J 0 = 100 cd. 

5.8. A vertical shaft of light from a projector forms a light spot 
S = 100 cm 2 in area on the ceiling of a round room of radius R — 
= 2.0 m. The illuminance of the spot is equal to E = 1000 lx. 
The reflection coefficient of the ceiling is equal to p = 0.80. Find 
the maximum illuminance of the wall produced by the light reflected 
from the ceiling. The reflection is assumed to obey Lambert’s 
law. 

5.9. A luminous dome shaped as a hemisphere rests on a horizon- 
tal plane. Its luminosity is uniform. Determine the illuminance at 
the centre of that plane if its luminance equals L and is independent 
of direction. 

5.10. A Lambert source has the form of an infinite plane. Its 
luminance is equal to L. Find the illuminance of an area element 
oriented parallel to the given source. 

5.11. An illuminant shaped as a plane horizontal disc of radius 
R = 25 cm is suspended over a table at a height h = 75 cm. The 
illuminance of the table below the centre of the illuminant is equal 
to E 0 = 70 lx. Assuming the source to obey Lambert’s law, find 
its luminosity. 

5.12. A small lamp having the form of a uniformly luminous sphere 
of radius R = 6.0 cm is suspended at a height h = 3.0 m above the 
floor. The luminance of the lamp is equal to L = 2.0* 10 4 cd/m 2 
and is independent of direction. Find the illuminance of the floor 
directly below the lamp. 

5.13. Write the law of reflection of a light beam from a mirror 
in vector form, using the directing unit vectors e and e' of the inci- 
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dent and reflected beams and the unit vector n of the outside normal 
to the mirror surface. 

5.14. Demonstrate that a light beam reflected from three mutually 
perpendicular plane mirrors in succession reverses its direc- 
tion. 

5.15. At what value of the angle of incident 0! is a shaft of light 
reflected from the surface of water perpendicular to the refracted 
shaft? 

5.16. Two optical media have a plane boundary between them. 
Suppose 0 lcr is the critical angle of incidence of a beam and 0 X is 
the angle of incidence at which the refracted beam is perpendicular 
to the reflected one (the beam is assumed to come from an optically 
denser medium). Find the relative refractive index of these media 
if sin 0 lcr /sin 0 X = r\ = 1.28. 

5.17. A light beam falls upon a plane-parallel glass plate d=6.0 cm 
in thickness. The angle of incidence is 0 = 60°. Find the value of 
deflection of the beam which passed through that plate. 

5.18. A man standing on the edge of a swimming pool looks at 
a stone lying on the bottom. The depth of the swimming pool is 
equal to A. At what distance from the surface of water is the image 
of the stone formed if the line of vision makes an angle 0 with the 
normal to the surface? 

5.19. Demonstrate that in a prism with small refracting angle 0 
the shaft of light deviates through the angle a ~ (n — 1) 0 regard- 
less of the angle of incidence, provided that the latter is also small. 

5.20. A shaft of light passes through a prism with refracting angle 0 
and refractive index n. Let a be the diffraction angle of the shaft. 
Demonstrate that if the shaft of light passes through the prism 
symmetrically, 

(a) the angle a is the least; 

(b) the relationship between the angles a and 0 is defined by 
Eq. (5.1e). 

5.21. The least deflection angle of a certain glass prism is equal 
to its refracting angle. Find the latter. 

5.22. Find the minimum and maximum deflection angles for 
a light ray passing through a glass prism with refracting angle 
0 = 60°. 

5.23. A trihedral prism with refracting angle 60° provides the 
least deflection angle 37° in air. Find the least deflection angle of 
that prism in water. 

5.24. A light ray composed of two monochromatic components 
passes through a trihedral prism with refracting angle 0 = 60°. 
Find the angle Aa between the components of the ray after its pass- 
age through the prism if their respective indices of refraction are 
equal to 1.515 and 1.520. The prism is oriented to provide the least 
deflection angle. 

5.25. Using Fermat’s principle derive the laws of deflection and 
refraction of light on the plane interface between two media. 
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5.26. By means of plotting find: 

(a) the path of a light ray after reflection from a concave and 
convex spherical mirrors (see Fig. 5.4, where F is the focal point, 
00' is the optical axis); 



(b) the positions of the mirror and its focal point in the cases 
illustrated in Fig. 5.5, where P and P' are the conjugate points. 


•P' 


0 


•P 


(a) 


O r 


•P 


0 


P\ 


■O' 
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Fig. 5.5. 


5.27. Determine the focal length of a concave mirror if: 

(a) with the distance between an object and its image being equal 
to l — 15 cm, the transverse magnification p = — 2.0; 

(b) in a certain position of the object the transverse magnification 
is Pi = — 0.50 and in another position displaced with respect to the 
former by a distance l = 5.0 cm the transverse magnification p 2 = 
= -0.25. 

5.28. A point source with luminous intensity /„ = 100 cd is 
positioned at a distance s = 20.0 cm from the crest of a concave 
mirror with focal length / = 25.0 cm. Find 
the luminous intensity of the reflected ray 
if the reflection coefficient of the mirror is 

p = 0.80. 

5.29. Proceeding from Fermat’s principle 
derive the refraction formula for paraxial 
rays on a spherical boundary surface of ra- 
dius R between media with refractive in- 
dices n and n ' . 

5.30. A parallel beam of light falls from 
vacuum on a surface enclosing a medium 
with refractive index n (Fig. 5.6). Find the shape of that surface, 
x (r), if the beam is brought into focus at the point F at a distance / 
from the crest O. What is the maximum radius of a beam that can 
still be focussed? 
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5.31. A point source is located at a distance of 20 cm from the 
front surface of a symmetrical glass biconvex lens. The lens is 5.0 cm 
thick and the curvature radius of its surfaces is 5.0 cm. How far 
beyond the rear surface of this lens is the image of the source formed? 

5.32. An object is placed in front of convex surface of a glass 
plano-convex lens of thickness d = 9.0 cm. The image of that object 
is formed on the plane surface of the lens serving as'a screen. Find: 

(a) the transverse magnification if the curvature radius of the 
lens’s convex surface is R — 2.5 cm; 

(b) the image illuminance if the luminance of the object is L — 
= 7700 cd/m 2 and the entrance aperture diameter of the lens is 
D = 5.0 mm; losses of light are negligible. 

5.33. Find the optical power and the focal lengths 

(a) of a thin glass lens in liquid with refractive index re 0 = 1.7 
if its optical power in air is <J> 0 — —5.0 D; 

(b) of a thin symmetrical biconvex glass lens, with air on one side 
and water on the other side, if the optical power of that lens in air 
is <D 0 = +10 D. 

5.34. By means of plotting find: 

(a) the path of a ray of light beyond thin converging and diverging 
lenses (Fig. 5.7, where OO' is the optical axis, F and F' are the front 
and rear focal points); 



(a) (b) 

Fig. 5.7. 

(b) the position of a thin lens and its focal points if the position 
of the optical axis OO' and the positions of the cojugate points 
P, P' (see Fig. 5.5) are known; the media on both sides of the lenses 
are identical; 

(c) the path of ray 2 beyond the converging and diverging lenses 
(Fig. 5.8) if the path of ray 1 and the positions of the lens and of its 



Fig. 5.8. 


optical axis OO' are all known; the media on both sides of the lenses 
are identical. 

5.35. A thin converging lens with focal length / = 25 cm projects 
the image of an object on a screen removed from the lens by a dis- 


205 


tance 5.0 m. Then the screen was drawn closer to the lens by a dis- 
tance Al = 18 cm. By what distance should the object be shifted 
for its image to become sharp again? 

5.36. A source of light is located at a distance l = 90 cm from 
a screen. A thin converging lens provides the sharp image of the 
source when placed between the source of light and the screen at two 
positions. Determine the focal length of the lens if 

(a) the distance between the two positions of the lens is Al = 
= 30 cm; 

(b) the transverse dimensions of the image at one position of the 
lens are r\ = 4.0 greater than those at the other position. 

5.37. A thin converging lens is placed between an object and 
a screen whose positions are fixed. There are two positions of the 
lens at which the sharp image of the object is formed on the screen. 
Find the transverse dimension of the object if at one position of the 
lens the image dimension equals ti = 2.0 mm and at the other, 
h" = 4.5 mm. 

5.38. A thin converging lens with aperture ratio D : / = 1 : 3.5 
(D is the lens diameter, / is its focal length) provides the image of 
a sufficiently distant object on a photographic plate. The object 
luminance is L = 260 cd/m 2 . The losses of light in the lens amount 
to ct = 0.10. Find the illuminance of the image. 

5.39. How does the luminance of a real image depend on dia- 
meter D of a thin converging lens if that image is observed 

(a) directly; 

(b) on a white screen backscattering according to Lambert’s law? 

5.40. There are two thin symmetrical lenses: one is converging, 
with refractive index = 1.70, and the other is diverging with 
refractive index n 2 = 1.51. Both lenses have the same curvature 
radius of their surfaces equal to R = 10 cm. The lenses were put 
close together and submerged into water. What is the focal length 
of this system in water? 

5.41. Determine the focal length of a concave spherical mirror 
which is manufactured in the form of a thin symmetric biconvex 
glass lens one of whose surfaces is silvered. The curvature radius 
of the lens surface is R = 40 cm. 

5.42. Figure 5.9 illustrates an aligned system consisting of three 
thin lenses. The system is located in air. Determine: 


i 

\ \ 

> i 


— DM Cul > 

o.u cm 'j"’" 

\ 

r 

i i 

f 


+10.0 D -10.0 D +10.00 


Fig. 5.9. 


206 


(a) the position of the point of convergence of a parallel ray 
incoming from the left after passing through the system; 

(b) the distance between the first lens and a point lying on the 
axis to the left of the system, at which that point and its image are 
located symmetrically with respect to the lens system. 

5.43. A Galilean telescope of 10-fold magnification has the length 
of 45 cm when adjusted to infinity. Determine: 

(a) the focal lengths of the telescope’s objective and ocular; 

(b) by what distance the ocular should be displaced to adjust the 
telescope to the distance of 50 m. 

5.44. Find the magnification of a Keplerian telescope adjusted to 
infinity if the mounting of the objective has a diameter D and the 
image of that mounting formed by the telescope’s ocular has a dia- 
meter d. 

5.45. On passing through a telescope a flux of light increases its 
intensity t| = 4.0- 10 4 times. Find the angular dimension of a distant 
object if its image formed by that telescope has an angular dimen- 
sion if!' = 2.0°. 

5.46. A Keplerian telescope with magnification F = 15 was sub- 
merged into water which filled up the inside of the telescope. To make 
the system work as a telescope again within the former dimensions, 
the objective was replaced.What has the magnification of the telescope 
become equal to? The refractive index of the glass of which the 
ocular is made is equal to n = 1.50. 

5.47. At what magnification T of a telescope with a diameter of 
the objective D — 6.0 cm is the illuminance of the image of an 
object on the retina not less than without the telescope? The pupil 
diameter is assumed to be equal to d 0 — 3.0 mm. The losses of light 
iq the telescope are negligible. 

5.48. The optical powers of the objective and the ocular of a micro- 
scope are equal to 100 and 20 D respectively. The microscope magni- 
fication is equal to 50. What will the magnification of the microscope 
be when the distance between the objective and the ocular is increased 
by 2.0 cm? 

5.49. A microscope has a numerical aperture sin a — 0.12, where a 
is the aperture angle subtended by the entrance pupil of the micro- 
scope. Assuming the diameter of an eye’s pupil to be equal to d 0 = 
= 4.0 mm, determine the microscope magnification at which 

(a) the diameter of the beam of light coming from the microscope 
is equal to the diameter of the eye’s pupil; 

(b) the illuminance of the image on the retina is independent of 
magnification (consider the case when the beam of light passing 
through the system “microscope-eye” is bounded by the mounting 
of the objective). 

5.50. Find the positions of the principal planes, the focal and 
nodal points of a thin biconvex symmetric glass lens with curvature 
radius of its surfaces equal to R = 7.50 cm. There is air on one 
side of the lens and water on the other. 
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5 . 51 . By means of plotting find the positions of focal points and 
principal planes of aligned optical systems illustrated in Fig. 5 . 10 : 

(a) a telephoto lens, that is a combination of a converging and 
a diverging thin lenses ( f 1 = 1.5 a, f 2 — — 1.5 a); 

fj f Z f, *2 <P, 9 Z 

(a) ( b ) (c) 

Pig. 5.10. 



(b) a system of two thin converging lenses <J 1 = 1.5 a, / 2 = 0.5 a); 

(c) a thick convex-concave lens (d = 4 cm, n = 1.5, (t>, = +50 D, 
0 2 = -50 D). 

5.52. An optical system is located in air. Let OO' be its optical 
axis, F and F' are the front and rear focal points, H and H' are the 
front and rear principal planes, P and P' are the conjugate points. 
By means of plotting find: 

(a) the positions F' and H' (Fig. 5.11a); 

(b) the position of the point S' conjugate to the point S 
(Fig. 5.115); 
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(c) the positions F, F ’ , and H' (Fig. 5.11c, where the path of the 
ray of light is shown before and after passing through the system). 

5.53. Suppose F and F' are the front and rear focal points of an 
optical system, and H and H ' are its front and rear principal points. 
By means of plotting find the position of the image S' of the point S 
for the following relative positions of the points S, F, F ' , H, 
and H 

(a) FSHH'F '; (b) HSF'FH'; (c) H'SF’FH ; (d) F'H'SHF. 

5.54. A telephoto lens consists of two thin lenses, the front converg- 
ing lens and the rear diverging lens with optical powers = 
= +10 D and = —10 D. Find: 

(a) the focal length and the positions of principal axes of that 
system if the lenses are separated by a distance d — 4.0 cm; 

(b) the distance d between the lenses at which the ratio of a focal 
length / of the system to a distance l between the converging lens and 
the rear principal focal point is the highest. What is this ratio equal 
to? 


5.55. Calculate the positions of the principal planes and focal 
points of a thick convex-concave glass lens if the curvature radius 
of the convex surface is equal to R x = 10.0 cm and of the concave 
surface to R 2 = 5.0 cm and the lens thickness is d — 3.0 cm. 

5.56. An aligned optical system consists of two thin lenses with 
focal lengths f x and / 2 , the distance between the lenses being equal 
to d. The given system has to be replaced by one thin lens which, 
at any position of an object, would provide the same transverse 
magnification as the system. What must the focal length of this lens 
be equal to and in what position must it be placed with respect 
to the two-lens system? 

5.57. A system consists of a thin symmetrical converging glass 
lens with the curvature radius of its surfaces R = 38 cm and a plane 
mirror oriented at right angles to the optical axis of the lens. The 
distance between the lens and the mirror is l = 12 cm. What is 
the optical power of this system when the space between the lens 
and the mirror is filled up with water? 

5.58. At what thickness will a thick convex-concave glass lens 
in air 

(a) serve as a telescope provided the curvature radius of its convex 
surface is AR = 1.5 cm greater than that of its concave surface? 

(b) have the optical power equal to —1.0 D if the curvature 
radii of its convex and concave surfaces are equal to 10.0 and 7.5 cm 
respectively? 

5.59. Find the positions of the principal planes, the focal length 
and the sign of the optical power of a thick convex-concave glass 
lens 

(a) whose thickness is equal to d and curvature radii of the surfaces 
are the same and equal to R; 

(b) whose refractive surfaces are concentric and have the curva- 
ture radii R ± and R 2 {R 2 > R x ). 

5.60. A telescope system consists of two glass balls with radii 
J? 1 = 5.0 cm and R 2 — 1.0 cm. What are the distance between the 
centres of the balls and the magnification of the system if the bigger 
ball serves as an objective? 

5.61. Two identical thick symmetrical biconvex lenses are put 
close together. The thickness of each lens equals the curvature 
radius of its surfaces, i.e. d = R = 3.0 cm. Find the optical power 
of this system in air. 

5.62. A ray of light propagating in an isotropic medium with 
refractive index n varying gradually from point to point has a cur- 
vature radius p determined by the formula 

p dN ’ 

where the derivative is taken with respect to the principal normal 
to the ray. Derive this formula, assuming that in such a medium 
the law of refraction n sin 0 = const holds. Here 0 is the angle be- 
tween the ray and the direction of the vector Vn at a given point. 
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5.63. Find the curvature radius of a ray of light propagating 
in a horizontal direction close to the Earth’s surface where the 
gradient of the refractive index in air is equal to approximately 
3-10” 8 m* 1 . At what value of that gradient would the ray of light 
propagate all the way round the Earth? 


5.2. INTERFERENCE OF LIGHT 


• Width of a fringe: 



(5.2a) 


where l is the distance from the sources to the screen, d is the distance between 
the sources. 

• Temporal and spatial coherences. Coherence length and coherence radius: 


X 2 X 

l ° oh ~ ~aT > Pcofl ~ - 


(5.2b) 


where is the angular dimension of the source. 

• Condition for interference maxima in the case of light reflected from a 
thin plate of thickness b: 

2b Y n 2 - sin 2 0x = (k + 1/2) X, (5.2c) 

where k is an integer. 

• Newton’s rings produced on reflection of light from the surfaces of an 
air interlayer formed between a lens of radius R and a glass plate with which 
the convex surface of the lens is in contact. Tbe radii of the rings: 


r = V XRkf 2, 


(5.2d) 


with the rings being bright if k — 1, 3, 5, . . ., and dark if k = 2, 4, 6, . . . 
The value k — 0 corresponds to the middle of the central dark spot. 


5.64. Demonstrate that when two harmonic oscillations are added, 
the time-averaged energy of the resultant oscillation is equal to 
the sum of the energies of the constituent oscillations, if both of 
them 

(a) have the same direction and are incoherent, and all the values 
of the phase difference between the oscillations are equally probable; 

(b) are mutually perpendicular, have the same frequency and 
an arbitrary phase difference. 

5.65. By means of plotting find the amplitude of the oscillation 
resulting from the addition of the following three oscillations of the 
same direction: 

— a cos o >t, £ 2 = 2 a sin c ot, £ 3 = 1.5a cos (cot + jt/3). 

5.66. A certain oscillation results from the addition of coherent 
oscillations of the same direction = a cos [co£ + (k — 1) <p], 
where k is the number of the oscillation (k = 1, 2, . . ., A), q) is 
the phase difference between the kth and (k — l)th oscillations. 
Find the amplitude of the resultant oscillation. 
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5.67. A system illustrated in Fig. 5.12 consists of two coherent 
point sources 1 and 2 located in a certain plane so that their dipole 
moments are oriented at right angles to that plane. The sources are 
separated by a distance d, the radiation wavelength 
is equal to X. Taking into account that the oscilla- 
tions of source 2 lag in phase behind the oscillations 
of source 1 by (p (<p <ji), find: 

(a) the angles 0 at which the radiation intensity 
is maximum; 

(b) the conditions under which the radiation inten- 
sity in the direction 0 = ji is maximum and in the 
opposite direction, minimum. 

5.68. A stationary radiating system consists of a 
linear chain of parallel oscillators separated by a dis- 
tance d, with the oscillation phase varying linearly along the 
chain. Find the time dependence of the phase difference A<p between 
the neighbouring oscillators at which the principal radiation maxi- 
mum of the system will be “scanning” the surroundings with the 
constant angular velocity co. 

5.69. In Lloyd’s mirror experiment (Fig. 5.13) a light wave emitted 
directly by the source S (narrow slit) interferes with the wave reflect- 
ed from a mirror M. As a result, an interference fringe pattern is 



Fig. 5.12. 



formed on the screen Sc. The source and the mirror are separated by 
a distance l = 100 cm. At a certain position of the source the fringe 
width on the screen was equal to Ax= 0.25 mm, and after the source 
was moved away from the mirror plane by A h = 0.60 mm, the 
fringe width decreased r\ = 1.5 times. Find the wavelength of light. 

5.70. Two coherent plane light waves propagating with a diver- 
gence angle ^ <C 1 fall almost normally on a screen. The amplitudes 
of the waves are equal. .Demonstrate that the distance between the 
neighbouring maxima on the screen is equal to Ax = where X. 
is the wavelength. 

5.71. Figure 5.14 illustrates the interference experiment with 
Fresnel mirrors. The angle between the mirrors is a == 12', the 
distances from the mirrors’ intersection line to the narrow slit S 
and the screen Sc are equal to r = 10.0 cm and b = 130 cm respec- 
tively. The wavelength of light is X = 0.55 pm. Find: 

(a) the width of a fringe on the screen and the number of possible 
maxima; 
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(b) the shift of the interference pattern on the screen when the 
slit is. displaced by 6Z = 1.0 mm along the arc of radius r with 
centre at the point O; 

(c) at what maximum width 8 max of the slit the interference fringes 
on the screen are still observed sufficiently sharp. 



5.72. A plane light wave falls on Fresnel mirrors with an angle 
a = 2.0' between them. Determine the wavelength of light if the 
width of the fringe on the screen Ax = 0.55 mm. 

5.73. A lens of diameter 5.0 cm and focal length / = 25.0 cm 
was cut along the diameter into two identical halves. In the process, 
the layer of the lens a = 1.00 mm in thickness was lost. Then the 
halves were put together to form a composite lens. In this focal 
plane a narrow slit was placed, emitting monochromatic light with 
wavelength X = 0.60 pm. Behind the lens a screen was located at 
a distance b — 50 cm from it. Find: 

(a) the width of a fringe on the screen and the number of possible 
maxima; 

(b) the maximum width of the slit 8 max at which the fringes on the 
screen will be still observed sufficiently sharp. 

5.74. The distances from a Fresnel biprism to a narrow slit and 
a screen are equal to a = 25 cm and b = 100 cm respectively. 
The refracting angle of the glass biprism 
is equal to 0 = 20'. Find the wavelength 
of light if the width of the fringe on 
the screen is Ax = 0.55 mm. 

5.75. A plane light wave with wa- 
velength X = 0.70 pm falls normally 
on the base of a biprism made of glass 
(it = 1.520) with refracting angle 0 = 

= 5.0°. Behind the biprism (Fig. 5.15) Fl S- 5 - 15 - 

there is a plane-parallel plate, with the 

space between them filled up with benzene (n f = 1.500). Find the 
width of a fringe on the screen Sc placed behind this system. 

5.76. A plane monochromatic light wave falls normally on a 
diaphragm with two narrow slits separated by a distance d = 2.5 mm. 
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A fringe pattern is formed on a screen placed at a distance l = 
= 100 cm behind the diaphragm. By what distance and in which 
direction will these fringes be displaced when one of the slits is 
covered by a glass plate of thickness h = 10 fxm? 

5.77. Figure 5.16 illustrates an interferometer used in measure- 
ments of refractive indices of transparent substances. Here S is 



a narrow slit illuminated by monochromatic light with wavelength 
k == 589 nm, 1 and 2 are identical tubes with air of length l = 
= 10.0 cm each, D is a diaphragm with two slits. After the air 
in tube 1 was replaced with ammonia gas, the interference pattern 
on the screen Sc was displaced upward by N = 17 fringes. The re- 
fractive index of air is equal to n = 1.000277. Determine the refrac- 
tive index of ammonia gas. 

5.78. An electromagnetic wave falls normally on the boundary 
between two isotropic dielectrics with refractive indices n x and n 2 . 

Making use of the continuity condition for the tangential com- 
ponents, E and H across the boundary, demonstrate that at the interface 
the electric field vector E 

(a) of the transmitted wave experiences no phase jump; 

(b) of the reflected wave is subjected to the phase jump equal to n 
if it is reflected from a medium of higher optical density. 

5.79. A parallel beam of white light falls on a thin film whose 
refractive index is equal to n = 1.33. The angle of indices is 0! = 
= 52 °. What must the film thickness be equal to for the reflected 
light to be coloured yellow (k ~ 0.60 jam) most intensively? 

5.80. Find the minimum thickness of a film with refractive index 
1.33 at which light with wavelength 0.64 jam experiences maximum 
reflection while light with wavelength 0.40 jam is not reflected at 
all. The incidence angle of light is equal to 30°. 

5.81. To decrease light losses due to reflection from the glass 
surface the latter is coated with a thin layer of substance whose 
refractive index n = yinT, where n is the refractive index of the 
glass. In this case the amplitudes of electromagnetic oscillations 
reflected from both coated surfaces are equal. At what thickness of 
that coating is the glass reflectivity in the direction of the normal 
equal to zero for light with wavelength X? 

5.82. Diffused monochromatic light with wavelength % = 0.60 jxm 
falls on a thin film with refractive index n — 1.5. Determine the 
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film thickness if the angular separation of neighbouring maxima 
observed in reflected light at the angles close to 0 = 45° to the 
normal is equal to 60 = 3.0°. 

5.83. Monochromatic light passes through an orifice in a screen Sc 
(Fig. 5.17) and being reflected from a thin transparent plate P 
produces fringes of equal inclination 
on the screen. The thickness of the 
plate is equal to d , the distance be- 
tween the plate and the screen is l , 
the radii of the ith and frth dark rings 
are r t and r h . Find the wavelength of 
light taking into account that r i k <C l . 

5.84. A plane monochromatic light 
wave with wavelength k falls on the 
surface of a glass wedge whose faces 
form an angle a <C 1. The plane of incidence is perpendicular to 
the edge, the angle of incidence is Q v Find the distance between 
the neighbouring fringe maxima on the screen placed at right 
angles to reflected light. 

5.85. Light with wavelength k — 0.55 jam from a distant point 
source falls normally on the surface of a glass wedge. Afringe pattern 
whose neighbouring maxima on the surface of the wedge are separat- 
ed by a distance Ax = 0.21 mm is observed in reflected light. Find: 

(a) the angle between the wedge faces; 

(b) the degree of light monochromatism (Ak/k) if the fringes 
disappear at a distance l ~ 1.5 cm from the wedge’s edge. 

5.86. The convex surface of a plano-convex glass lens comes into 
contact with a glass plate. The curvature radius of the lens’s convex 
surface is /?, the wavelength of light is equal to k. Find the width 
Ar of a Newton ring as a function of its radius r in the region where 
Ar < r. 

5.87. The convex surface of a plano-convex glass lens with curva- 
ture radius R = 40 cm comes into contact with a glass plate. 
A certain ring observed in reflected light has a radius r = 2.5 mm. 
Watching the given ring, the lens was gradually removed from the 
plate by a distance Ah = 5.0 pm. What has the radius of that ring 
become equal to? 

5.88. At the crest of a spherical surface of a plano-convex lens 
there is a ground-off plane spot of radius r 0 = 3.0 mm through 
which the lens comes into contact with a glass plate. The curvature 
radius of the lens’s convex surface is equal to R = 150 cm. Find 
the radius of the sixth bright ring when observed in reflected light 
with wavelength k = 655 nm. 

5.89. A plano-convex glass lens with curvature radius of spherical 
surface R = 12.5 cm is pressed against a glass plate. The diameters 
of the tenth and fifteenth dark Newton’s rings in reflected light are 
equal to d x = 1.00 mm and d 2 — 1.50 mm. Find the wavelength 
of light. 



Fig. 5.17. 
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5 . 90 . Two plano-convex thin glass lenses are brought into contact 
with their spherical surfaces. Find the optical power of such a system 
if in reflected light with wavelength X — 0.60 pm the diameter of 
the fifth bright ring is d — 1.50 mm. 

5 . 91 . Two thin symmetric glass lenses, one biconvex and the 
other biconcave, are brought, into contact to make a system with 
optical power O = 0.50 D. Newton’s rings are observed in reflected 
light with wavelength X — 0.61 pm. Determine: 

(a) the radius of the tenth dark ring; 

(b) how the radius of that ring will change when the space between 
the lenses is filled up with water. 

5 . 92 . The spherical surface of a plano-convex lens comes into 
contact with a glass plate. The space between the lens and the plate 
is filled up with carbon dioxide. The refractive indices of the lens, 
carbon dioxide, and the plate are equal to n x = 1.50, n 2 = 1.63, 
and n 3 = 1.70 respectively. The curvature radius of the spherical 
surface of the lens is equal to R — 100 cm. Determine the radius 
of the fifth dark Newton’s ring in reflected light with wavelength 
X = 0.50 pm. 

5 . 93 . In a two-beam interferometer the orange mercury line 
composed of two wavelengths X ± = 576.97 nm and X 2 = 579.03 nm 
is employed. What is the least order of interference at which the 
sharpness of the fringe pattern is the worst? 

5 . 94 . In Michelson’s interferometer the yellow sodium line com- 
posed of two wavelengths X t = 589.0 nm and X 2 = 589.6 nm was 
used. In the process of translational displacement of one of the 
mirrors the interference pattern vanished periodically (why?). Find 
the displacement of the mirror between two successive appearances 
of the sharpest pattern. 

5 . 95 . When a Fabry-Perot etalon is illuminated by monochromatic 
light with wavelength X an interference pattern, the system of con- 



centric rings, appears in the focal plane of a lens (Fig. 5.18). The 
thickness of the etalon is equal to d. Determine how 
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(a) the position of rings; 

(b) the angular width of fringes 
depends on the order of interference. 

5.96. For the Fabry-Perot etalon of thickness d ~ 2.5 cm find: 

(a) the highest order of interference of light with wavelength 
X — 0.50 pm; 

(b) the dispersion region AX, i.e. the spectral interval of wave- 
lengths, within which there is still no overlap with other orders of 
interference if the observation is carried out approximately at 
wavelength X — 0.50 jam. 

5.3. DIFFRACTION OF LIGHT 

• Radius of the periphery of the kth Fresnel zone: 

r fe =T/ k% k = i, 2, 3, ... (5.3a) 

v d -~f- 0 

• Cornu’s spiral (Fig. 5.19). The numbers along that spiral correspond to 
the values of parameter v. In the case of a plane wave v= xY 2/6 A., where x 



and b are the distances defining the position of the element dS of a wavefront 
relative to the observation point P as shown in the upper left corner of the 
figure. 
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• Fraunhofer diffraction produced by light falling normally from a slit. 
Condition of intensity minima: 

b sin 0 = ±kX , k = 1, 2, 3, . . (5.3b) 

where b is the width of the slit, 0 is the diffraction angle. 

• Diffraction grating, with light falling normally. The main Fraunhofer 
maxima appear under the condition 

d sin 0 = ±kX, k = 0, 1, 2, ... (5.3c) 

the condition of additional minima: 

d sin 0= dt ~“r A,, (5.3d) 


where k' — 1, 2, . . ., except for 0, N , 2 ,N f .... 

• Angular dispersion of a diffraction grating: 


6X d cos 0 * 

• Resolving power of a diffraction grating: 



(5.3e) 

(5.3f) 


where N is the number of lines of the grating. 
• Resolving power of an objective 



D 

1.22 X ’ 


(5.3 g) 


where 6\j) is the least angular separation resolved by the objective, D is the 
diameter of the objective. 

• Bragg’s equation. The condition of diffraction maxima: 

2d sin a = -±kX, (5.3h) 


where d is the interplanar distance, a is the glancing angle, k — 1, 2, 3, ... . 


5.97. A plane light wave falls normally on a diaphragm with 
round aperture opening the first N Fresnel zones for a point P on 
a screen located at a distance b from the diaphragm. The wave- 
length of light is equal to X. Find the intensity of light 7 0 in front 
of the diaphragm if the distribution of intensity of light I ( r ) on the 
screen is known. Here r is the distance from the point P . 

5.98. A point source of light with wavelength X = 0.50 pm is 
located at a distance a — 100 cm in front of a diaphragm with 
round aperture of radius r = 1.0 mm. Find the distance b between 
the diaphragm and the observation point for which the number of 
Fresnel zones in the aperture equals k = 3. 

5.99. A diaphragm with round aperture, whose radius r can be 
varied during the experiment, is placed between a point source of 
light and a screen. The distances from the diaphragm to the source 
and the screen are equal to a = 100 cm and b = 125 cm. Determine 
the wavelength of light if the intensity maximum at the centre of 
the diffraction pattern of the screen is observed at r x = 1.00 mm 
and the next maximum at r 2 = 1.29 mm. 
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5.100. A plane monochromatic light wave with intensity / 0 falls 
normally on an opaque screen with a round aperture. What is the inten- 
sity of light I behind the screen at the point for which the aperture 

(a) is equal to the first Fresnel zone; to the internal half of the 
first zone; 

(b) was made equal to the first Fresnel zone and then half of it 

was closed (along the diameter)? 

5.101. A plane monochromatic light wave with intensity I 0 

falls normally on an opaque disc closing the first Fresnel zone for 
the observation point P. What did the intensity of light / at the 
point P become equal to after 

(a) half of the disc (along the diameter) was removed; 

(b) half of the external half of the first Fresnel zone was removed 
(along the diameter)? 

5.102. A plane monochromatic light wave with intensity / 0 

falls normally on the surfaces of the opaque screens shown in 

Fig. 5.20. Find the intensity of light / at a point P 





Fig. 5.20. 




(a) located behind the corner points of screens 1-3 and behind 
the edge of half-plane 4 ; 

(b) for which the rounded-off edge of screens 5-8 coincides with 
the boundary of the first Fresnel zone. 

Derive the general formula describing 
the results obtained for screens 1-4 ; the 
same, for screens 5-8. 

5.103. A plane light wave with wave- 
length X = 0.60 j^m falls normally on a 
sufficiently large glass plate having a round 
recess on the opposite side (Fig. 5.21). For 
the observation point P that recess corres- 
ponds to the first one and a half Fresnel 
zones. Find the depth h of the recess at 
which the intensity of light at the point P is 

(a) maximum; 

(b) minimum; 

(c) equal to the intensity of incident light. 


( I \*\ ) 



Fig. 5.21. 
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5.104. A plane light wave with wavelength X and intensity I 0 
falls normally on a large glass plate whose opposite side serves as 
an opaque screen with a round aperture equal to the first Fresnel 
zone for the observation point P . In the middle of the aperture 
there is a round recess equal to half the Fresnel zone. What must 
the depth h of that recess be for the intensity of light at the point 
P to be the highest? What is this intensity equal to? 

5.105. A plane light wave with wavelength X = 0.57 pm falls 
normally on a surface of a glass ( n = 1.60) disc which shuts one 
and a half Fresnel zones for the observation point P . What must 
the minimum thickness of that disc be for the intensity of light 
at the point P to be the highest? Take into account the interference 
of light on its passing through the disc. 

5.106. A plane light wave with wavelength X= 0.54 pm goes 
through a thin converging lens with focal length / = 50 cm and 
an aperture stop fixed immediately after the lens, and reaches 
a screen placed at a distance b = 75 cm from the aperture stop. 
At what aperture radii has the centre of the diffraction pattern 
on the screen the maximum illuminance? 

5.107. A plane monochromatic light wave falls normally on 
a round aperture. At a distance b = 9.0 m from it there is a screen 
showing a certain diffraction pattern. The aperture diameter was 
decreased r] = 3.0 times. Find the new distance V at which the 
screen should be positioned to obtain the diffraction pattern similar 
to the previous one but diminished rj times. 

5.108. An opaque ball of diameter D = 40 mm is placed between 
a source of light with wavelength X = 0.55 pm and a photographic 
plate. The distance between the source and the ball is equal to 
a = 12 m and that between the ball and the photographic plate 
is equal to b = 18 m. Find: 

(a) the image dimension y' on the plate if the transverse dimension 
of the source is y — 6.0 mm; 

(b) the minimum height of irregularities, covering the surface 
of the ball at random, at which the ball obstructs light. 

Note. As calculations and experience show, that happens when 
the height of irregularities is comparable 
with the width of the Fresnel zone along 
which the edge of an opaque screen passes. 

5.109. A point source of monochromatic 
light is positioned in front of a zone plate 
at a distance a = 1.5 m from it. The image 
of the source is formed at a distance 
b = 1.0 m from the plate. Find the focal 
length of the zone plate. 

5.110. A plane light wave with wave- 
length X = 0.60 pm and intensity / 0 falls 
normally on a large glass plate whose side view is shown in 
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Fig. 5.22. At what height h of the ledge will the intensity of light 
at points located directly below be 

(a) minimum; 

(b) twice as low as / 0 (the losses due to reflection are to be neglect* 
ed). 

5.111. A plane monochromatic light wave fails normally on an 
opaque half-plane. A screen is located at a distance b = 100 cm 
behind the half-plane. Making use of the Cornu spiral (Fig. 5.19), find: 

(a) the ratio of intensities of the first maximum and the neighbour- 
ing minimum; 

(b) the wavelength of light if the first two maxima are separated 
by a distance Ax = 0.63 mm. 

5.112. A plane light wave with wavelength 0.60 jum falls normally 
on a long opaque strip 0.70 mm wide. Behind it a screen is placed 
at a distance 100 cm. Using Fig. 5.19, find the ratio of intensities 
of light in the middle of the diffraction pattern and at the edge of 
the geometrical shadow. 

5.113. A plane monochromatic light wave falls normally on a long 
rectangular slit behind which a screen is positioned at a distance 
b = 60 cm. First the width of the slit was adjusted so that in the 
middle of the diffraction pattern the lowest minimum was observed. 
After widening the slit by Ah — 0.70 mm, the next minimum was 
obtained in the centre of the pattern. Find the wavelength of light. 

5.114. A plane light wave with wavelength k — 0.65 fxm falls 
normally on a large glass plate whose opposite side has a longrectan- 
gular recess 0.60 mm wide. Using Fig. 5.19, 
find the depth h of the recess at which the 
diffraction pattern on the screen 77 cm 
away from the plate has the maximum 
illuminance at its centre. 

5.115. A plane light wave with wave- 
length X = 0.65 j^m falls normally on a 
large glass plate whose opposite side has 
a ledge and an opaque strip of width 
a = 0.30 mm (Fig. 5.23). A screen is placed 
at a distance b = 110 cm from the 
plate. The height h of the ledge is such 
that the intensity of light at point 2 of the 
screen is the highest possible. Making use 
of Fig. 5.19, find the ratio of intensities at points 1 and 2. 

5.116. A plane monochromatic light wave of intensity / 0 falls 
normally on an opaque screen with a long slit having a semicircular 
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cut on one side (Fig. 5.24). The edge of the cut coincides with the 
boundary line of the first Fresnel zone for the observation point P. 
The width of the slit measures 0.90 of the radius of the cut. Using 
Fig. 5.19, find the intensity of light at the point P . 

5.117. A plane monochromatic light wave falls normally on an 
opaque screen with a long slit whose shape is shown in Fig. 5.25. 
Making use of Fig. 5.19, find the ratio of intensities of light at 
points i, 2, and 3 located behind the screen at equal distances from 
it. For point 3 the rounded-off edge of the slit coincides with the 
boundary line of the first Fresnel zone. 

5.118. A plane monochromatic light wave falls normally on an 
opaque screen shaped as a long strip with a round hole in the middle. 
For the observation point P the hole corresponds to half the Fresnel 
zone, with the hole diameter being ti = 1.07 times less than the 
width of the strip. Using Fig. 5.19, find the intensity of light at the 
point P provided that the intensity of the incident light is equal 
to / 0 . 

5.119. Light with wavelength X falls normally on a long rectangu- 
lar slit of width b . Find the angular distribution of the intensity 
of light in the case of Fraunhofer diffraction, as well as the angular 
position of minima. 

5.120. Making use of the result obtained in the foregoing problem, 
find the conditions defining the angular position of maxima of the 
first, the second, and the third order. 

5.121. Light with wavelength X = 0.50 fxm falls on a slit of 
width b = 10 jam at an angle 0 O = 30° to its normal. Find the 
angular position of the first minima located on both sides of the 
central Fraunhofer maximum. 

5.122. A plane light wave with wavelength X = 0.60 (xm falls 
normally on the face of a glass wedge with refracting angle 0 = 15°. 
The opposite face of the wedge is opaque and has a slit of width 
b = 10 [xm parallel to the edge. Find: 

(a) the angle AQ between the direction to the Fraunhofer maximum 
of zeroth order and that of incident light; 

(b) the angular width of the Fraunhofer maximum of the zeroth 
order. 

5.123. A monochromatic beam falls on a reflection grating with 
period d = 1.0 mm at a glancing angle a 0 = 1.0°. When it is dif- 
fracted at a glancing angle a = 3.0° a Fraunhofer maximum of 
second order occurs. Find the wavelength of light. 

5.124. Draw the approximate diffraction pattern originating in 
the case of the Fraunhofer diffraction from a grating consisting 
of three identical slits if the ratio of the grating period to the slit 
width is equal to 

(a) two; 

(b) three. 

5.125. With light falling normally on a diffraction grating, the 
angle of diffraction of second order is equal to 45° for a wavelength 
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= 0.65 pm. Find the angle of diffraction of third order for a wave 
length X 2 — 0.50 pm. 

5.126. Light with wavelength 535 nm falls normally on a diffrac- 
tion grating. Find its period if the diffraction angle 35° corresponds 
to one of the Fraunhofer maxima and the highest order of spectrum 
is equal to five. 

5.127. Find the wavelength of monochromatic light falling nor- 
mally on a diffraction grating with period d = 2.2 pm if the angle 
between the directions to the Fraunhofer maxima of the first and 
the second order is equal to A0 = 15°. 

5 . 128 . Light with wavelength 530 nm falls on a transparent 
diffraction grating with period 1.50 pm. Find the angle, relative 
to the grating normal, at which the Fraunhofer maximum of highest 
order is observed provided the light falls on the grating 

(a) at right angles; 

(b) at the angle 60° to the normal. 

5 . 129 . Light with wavelength X — 0.60 pm falls normally on 
a diffraction grating inscribed on a plane surface of a plano-convex 
cylindrical glass lens with curvature radius R = 20 cm. The period 
of the grating is equal to d = 6.0 pm. Find the distance between 
the principal maxima of first order located symmetrically in the 
focal plane of that lens. 

5 . 130 . A plane light wave with wavelength X = 0.50 pm falls 
normally on the face of a glass wedge with an angle 0 = 30°. On the 
opposite face of the wedge a transparent diffraction grating with 
period d = 2.00 pm is inscribed, whose lines are parallel to the 
wedge’s edge. Find the angles that the direction of incident light 
forms with the directions to the principal Fraunhofer maxima of 
the zero and the first order. What is the highest order of the spect- 
rum? At what angle to the direction of incident light is it observed? 

5 . 131 . A plane light wave with wavelength X falls normally on 
a phase diffraction grating whose side view is shown in Fig. 5.26. 
The grating is cut on a glass plate with refractive index n. Find 
the depth h of the lines at which the intensity of the central Fraun- 
hofer maximum is equal to zero. What is in this case the diffraction 
angle corresponding to the first maximum? 

T 0 
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Fig. 5.26. Fig. 5.27. 

5 . 132 . Figure 5.27 illustrates an arrangement employed in obser- 
vations of diffraction of light by ultrasound. A plane light wave 
with wavelength K = 0.55 pm passes through the water-filled tank T 
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in which a standing ultrasonic wave is sustained at a frequency 
v = 4.7 MHz. As a result of diffraction of light by the optically 
inhomogeneous periodic structure a diffraction spectrum can be 
observed in the focal plane of the objective 0 with focal length 
/ — 35 cm. The separation between neighbouring maxima is Ax = 
= 0.60 mm. Find the propagation velocity of ultrasonic oscillations 
in water. 

5.133. To measure the angular distance between the components 
of a double star by Michelson’s method, in front of a telescope’s 
lens a diaphragm was placed, which had two narrow parallel slits 
separated by an adjustable distance d. While diminishing d, the 
first smearing of the pattern was observed in the focal plane of the 
objective at d = 95 cm. Find ij;, assuming the wavelength of light 
to be equal to X = 0.55 pm. 

5.134. A transparent diffraction grating has a period d = 1.50 pm. 
Find the angular dispersion D (in angular minutes per nanometres) 
corresponding to the maximum of highest order for a spectral line 
of wavelength X = 530 nm of light falling on the grating 

(a) at right angles; 

(b) at the angle 0 O = 45° to the normal. 

5.135. Light with wavelength X falls on a diffraction grating at 
right angles. Find the angular dispersion of the grating as a function 
of diffraction angle 0. 

5.136. Light with wavelength X = 589.0 nm falls normally on 
a diffraction grating with period d = 2.5 pm, comprising N = 
= 10 000 lines. Find the angular width of the diffraction maximum 
of second order. 

5.137. Demonstrate that when light falls on a diffraction grating 
at right angles, the maximum resolving power of the grating cannot 
exceed the value l/X, where l is the width of the grating and X is 
the wavelength of light. 

5.138. Using a diffraction grating as an example, demonstrate 
that the frequency difference of two maxima resolved according to 
Rayleigh’s criterion is equal to the reciprocal of the difference of 
propagation times of the extreme interfering oscillations, i.e. 6v = 
= 1 / 6 *. 

5.139. Light composed of two spectral lines with wavelengths 

600.000 and 600.050 nm falls normally on a diffraction grating 

10.0 mm wide. At a certain diffraction angle 0 these lines are close 
to being resolved (according to Rayleigh’s criterion). Find 0. 

5.140. Light falls normally on a transparent diffraction grating 
of width l — 6.5 cm with 200 lines per millimetre. The spectrum 
under investigation includes a spectral line with X = 670.8 nm 
consisting of two components differing by 6X = 0.015 nm. Find: 

(a) in what order of the spectrum these components will be resolv- 
ed; 

(b) the least difference of wavelengths that can be resolved by 
this grating in a wavelength region X ^670 nm. 
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5.141. With light falling normally on a transparent diffraction 
grating 10 mm wide, it was found that the components of the yellow 
line of sodium (589.0 and 589.6 nm) are resolved beginning with 
the fifth order of the spectrum. Evaluate: 

(a) the period of this grating; 

(b) what must be the width of the grating with the same period 
for a doublet X = 460.0 nm whose components differ by 0.13 nm 
to be resolved in the third order of the spectrum. 

5.142. A transparent diffraction grating of a quartz spectrograph 
is 25 mm wide and has 250 lines per millimetre. The focal length 
of an objective in whose focal plane a photographic plate is located 
is equal to 80 cm. Light falls on the grating at right angles. The 
spectrum under investigation includes a doublet with components 
of wavelengths 310.154 and 310.184 nm. Determine: 

(a) the distances on the photographic plate between the components 
of this doublet in the spectra of the first and the second order; 

(b) whether these components will be resolved in these orders 
of the spectrum. 

5.143. The ultimate resolving power X/8X of the spectrograph’s 
trihedral prism is determined by diffraction of light at the prism 
edges (as in the case of a slit). When the prism is oriented to the 
least deviation angle in accordance with Rayleigh’s criterion, 

X/8X == b | dnidX |, 

where b is the width of the prism’s base (Fig. 5.28), and dn/dX is the 
dispersion of its material. Derive this formula. 
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5.144. A spectrograph’s trihedral prism is manufactured from 
glass whose refractive index varies with wavelength as n = A -ft BIX 2 , 
where A and B are constants, with B being equal to 0.010 pm 2 . 
Making use of the formula from the foregoing problem, fend: 

(a) how the resolving power of the prism depends on X ; calculate 
the value of X/6X in the vicinity of X 1 = 434 nm and X 2 = 656 nm 
if the width of the prism’s base is b = 5.0 cm; 

(b) the width of the prism’s base capable of resolving the yellow 
doublet of sodium (589.0 and 589.6 nm). 

5.145. How wide is the base of a trihedral prism which has the 
same resolving power as a diffraction grating with 10 000 lines 
in the second order of the spectrum if | dn/d\\ = 0. 10 m m— 1 ? 
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5.146. There is a telescope whose objective has a diameter D = 
= 5.0 cm. Find the resolving power of the objective and the mini- 
mum separation between two points at a distance l — 3.0 km from 
the telescope, which it can resolve (assume % = 0.55 pm). 

5.147. Calculate the minimum separation between two points 
on the Moon which can be resolved by a reflecting telescope with 
mirror diameter 5 m. The wavelength of light is assumed to be equal 
to X = 0.55 |xm. 

5.148. Determine the minimum multiplication of a telescope 
with diameter of objective D = 5.0 cm with which the resolving 
power of the objective is totally employed if the diameter of the 
eye’s pupil is d 0 = 4.0 mm. 

5.149. There is a microscope whose objective’s numerical aperture 
is sin a = 0.24, where a is the half-angle subtended by the objec- 
tive’s rim. Find the minimum separation resolved by this microscope 
when an object is illuminated by light with wavelength X = 0.55 (xm. 

5.150. Find the minimum magnification of a microscope, whose 
objective’s numerical aperture is sin a = 0.24, at which the resolv- 
ing power of the objective is totally employed if the diameter of the 
eye’s pupil is d a = 4.0 mm. 

5.151. A beam of X-rays with wavelength X falls at a glancing 
angle 60.0° on a linear chain of scattering centres with period a. 
Find the angles of incidence corres- 
ponding to all diffraction maxima 
if X = 2a/5. 

5.152. A beam of X-rays with 
wavelength X = 40 pm falls nor- 
mally on a plane rectangular array 
of scattering centres and produces 
a system of diffraction maxima 
(Fig. 5.29) on a plane screen re- 
moved from the array by a distance 
l = 10 cm. Find the array periods a 
and b along the x and y axes if the 
distances between symmetrically 
located maxima of second order are equal to Ax 
the x axis) and Ay = 40 mm (along the y axis). 

5.153. A beam of X-rays impinges on a three-dimensional rectan- 
gular array whose periods are a, b , and c. The direction of the inci- 
dent beam coincides with the direction along which the array period 
is equal to a. Find the directions to the diffraction maxima and the 
wavelengths at which these maxima will be observed. 

5.154. A narrow beam of X-rays impinges on the natural facet 
of a NaCl single crystal, whose density is p — 2.16 g/cm 3 at a glanc- 
ing angle a = 60.0°. The mirror reflection from this facet produces 
a maximum of second order. Find the wavelength of radiation. 

5.155. A beam of X-rays with wavelength % = 174 pm falls on 
the surface of a single crystal rotating about its axis which is paral- 
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lei to its surface and perpendicular to the direction of the incident 
beam. In this case the directions to the maxima of second and third 
order from the system of planes parallel to the surface of the single 
crystal form an angle a = 60° between them. Find the corresponding 
interplanar distance. 

5.156. On transmitting a beam of X-rays with wavelength X = 
= 17.8 pm through a polycrystalline specimen a system of diffrac- 
tion rings is produced on a screen located at a distance l — 15 cm 
from the specimen. Determine the radius of the bright ring corres- 
ponding to second order of reflection from the system of planes with 
interplanar distance d = 155 pm. 


5.4. POLARIZATION OF LIGHT 


• Degree of polarization of light: 


• Malus’s law: 


_ / max 7 min 
imajc+imin 

/ = 7 0 cos 2 <p. 


(5.4a) 

(5.4b) 


• Brewster’s law: 

tan 0 B — njn t . (5.4c) 

• Fresnel equations for intensity of light reflected at the boundary be- 
tween two dielectrics: 


r',_r sin 2 (Qj — 9 2 ) > tan 2 (0 1 — 6 2 ) 

sin 2 (e 1 + e 2 )’ tan* ft + 0*)* 


(5.4d) 


where I ± and 7j ( are the intensities of incident light whose electric vector oscil- 
lations are respectively perpendicular and parallel to the plane of incidence- 
• A crystalline plate between two polarizers P and P'.Ii the angle between 
the plane of polarizer P and the optical axis 00' of the plate is equal to 45°, 
the intensity 7' of light which passes through the polarizer P' turns out to be 
either maximum or minimum under the following conditions: 


Polarizers 

8 = 2nk 

■5 = (2/t + l) JT 

P and P’ 

parallel 

1 1 | — max 

7 jj —min 

crossed 

7^ — min 

/^ = max 


Here 6 = 2n (rc 0 — n e )d!X is the phase difference between the ordinary and 
extraordinary rays, k — 0, 1, 2, ... 

• Natural and magnetic rotation of the plane of polarization: 

— tymagn — VIH , (5.4f) 

where a is the rotation constant, V is Verdet’s constant. 

5.157. A plane monochromatic wave of natural light with inten- 
sity 7 0 falls normally on a screen composed of two touching Polaroid 
half- planes. The principal direction of one Polaroid is parallel, 
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and of the other perpendicular, to the boundary between them. 
What kind of diffraction pattern is formed behind the screen? What 
is the intensity of light behind the screen at the points of the plane 
perpendicular to the screen and passing through the boundary 
between the Polaroids? 

5.158. A plane monochromatic wave of natural light with inten- 
sity I Q falls normally on an opaque screen with round hole corres- 
ponding to the first Fresnel zone for the observation point P . Find 
the intensity of light at the point P after the hole was covered with 
two identical Polaroids whose principal directions are mutually 
perpendicular and the boundary between them passes 

(a) along the diameter of the hole; 

(b) along the circumference of the circle limiting the first half 
of the Fresnel zone. 

5.159. A beam of plane-polarized light falls on a polarizer which 
rotates about the axis of the ray with angular velocity o) = 21 rad/s. 
Find the energy of light passing through the polarizer per one revo- 
lution if the flux of energy of the, incident ray is equal to d> 0 = 
- 4.0 mW. 

5.160. A beam of natural light falls on a system of AT = 6Nicol 
prisms whose transmission planes are turned each through an angle 
cp = 30° with respect to that of the foregoing prism. What fraction 
of luminous flux passes through this system? 

5.161. Natural light falls on a system of three identical in-line 
Polaroids, the principal direction of the middle Polaroid forming 
an angle cp = 60° with those of two other Polaroids. The maximum 
transmission coefficient of each Polaroid is equal to x == 0.81 when 
plane-polarized light falls on them. How many times will the 
intensity of the light decrease after its passing through the 
system? 

5.162. The degree of polarization of partially polarized light is 
P = 0.25. Find the ratio of intensities of the polarized component 
of this light and the natural component. 

5.163. A Nicol prism is placed in the way of partially polarized 
beam of light. When the prism is turned from the position of maxi- 
mum transmission through an angle <p = 60°, the intensity of trans- 
mitted light decreased by a factor of r\ = 3.0, Find the degree of 
polarization of incident light. 

5.164. Two identical imperfect polarizers are placed in the way 
of a natural beam of light. When the polarizers’ planes are parallel, 
the system transmits r] — 10.0 times more light than in the 
case of crossed planes. Find the degree of polarization of light 
produced 

(a) by each polarizer separately; 

(b) by the whole system when the planes of the polarizers are 
parallel. 

5.165. Two parallel plane-polarized beams of light of equal inten- 
sity whose oscillation planes and N 2 form a small angle cp between 
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them (Fig. 5.30) fall on a Nicol prism. To equalize the intensities 
of the beams emerging behind the prism, its principal direction N 
must be aligned along the bisecting line A or B. Find the value of 
the angle <p at which the rotation of the Nicol prism through a small 
angle 8<p <C <p from the position A results in the fractional change 
of intensities of the beams A HI by the value r) = 100 times exceeding 
that resulting due to rotation through the same angle from the 
position 5. 

5.166. Resorting to the Fresnel equations, demonstrate that 
light reflected from the surface of dielectric will be totally polarized 
if the angle of incidence 0! satisfies the condition tan 0 X = n , where n 
is the refractive index of the dielectric. What is in this case the 
angle between the reflected and refracted rays? 


5.167. Natural light falls at the Brewster angle on the surface 
of glass. Using the Fresnel equations, find 

(a) the reflection coefficient; 

(b) the degree of polarization of refracted light, 

5.168. A plane beam of natural light with intensity I 0 falls on 
the surface of water at the Brewster angle. A fraction p = 0.039 
of luminous flux is reflected. Find the intensity of the refracted 
beam. 

5.169. A beam of plane-polarized light falls on the surface of water 
at the Brewster angle. The polarization plane of the electric vector 
of the electromagnetic wave makes an angle <p = 45° with the inci- 
dence plane. Find the reflection coefficient. 

5.170. A narrow beam of natural light falls on the surface of 
a thick transparent plane-parallel plate at the Brewster angle. 
As a result, a fraction p = 0.080 of luminous flux is reflected from 
its top surface. Find the degree of polarization of beams 1-4 (Fig. 5.31) 

5.171. A narrow beam of light of intensity / 0 falls on a plane- 
parallel glass plate (Fig. 5.31) at the Brewster angle. Using the 
Fresnel equations, find: 

(a) the intensity of the transmitted beam / 4 if the oscillation 
plane of the incident plane-polarized light is perpendicular to the 
incidence plane; 
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(b) the degree of polarization of the transmitted light if the 
light falling on the plate is natural. 

5.172. A narrow beam of natural light falls on a set of N thick 
plane-parallel glass plates at the Brewster angle. Find: 

(a) the degree P of polarization of the transmitted beam; 

(b) what P is equal to when N = 1, 2, 5, and 10. 

5.173. Using the Fresnel equations, find: 

(a) the reflection coefficient of natural light falling normally 
on the surface of glass; 

(b) the relative loss of luminous flux due to reflections of a paraxial 
ray of natural light passing through an aligned optical system compris- 
ing five glass lenses (secondary reflections of light are to be neglected). 

5.174. A light wave falls normally on the surface of glass coated 
with a layer of transparent substance. Neglecting secondary reflec- 
tions, demonstrate that the amplitudes of light waves reflected 
from the two surfaces of such a laver will be equal under the condi- 
tion n r = Y7T, where n' and n are the refractive indices of the layer 
and the glass respectively, 

5.175. A beam of natural light falls on the surface of glass at an 
angle of 45°. Using the Fresnel equations, find the degree of polari- 
zation of 

(a) reflected light; 

(b) refracted light. 

5.176. Using Huygens’s principle, construct the wavefronts and 
the propagation directions of the ordinary and extraordinary rays 
in a positive uniaxial crystal whose 
optical axis 

(a) is perpendicular to the inci- 
dence plane and parallel to the 
surface of the crystal; 

(b) lies in the incidence plane 
and is parallel to the surface of 
the crystal; 

(c) lies in the incidence plane at 
an angle of 45° to the surface of 
the crystal, and light falls at right 
angles to the optical axis. 

5.177. A narrow beam of na- 
tural light with wavelength X = 

= 589 nm falls normally on the surface of a Wollaston polarizing 
prism made of Iceland spar as shown in Fig. 5.32. The optical axes 
of the two parts of the prism are mutually perpendicular. Find the 
angle 6 between the directions of the beams behind the prism if the 
angle 0 is equal to 30°. 

5.178. What kind of polarization has a plane electromagnetic 
wave if the projections of the vector E on the x and y axes are per- 
pendicular to the propagation direction and are defined by the 
following equations: 
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(a) E x = E cos (g>£ — fez), E y = E sin (at — fez); 

(b) E x = E cos ((o^ — fez), 2?’ y = i? cos (at — kz + jx/4); 

(c) E x = E cos (o£ — fez), E y = E cos (of — fez + ji)? 

5 . 179 . One has to manufacture a quartz plate cut parallel to its 

optical axis and not exceeding 0.50 mm in thickness. Find the maxi- 
mum thickness of the plate allowing plane-polarized light with 
wavelength X = 589 nm 

(a) to experience only rotation of polarization plane; 

(b) to acquire circular polarization 
after passing through that plate. 

5.180. A quartz plate cut parallel to the optical axis is placed 
between two crossed Nicol prisms. The angle between the principal 
directions of the Nicol prisms and the plate is equal to 45°. The thick- 
ness of the plate is d = 0.50 mm. At what wavelengths in the inter- 
val from 0.50 to 0.60 pm is the intensity of light which passed 
through that system independent of rotation of the rear prism? 
The difference of refractive indices for ordinary and extraordinary 
rays in that wavelength interval is assumed to be An = 0.0090. 

5 . 181 . White natural light falls on a system of two crossed Nicol 
prisms having between them a quartz plate 1.50 mm thick, cut 
parallel to the optical axis. The axis of the plate forms an angle of 
45° with the principal directions of the Nicol prisms. The light 
transmitted through that system was split into the spectrum. How 
many dark fringes will be observed in the wavelength interval 
from 0.55 to 0.66 pm? The difference of refractive indices for ordinary 
and extraordinary rays in that wavelength interval is assumed 
to be equal to 0.0090. 

5 . 182 . A crystalline plate cut parallel to its optical axis is 0.25 mm 
thick and serves as a quarter-wave plate for a wavelength X = 
= 530 nm. At what other wavelengths of visible spectrum will 
it also serve as a quarter-wave plate? The difference of refractive 
indices for extraordinary and ordinary rays is assumed to be constant 
and equal to n e — n 0 = 0.0090 at all wavelengths of the visible 
spectrum. 

5 . 183 . A quartz plate cut parallel to its optical axis is placed 
between two crossed Nicol prisms so that their principle directions 
form an angle of 45° with the optical axis of the plate. What is the 
minimum thickness of that plate transmitting light of wavelength 
X x ~ 643 nm with maximum intensity while greatly reducing the 
intensity of transmitting light of wavelength X 2 = 564 nm? The 
difference of refractive indices for extraordinary and ordinary rays 
is assumed to be equal to n e — n 0 = 0.0090 for both wavelengths. 

5 . 184 . A quartz wedge with refracting angle 0= 3.5° is inserted 
between two crossed Polaroids. The optical axis of the wedge is 
parallel to its edge and forms an angle of 45° with the principal 
directions of the Polaroids. On transmission of light with wavelength 
X = 550 nm through this system, an interference fringe pattern is 
formed. The width of each fringe is Ax = 1.0 mm. Find the dif- 
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ference of refractive indices of quartz for ordinary and extraordinary 
rays at the wavelength indicated above. 

5.185. Natural monochromatic light of intensity 7 0 falls on a sys- 
tem of two Polaroids between which a crystalline plate is inserted, 
cut parallel to its optical axis. The plate introduces a phase dif- 
ference 6 between the ordinary and extraordinary rays. Demonstrate 
that the intensity of light transmitted through that system is equal to 

/ = -y / 0 [cos 2 (q>-— 9 ')—- sin 2 (p-sin 2 <p' sin 2 ( 6 / 2 )], 

where 9 and 9 ' are the angles between the optical axis of the crystal 
and the principal directions of the Polaroids. In particular, consider 
the cases of crossed and parallel Polaroids. 

5.186. Monochromatic light with circular polarization falls norm- 
ally on a crystalline plate cut parallel to the optical axis. Behind 
the plate there is a Nicol prism whose principal direction forms an 
angle 9 with the optical axis of the plate. Demonstrate that the 
intensity of light transmitted through that system is equal to 

/ = I 0 (1 + sin 29 «sin 6 ), 

where 6 is the phase difference between the ordinary and extraordi- 
nary rays which is introduced by the plate. 

5.187. Explain how, using a Polaroid and a quarter- wave plate 
made of positive uniaxial crystal ( n e >n 0 ), to distinguish 

(a) light with left-hand circular polarization from that with 
right-hand polarization; 

(b) natural light from light with circular polarization and from 
the composition of natural light and that with circular polarization. 

5.188. Light with wavelength X falls on a system of crossed pola- 
rizer P and analyzer A between which a Babinet compensator C 
is inserted (Fig. 5.33). The compensa- 
tor consists of two quartz wedges with 
the optical axis of one of them being 
parallel to the edge, and of the other, 
perpendicular to it. The principal direc- 
tions of the polarizer and the analyser 
form an angle of 45° with the optical axes 
of the compensator. The refracting angle 
of the wedges is equal to 0 ( 0 <C 1 ) and 
the difference of refractive indices of 
quartz is n e — n 0 . The insertion of 
investigated birefringent sample S , with 
the optical axis oriented as shown in the figure, results in dis- 
placement of the fringes upward by 6x mm. Find: 

(a) the width of the fringe Ax; 

(b) the magnitude and the sign of the optical path difference 
of ordinary and extraordinary rays, which appears due to the 
sample S. 
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5.189. Using the tables of the Appendix, calculate the difference 
of refractive indices of quartz for light of wavelength X = 589.5 nm 
with right-hand and left-hand circular polarizations. 

5.190. Plane-polarized light of wavelength 0.59 pm falls on 
a trihedral quartz prism P (Fig. 5.34) with refracting angle 0 = 
= 30°. Inside the prism light propagates along the optical axis 
whose direction is shown by hatching. Behind 
the Polaroid Pol an interference pattern of 
bright and dark fringes of width Ax = 

= 15.0 mm is observed. Find the specific rota- 
tion constant of quartz and the distribution 
of intensity of light behind the Polaroid. 

5.191. Natural monochromatic light falls 
on a system of two crossed Nicol prisms 
between which a quartz plate cut at right 
angles to its optical axis is inserted. Find 
the minimum thickness of the plate at which 
this system will transmit r\ = 0.30 of luminous 
flux if the specific rotation constant of 
quartz is equal to a = 17 ang. deg/mm. 

5.192. Light passes through a system of two crossed Nicol prisms 
between which a quartz plate cut at right angles to its optical axis 
is placed. Determine the minimum thickness of the plate which 
allows light of wavelength 436 nm to be completely cut off by the 
system and transmits half the light of wavelength 497 nm. The spe- 
cific rotation constant of quartz for these wavelengths is equal 
to 41.5 and 31.1 angular degrees per mm respectively. 

5.193. Plane-polarized light of wavelength 589 nm propagates 
along the axis of a cylindrical glass vessel filled with slightly turbid 
sugar solution of concentration 500 g/1. Viewing from the side, one 
can see a system of helical fringes, with 50 cm between neighbouring 
dark fringes along the axis. Explain the emergence of the fringes and 
determine the specific rotation constant of the solution. 

5.194. A Kerr cell is positioned between two crossed Nicol prisms 
so that the direction of electric field E in the capacitor forms an 
angle of 45° with the principal directions of the prisms. The capacitor 
has the length l = 10 cm and is filled up with nitrobenzene. Light 
of wavelength X = 0.50 pm passes through the system. Taking 
into account that in this case the Kerr constant is equal to B — 
= 2.2«10~ 10 cm/V 2 , find: 

(a) the minimum strength of electric field E in the capacitor at 
which the intensity of light that passes through this system is inde- 
pendent of rotation of the rear prism; 

(b) how many times per second light will be interrupted when 
a sinusoidal voltage of frequency v = 10 MHz and strength ampli- 
tude E m = 50 kV/cm is applied to the capacitor. 

Note. The Kerr constant is the coefficient B in the equation n e — 
— n 0 = BXE 2 . 
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5. 195. Monochromatic plane-polarized light with angular frequen- 
cy o) passes through a certain substance along a uniform magnetic 
field H . Find the difference of refractive indices for right-hand and 
left-hand components of light beam with circular polarization if 
the Verdet constant is equal to V. 

5.196. A certain substance is placed in a longitudinal magnetic 
field of a solenoid located between two Polaroids. The length of 
the tube with substance is equal to l — 30 cm. Find the Verdet 
constant if at a field strength H = 56.5 kA/m the angle of rotation 
of polarization plane is equal to <p x = +5°10' for one direction of 
the field and to cp 2 = — 3°20', for the opposite direction. 

5.197. A narrow beam of plane-polarized light passes through 
dextrorotatory positive compound placed into a longitudinal magne- 
tic field as shown in Fig. 5.35. Find the angle through which the 


H 



Fig. 5.35. 


polarization plane of the transmitted beam will turn if the length 
of the tube with the compound is equal to Z, the specific rotation 
constant of the compound is equal to a, the Verdet constant is F, 
and the magnetic field strength is H . 

5.198. A tube of length Z = 26 cm is filled with benzene and placed 
in a longitudinal magnetic field of a solenoid positioned between two 
Polaroids. The angle between the principle directions of the Pola- 
roids is equal to 45°. Find the minimum strength of the magnetic 
field at which light of the wavelength 589 nm propagates through 
that system only in one direction (optical valve). What happens if 
the direction of the given magnetic field is changed to the opposite 
one? 

5.199. Experience shows that a body irradiated with light with 
circular polarization acquires a torque. This happens because such 
a light possesses an angular momentum whose flow density in va- 
cuum is equal to M = //o>, where I is the intensity of light, o> is 
the angular oscillation frequency. Suppose light with circular 
polarization and wavelength X = 0.70 pm falls normally on a uni- 
form black disc of mass m = 10 mg which can freely rotate about 
its axis. How soon will its angular velocity become equal to o> 0 ~ 
= 1.0 rad/s provided / = 10 W/cm 2 ? 
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5.5. DISPERSION AND ABSORPTION OF LIGHT 


. Permittivity of substance according to elementary theory of dispersion: 


e = l+2 


k 


n k e 2 lme 0 

^Ofe-CD* ’ 


(5.5a) 


where n h is the concentration of electrons of natural frequency co ofe . 

• Relation between refractive index and permittivity of substance: 


n — ]/e. 

• Phase velocity v and group velocity u : 

v — co Ik, u — dtoldk. 

• Rayleigh’s formula: 

* dv 

IT- 


(5.5b) 

(5.5c) 

(5.5d) 


• Attenuation of a narrow beam of electromagnetic radiation: 

/ = / 0 e-» ld , (5.5e) 

where p = x -f- p,, x, x' are the coefficients of linear attenuation, absorption, 

and scattering. 

5.200. A free electron is located in the field of a monochromatic 
light wave. The intensity of light is I = 150 W/m 2 , its frequency 
is co = 3.4- 10 15 s- 1 . Find: 

(a) the electron’s oscillation amplitude and its velocity ampli- 
tude; 

(b) the ratio F m /F e , where F m and F e are the amplitudes of forces 
with which the magnetic and electric components of the light wave 
field act on the electron; demonstrate that that ratio is equal to 

I 

vie, where v is the electron’s velocity amplitude and c is the 
velocity of light. 

Instruction. The action of the magnetic field component can be 
disregarded in the equation of motion of the electron since the calcu- 
lations show it to be negligible. 

5.201. An electromagnetic wave of frequency w propagates in 
dilute plasma. The free electron concentration in plasma is equal 
to n Q . Neglecting the interaction of the wave and plasma ions, find: 

(a) the frequency dependence of plasma permittivity; 

(b) how the phase velocity of the electromagnetic wave depends 
on its wavelength X in plasma. 

5.202. Find the free electron concentration in ionosphere if its 
refractive index is equal to n = 0.90 for radiowaves of frequency 
v = 100 MHz. 

5.203. Assuming electrons of substance to be free when subjected 
to hard X-rays, determine by what magnitude the refractive index 
of graphite differs from unity in the case of X-rays whose wavelength 
in vacuum is equal to X = 50 pm. 
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5.204. An electron experiences a quasi-elastic force kx and a “fric- 
tion force” yx in the field of electromagnetic radiation. The i?-com- 
ponent of the field varies as E = E 0 cos o £. Neglecting the action 
of the magnetic component of the field, find: 

(a) the motion equation of the electron; 

(b) the mean power absorbed by the electron; the frequency at 
which that power is maximum and the expression for the maxi- 
mum mean power. 

5.205. In some cases permittivity of substance turns out to be a 
complex ora negative quantity, and refractive index, respectively, 
a complex (n' = n + ix) or an imaginary (n' = m) quantity. Write the 
equation of a plane wave for both of 
these cases and find out the physical 
meaning of such refractive indices. 

5.206. A sounding of dilute plasma 
by radiowaves of various frequencies 
reveals that radiowaves with wave- 
lengths exceeding X 0 — 0.75 m expe- 
rience total internal reflection. Find 
the free electron concentration in 
that plasma. 

5.207. Using the definition of the 
group velocity u , derive Rayleigh’s 
formula (5.5d). Demonstrate that in the vicinity of X = X' the 
velocity u is equal to the segment v' cut by the tangent of the 
curve v (X) at the point X ' (Fig. 5.36). 

5.208. Find the relation between the group velocity u and phase 
velocity v for the following dispersion laws: 

(a) v oo l/j/xy 

(b) v oo k\ 

(c) V oo 1/(D 2 . 

Here X, k , and co are the wavelength, wave number, and angular 
frequency. 

5.209. In a certain medium the relationship between the group 
and phase velocities of an electromagnetic wave has the form uv = 
= c 2 , where c is the velocity of light in vacuum. Find the dependence 
of permittivity of that medium on wave frequency, e (o). 

5.210. The refractive index of carbon dioxide at the wavelengths 
509, 534, and 589 nm is equal to 1.647, 1.640, and 1.630 respective- 
ly. Calculate the phase and group velocities of light in the vicinity 
of X = 534 nm. 

5.211. A train of plane light waves propagates in the medium 
where the phase velocity v is a linear function of wavelength: v = 
= a + bXj where a and b are some positive constants. Demonstrate 
that in such a medium the shape of an arbitrary train of light waves 
is restored after the time interval r = 1/6. 

5.212. A beam of natural light of intensity / 0 falls on a system 
of two crossed Nicol prisms between which a tube filled with certain 



solution is placed in a longitudinal magnetic field of strength H . 
The length of the tube is l , the coefficient of linear absorption of 
solution is x, and the Verdet constant is V . Find the intensity of 
light transmitted through that system. 

5.213. A plane monochromatic light wave of intensity / 0 falls 
normally on a plane-parallel plate both of whose surfaces have 
a reflection coefficient p. Taking into account multiple reflections, 
find the intensity of the transmitted light if 

(a) the plate is perfectly transparent, i.e. the absorption is 
absent; 

(b) the coefficient of linear absorption is equal to x, and the plate 
thickness is d. 

5.214. Two plates, one of thickness d l — 3.8 mm and the other 
of thickness d 2 — 9.0 mm, are manufactured from a certain sub- 
stance. When placed alternately in the way of monochromatic 
light, the first transmits = 0.84 fraction of luminous flux and 
the second, t 2 — 0.70. Find the coefficient of linear absorption of 
that substance. Light falls at right angles to the plates. The second- 
ary reflections are to be neglected. 

5.215. A beam of monochromatic light passes through a pile of 
N = 5 identical plane-parallel glass plates each of thickness l = 
= 0.50 cm. The coefficient of reflection at each surface of the plates 
is p = 0.050. The ratio of the intensity of light transmitted through 
the pile of plates to the intensity of incident light is r = 0.55. 
Neglecting the secondary reflections of light, find the absorption 
coefficient of the given glass. 

5.216. A beam of monochromatic light falls normally on the 
surface of a plane-parallel plate of thickness l. The absorption coeffi- 
cient of the substance the plate is made of varies linearly along 
the normal to its surface from x x to x 2 . The coefficient of reflection 
at each surface of the plate is equal to p. Neglecting the secondary 
reflections, find the transmission coefficient of such a plate. 

5.217. A beam of light of intensity 7 0 falls normally on a trans- 
parent plane-parallel plate of thickness l. The beam contains all the 
wavelengths in the interval from X x to X 2 of equal spectral intensity. 
Find the intensity of the transmitted beam if in this wavelength 
interval the absorption coefficient is a linear function of X, with 
extreme values x x and x 2 . The coefficient of reflection at each surface 
is equal to p. The secondary reflections are to be neglected. 

5.218. A light filter is a plate of thickness d whose absorption 
coefficient depends on wavelength X as 

x (X) = a (1 — X/X 0 ) 2 cm" 1 , 

where a and X 0 are constants. Find the passband AX of this light 
filter, that is the band at whose edges the attenuation of light is r\ 
times that at the wavelength X 0 . The coefficient of reflection from 
the surfaces of the light filter is assumed to be the same at all wave- 
lengths. 
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5.219. A point source of monochromatic light emitting aluminous 
flux 3) is positioned at the centre of a spherical layer of substance. 
The inside radius of the layer is a , the outside one is b. The coeffi- 
cient of linear absorption of the substance is equal to x, the reflection 
coefficient of the surfaces is equal to p. Neglecting the secondary 
reflections, find the intensity of light that passes through that layer. 

5.220. How many times will the intensity of a narrow X-ray 
beam of wavelength 20 pm decrease after passing through a lead 
plate of thickness d = 1.0 mm if the mass absorption coefficient 
for the given radiation wavelength is equal to jx/p — 3.6 cm 2 /g? 

5.221. A narrow beam of X-ray radiation of wavelength 62 pm 
penetrates an aluminium screen 2.6 cm thick. How thick must 
a lead screen be to attenuate the beam just as much? The mass 
absorption coefficients of aluminium and lead for this radiation are 
equal to 3.48 and 72.0 cm 2 /g respectively. 

5.222. Find the thickness of aluminium layer which reduces by 
half the intensity of a narrow monochromatic X-ray beam if the 
corresponding mass absorption coefficient is p,/p = 0.32 cm 2 /g. 

5.223. How many 50% -absorption layers are there in the plate 
reducing the intensity of a narrow X-ray beam r] = 50 times? 


5.6. OPTICS OF MOVING SOURCES 


• Doppler effect for c: 


ACO V a \ 

= — cos 6 (5.6a) 

G) C 

where o is the velocity of a source, 6 is the angle between the source's motion 
direction and the observation line. 

• Doppler effect in the general case: 


(0 = 0)o 


/ i-P 2 
1 — P cos 6 ' 


(5.6b) 


where P = vie . 

• If 0 = 0, the Doppler effect is called radial, and if 0 = n/2, transverse. 

• Vavilov-Cherenkov effect; 


cos0 = -£- (5.6c) 

nv v 

where 6 is the angle between the radiation propagation direction and the velo- 
city vector v of a particle. 

5.224. In the Fizeau experiment on measurement of the velocity 
of light the distance between the gear wheel and the mirror is l = 
= 7.0 km, the number of teeth is z = 720. Two successive disappear- 
ances of light are observed at the following rotation velocities of 
the wheel: n j == 283 rps and n 2 = 313 rps. Find the velocity of 
light. 


5.225. A source of light moves with velocity v relative to a receiver. 
Demonstrate that for v <C c the fractional variation of frequency 
of light is defined by Eq. (5.6a), 

5.226. One of the spectral lines emitted by excited He + ions has 
a wavelength X = 410 nm. Find the Doppler shift AX of that line 
when observed at an angle 0 = 30° to the beam of moving ions 
possessing kinetic energy T = 10 MeV. 

5.227. When a spectral line of wavelength X = 0.59 pm is ob- 
served in the directions to the opposite edges of the solar disc along 
its equator, there is a difference in wavelengths equal to f>X — 8.0 pm. 
Find the period of the Sun’s revolution about its own axis. 

5.228. The Doppler effect has made it possible to discover the 
double stars which are so distant that their resolution by means of 
a telescope is impossible. The spectral lines of such stars periodically 
become doublets indicating that the radiation does come from two 
stars revolving about their centre of mass. Assuming the masses 
of the two stars to be equal, find the distance between them and 
their masses if the maximum splitting of the spectral lines is equal 
to (AX/X) m = 1.2 -10“ 4 and occurs every t = 30 days. 

5.229. A plane electromagnetic wave of frequency co 0 falls normally 
on the surface of a mirror approaching with a relativistic velocity F. 
Making use of the Doppler formula, find the frequency of the reflect- 
ed wave. Simplify the obtained expression for the case F<c. 

5.230. A radar operates at a wavelength X = 50.0 cm. Find the 
velocity of an approaching aircraft if the beat frequency between 
the transmitted signal and the signal reflected from the aircraft is 
equal to Av = 1.00 kHz at the radar location. 

5.231. Taking into account that the wave phase of — kx is an 
invariant, i.e. it retains its value on transition from one inertial 
frame to another, determine how the frequency o and the wave 
number k entering the expression for the wave phase are transformed. 
Examine the unidimensional case. 

5.232. How fast does a certain nebula recede if the hydrogen line 
X = 434 nm in its spectrum is displaced by 130 nm toward longer 
wavelengths? 

5.233. How fast should a car move for the driver to perceive a red 
traffic light (X & 0.70 pm) as a green one (V « 0.55 pm)? 

5.234. An observer moves with velocity ^ = along a straight 
line. In front of him a source of monochromatic light moves with 

Q 

velocity v 2 = c in the same direction and along the same straight 

line. The proper frequency of light is equal to co 0 - Find the frequency 
of light registered by the observer. 

5.235. One of the spectral lines of atomic hydrogen has the wave- 
length X =656.3 nm. Find the Doppler shift AX of that line when 
observed at right angles to the beam of hydrogen atoms with kinetic 
energy T — 1.0 MeV (the transverse Doppler effect). 


5.236. A source emitting electromagnetic signals with proper 
frequency co 0 = 3.0 *10 10 s- 1 moves at a constant velocity v ~ 
— 0.80 c along a straight line separated from a stationary observer P 
by a distance l (Fig. 5.37). Find the frequency of the signals perceived 
by the observer at the moment when 

(a) the source is at the point O; 

(b) the observer sees it at the point O . 
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5.237. A narrow beam of electrons passes immediately over the 
surface of a metallic mirror with a diffraction grating with period 
d = 2.0 fim inscribed on it. The electrons move with velocity v, 
comparable to c , at right angles to the lines of the grating. The 
trajectory of the electrons can be seen in the form of a strip, whose 
colouring depends on the observation angle 0 (Fig. 5.38). Interpret 
this phenomenon. Find the wavelength of the radiation observed 
at an angle 0 = 45°. 

5.238. A gas consists of atoms of mass m being in thermodynamic 
equilibrium at temperature T. Suppose o) 0 is the natural frequency 
of light emitted by the atoms. 

(a) Demonstrate that the spectral distribution of the emitted 
light is defined by the formula 

= (*-<*/<* o> 2 , 

(7 0 is the spectral intensity corresponding to the frequency co 0 , 
a = mc 2 l2kT). 

(b) Find the relative width Ao)/o) 0 of a given spectral line, i.e. 
the width of the line between the frequencies at which = IJ 2. 

5.239. A plane electromagnetic wave propagates in a medium 

moving with constant velocity relative to an inertial frame K. 

Find the velocity of that wave in the frame K if the refractive index 
of the medium is equal to n and the propagation direction of the 
wave coincides with that of the medium. 

5.240. Aberration of light is the apparent displacement of stars 
attributable to the effect of the orbital motion of the Earth. The 
direction to a star in the ecliptic plane varies periodically, and the 
star performs apparent oscillations within an angle 80 = 41". Find 
the orbital velocity of the Earth. 
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5.241. Demonstrate that the angle 0 between the propagation 
direction of light and the x axis transforms on transition from the 
reference frame K to K’ according to the formula 


where P = Vic and V is the velocity of the frame K' with respect 
to the frame K. The x and x' axes of the reference frames coincide. 

5.242. Find the aperture angle of a cone in which all the stars 
located in the semi-sphere for an observer on the Earth will be visible 
if one moves relative to the Earth with relativistic velocity V 
differing by 1.0% from the velocity of light. Make use of the formula 
of the foregoing problem. 

5.243. Find the conditions under which a charged particle moving 
uniformly through a medium with refractive index n emits light 
(the Vavilov-Cherenkov effect). Find also the direction of that 
radiation. 

Instruction. Consider the interference of oscillations induced by 
the particle at various moments of time. 

5.244. Find the lowest values of the kinetic energy of an electron 
and a proton causing the emergence of Cherenkov’s radiation in 
a medium with refractive index n = 1.60. For what particles is 
this minimum value of kinetic energy equal to T min = 29.6 MeV? 

5.245. Find the kinetic energy of electrons emitting light in 
a medium with refractive index n = 1.50 at an angle 0 = 30° to 
their propagation direction. 

5.7. THERMAL RADIATION. 

QUANTUM NATURE OF LIGHT 

• Radiosity 


where ^ is the wavelength corresponding to the maximum of the function u x . 
• Stefan-Boltzmann law: 


M e =~ u , 

where u is the space density of thermal radiation energy. 

• Wien’s formula and Wien’s displacement law: 

= cd 3 F (cd IT), TX m = b , 


(5.7b) 


(5.7a) 


M e = or T\ 


(5.7c) 


where a is the Stefan-Boltzmann constant. 

• Planck’s formula: 

?Z(D 3 1 


(5.7d) 
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• Einstein’s photoelectric equation: 


ha = A-\ 



(5.7e) 
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• Compton effect: 

M = 2nX c (1 — cos 6), (5.7f) 

where % c = hlmc is Compton’s wavelength. 

5.246. Using Wien’s formula, demonstrate that 

(a) the most probable radiation frequency co pr & T ; 

(b) the maximum spectral density of thermal radiation {u^) max co 
co jT 3 ; 

(c) the radiosity co F 4 . 

5.247. The temperature of one of the two heated black bodies is 
Ti — 2500 K. Find the temperature of the other body if the wave- 
length corresponding to its maximum emissive capacity exceeds 
by Ak — 0.50 pm the wavelength corresponding to the maximum 
emissive capacity of the first black body. 

5.248. The radiosity of a black body is M e = 3.0 W/cm 2 . Find 
the wavelength corresponding to the maximum emissive capacity 
of that body. 

5.249. The spectral composition of solar radiation is much the 
same as that of a black body whose maximum emission corresponds 
to the wavelength 0.48 pm. Find the mass lost by the Sun every 
second due to radiation. Evaluate the time interval during which 
the mass of the Sun diminishes by 1 per cent. 

5.250. Find the temperature of totally ionized hydrogen plasma 
of density p = 0.10 g/cm 3 at which the thermal radiation pressure 
is equal to the gas kinetic pressure of the particles of plasma. Take 
into account that the thermal radiation pressure p = ui 3, where u 
is the space density of radiation energy, and at high temperatures all 
substances obey the equation of state of an ideal gas. 

5.251. A copper ball of diameter d — 1.2 cm was placed in an 
evacuated vessel whose walls are kept at the absolute zero tempera- 
ture. The initial temperature of the ball is F 0 = 300 K. Assuming 
the surface of the ball to be absolutely black, find how soon its 
temperature decreases r\ = 2.0 times. 

5.252. There are two cavities (Fig. 5.39) with small holes of equal 
diameters d ~ 1.0 cm and perfectly reflecting outer surfaces. The 



distance between the holes is l = 10 cm. A constant temperature 
F x = 1700 K is maintained in cavity 1. Calculate the steady-state 
temperature inside cavity 2. 

Instruction. Take into account that a black body radiation obeys 
the cosine emission law. 


16 — 9451 
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5.253. A cavity of volume V — 1.0 1 is filled with thermal radia- 
tion at a temperature T = 1000 K. Find: 

(a) the heat capacity C v ; (b) the entropy S of that radiation. 

5.254. Assuming the spectral distribution of thermal radiation 
energy to obey Wien’s formula u (co, T) = Aco 3 exp ( — aco/T), where 
a = 7.64 ps«K, find for a temperature T = 2000 K the most 
probable 

(a) radiation frequency; (b) radiation wavelength. 

5.255. Using Planck’s formula, derive the approximate expressions 
for the space spectral density u & of radiation 

(a) in the range where hi o < kT (Rayleigh- Jeans formula); 

(b) in the range where ftco kT (Wien’s formula). 

5.256. Transform Planck’s formula for space spectral density u a 
of radiation from the variable co to the variables v (linear frequency) 
and X (wavelength). 

5.257. Using Planck’s formula, find the power radiated by a unit 
area of a black body within a narrow wavelength interval AX — 
= 1.0 nm close to the maximum of spectral radiation density at 
a temperature T = 3000 K of the body. 

5.258. Fig. 5.40 shows the plot of the function y (x) representing 
a fraction of the total power of thermal radiation falling within 



Fig. 5.40. 

the spectral interval from 0 to x. Here x — %!% m (A, m is the wavelength 
corresponding to the maximum of spectral radiation density). 

Using this plot, find: 

(a) the wavelength which divides the radiation spectrum into 
two equal (in terms of energy) parts at the temperature 3700 K; 

(b) the fraction of the total radiation power falling within the 
visible range of the spectrum (0.40-0.76 fxm) at the temperature 
5000 K; 

(c) how many times the power radiated at wavelengths exceeding 
0.76 fxm will increase if the temperature rises from 3000 to 5000 K. 
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5.259. Making use of Planck’s formula, derive the expressions 
determining the number of photons per 1 cm 3 of a cavity at a tempe- 
rature T in the spectral intervals (co, co -f- dco) and (k, X+ elk). 

5.260. An isotropic point source emits light with wavelength 
k — 589 nm. The radiation power of the source is P = 10 W. Find: 

(a) the mean density of the flow of photons at a distance r = 
= 2.0 m from the source; 

(b) the distance between the source and the point at which the 
mean concentration of photons is equal to re = 100 cm- 3 . 

5.261. From the standpoint of the corpuscular theory demonstrate 
that the momentum transferred by a beam of parallel light rays 
per unit time does not depend on its spectral composition but de- 
pends only on the energy flux <D e . 

5.262. A laser emits a light pulse of duration t = 0.13 ms and 
energy E — 10 J. Find the mean pressure exerted by such a light 
pulse when it is focussed into a spot of diameter d — 10 pm on 
a surface perpendicular to the beam and possessing a reflection 
coefficient p = 0.50. 

5.263. A short light pulse of energy E = 7.5 J falls in the form 
of a narrow and almost parallel beam on a mirror plate whose reflec- 
tion coefficient is p = 0.60. The angle of incidence is 30°. In terms 
of the corpuscular theory find the momentum transferred to the 
plate. 

5.264. A plane light wave of intensity / = 0.20 W/cm 2 falls on 
a plane mirror surface with reflection coefficient p = 0.8. The angle 
of incidence is 45°. In terms of the corpuscular theory find the magni- 
tude of the normal pressure exerted by light on that surface. 

5.265. A plane light wave of intensity I = 0.70 W/cm 2 illumi- 
nates a sphere with ideal mirror surface. The radius of the sphere is 
R — 5.0 cm. From the standpoint of the corpuscular theory find 
the force that light exerts on the sphere. 

5.266. An isotropic point source of radiation power P is located 
on the axis of an ideal mirror plate. The distance between the source 
and the plate exceeds the radius of the plate T)-fold. In terms of the 
corpuscular theory find the force that light exerts on the plate. 

5.267. In a reference frame K a photon of frequency co falls norm- 
ally on a mirror approaching it with relativistic velocity F. Find 
the momentum imparted to the mirror during the reflection of the 
photon 

(a) in the reference frame fixed to the mirror; 

(b) in the frame K. 

5.268. A small ideal mirror of mass m — 10 mg is suspended by 
a weightless thread of length l = 10 cm. Find the angle through 
which the thread will be deflected when a short laser pulse with 
energy E — 13 J is shot in the horizontal direction at right angles 
to the mirror. Where does the mirror get its kinetic energy? 

5.269. A photon of frequency co 0 is emitted from the surface of 
a star whose mass is M and radius R. Find the gravitational shift 
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of frequency Aco/co 0 of the photon at a very great distance from the 
star. 

5 . 270 . A voltage applied to an X-ray tube being increased r\ = 
= 1.5 times, the short-wave limit of an X-ray continuous spectrum 
shifts by AX = 26 pm. Find the initial voltage applied to the 
tube. 

5 . 271 . A narrow X-ray beam falls on a NaCl single crystal. The 
least angle of incidence at which the mirror reflection from the 
system of crystallographic planes is still observed is equal to a = 
= 4.1°. The interplanar distance is d = 0.28 nm. How high is the 
voltage applied to the X-ray tube? 

5 . 272 . Find the wavelength of the short-wave limit of an X-ray 
continuous spectrum if electrons approach the anticathode of the 
tube with velocity v — 0.85 c > where c is the velocity of light. 

5 . 273 . Find the photoelectric threshold for zinc and the maximum 
velocity of photoelectrons liberated from its surface by electromag- 
netic radiation with wavelength 250 nm. 

5 . 274 . Illuminating the surface of a certain metal alternately 
with light of wavelengths X x = 0.35 pm and X 2 = 0.54 pm, it was 
found that the corresponding maximum velocities of photoelectrons 
differ by a factor r\ = 2.0. Find the work function of that metal. 

5 . 275 . Up to what maximum potential will a copper ball, remote 
from all other bodies, be charged when irradiated by electromagnetic 
radiation of wavelength X = 140 nm? 

5 . 276 . Find the maximum kinetic energy of photoelectrons liberat- 
ed from the surface of lithium by electromagnetic radiation whose 
electric component varies with time as E = a (1 -f cos co£) cos ol> 0 £, 
where a is a constant, co = 6.0- 10 14 s- 1 and co 0 = 3.60* 10 15 s- 1 . 

5 . 277 . Electromagnetic radiation of wavelength X = 0.30 pm 
falls on a photocell operating in the saturation mode. The correspond- 
ing spectral sensitivity of the photocell is / = 4.8 mA/W. Find the 
yield of photoelectrons, i.e. the number of photoelectrons produced 
by each incident photon. 

5 . 278 . There is a vacuum photocell whose one electrode is made 
of cesium and the other of copper. Find the maximum velocity of 
photoelectrons approaching the copper electrode when the cesium 
electrode is subjected to electromagnetic radiation of wavelength 
0.22 pm and the electrodes are shorted outside the cell. 

5 . 279 . A photoelectric current emerging in the circuit of a va- 
cuum photocell when its zinc electrode is subjected to electromagnetic 
radiation of wavelength 262 nm is cancelled if an external decelerat- 
ing voltage 1.5 V is applied. Find the magnitude and polarity of 
the outer contact potential difference of the given photocell. 

5 . 280 . Compose the expression for a quantity whose dimension 
is length, using velocity of light c, mass of a particle m , and Planck’s 
constant h. What is that quantity? 

5 . 281 . Using the conservation laws, demonstrate that a free 
electron cannot absorb a photon completely. 
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5.282. Explain the following features of Compton scattering of 
light by matter: 

(a) the increase in wavelength AX is independent of the nature of 
the scattering substance; 

(b) the intensity of the displaced component of scattered light 
grows with the increasing angle of scattering and with the diminish- 
ing atomic number of the substance; 

(c) the presence of a non-displaced component in the scattered 
radiation. 

5.283. A narrow monochromatic X-ray beam falls on a scattering 
substance. The wavelengths of radiation scattered at angles 0 X = 60° 
and 0 2 = 120° differ by a factor r\ = 2.0. Assuming the free electrons 
to be responsible for the scattering, find the incident radiation wave- 
length. 

5.284. A photon with energy % co = 1.00 MeV is scattered by a 
stationary free electron. Find the kinetic energy of a Compton 
electron if the photon’s wavelength changed by rj = 25% due to 
scattering. 

5.285. A photon of wavelength X — 6.0 pm is scattered at right 
angles by a stationary free electron. Find: 

(a) the frequency of the scattered photon; 

(b) the kinetic energy of the Compton electron. 

5.286. A photon with energy has = 250 keV is scattered at an 
angle 0 — 120° by a stationary free electron. Find the energy of the 
scattered photon. 

5.287. A photon with momentum p = 1.02 MeV/c, where c is 
the velocity of light, is scattered by a stationary free electron, 
changing in the process its momentum to the value p' — 0.255 MeV/c. 
At what angle is the photon scattered? 

5.288. A photon is scattered at an angle 0 — 120° by a stationary 
free electron. As a result, the electron acquires a kinetic energy 
T = 0.45 MeV. Find the energy that the photon had prior to scat- 
tering. 

5.289. Find the wavelength of X-ray radiation if the maximum 
kinetic energy of Compton electrons is T max = 0.19 MeV. 

5.290. A photon with energy ha* — 0.15 MeV is scattered by 
a stationary free electron changing its wavelength by AX = 3.0 pm. 
Find the angle at which the Compton electron moves. 

5.291. A photon with energy exceeding r\ = 2.0 times the rest 
energy of an electron experienced a head-on collision with a sta- 
tionary free electron. Find the curvature radius of the trajectory of 
the Compton electron in a magnetic field B — 0.12 T. The Compton 
electron is assumed to move at right angles to the direction of the 
field. 

5.292. Having collided with a relativistic electron, a photon is 
deflected through an angle 0 = 60° while the electron stops. Find 
the Compton displacement of the wavelength of the scattered photon. 



PART SIX 


ATOMIC AND NUCLEAR PHYSICS * 


6.1. SCATTERING OF PARTICLES. 
RUTBERFORD-BOHR ATOM 


• Angle 0 at which a charged particle is deflected 
of a stationary atomic nucleus is defined by the formula: 
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by the Coulomb field 
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where q 1 and q 2 are the charges of the particle and the nucleus, b is the aiming 
parameter, T is the kinetic energy of a strik- 
ing particle. n — ' 


• Rutherford formula. The relative num- 
ber of particles scattered into an elementary 
solid angle dQ at an angle 0 to their initial pro- 
pagation direction: 
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where n is the number of nuclei of the foil per 
unit area of its surface, dQ — sin 0 dd dcp. 

• Generalized Balmer formula (Fig. 6.1): 
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where co is the transition frequency (in s ) between energy levels with quan- 
tum numbers n i and n 2l B is the Rydberg constant, Z is the serial number of a 
hydrogen-like ion. 


6 . 1 . Employing Thomson’s model, calculate the radius of a hydro- 
gen atom and the wavelength of emitted light if the ionization energy 
of the atom is known to be equal to E = 13.6 eV. 

6.2. An alpha particle with kinetic energy 0.27 MeV is deflected 
through an angle of 60° by a golden foil. Find the corresponding 
value of the aiming parameter. 

6 . 3 . To what minimum distance will an alpha particle with 
kinetic energy T = 0.40 MeV approach in the case of a head-on 
collision to 

(a) a stationary Pb nucleus; 

(b) a stationary free Li 7 nucleus? 

6 . 4 . An alpha particle with kinetic energy T — 0.50 MeV is 
deflected through an angle of 0 = 90° by the Coulomb field of a 
stationary Hg nucleus. Find: 


* All the formulas in this Part are given in the Gaussian system of units. 


(a) the least curvature radius of its trajectory; 

(b) the minimum approach distance between the particle and the 
nucleus. 

6 . 5 . A proton with kinetic energy T and aiming parameter b was 
deflected by the Coulomb field of a stationary Au nucleus. Find the 
momentum imparted to the given nucleus as a result of scattering. 

6.6. A proton with kinetic energy T — ID MeV flies past a sta- 
tionary free electron at a distance b — 10 pm. Find the energy 
acquired by the electron, assuming the proton’s trajectory to be 
rectilinear and the electron to be practically motionless as the proton 
flies by. 

6.7. A particle with kinetic energy T is deflected by a spherical 
potential well of radius R and depth t/ 0 , i.e. by the field in which 
the potential energy of the particle takes the form 

t j j 0 for r > R, 

\ —U Q for r <R , 

where r is the distance from the centre of the well. Find the relation- 
ship between the aiming parameter b of the particle and the angle 0 
through which it deflects from the initial motion direction. 

6.8. A stationary ball of radius R is irradiated by a parallel 
stream of particles whose radius is r. Assuming the collision of 
a particle and the ball to be elastic, find: 

(a) the deflection angle 0 of a particle as a function of its aiming 
parameter b ; 

(b) the fraction of particles which after a collision with the ball 
are scattered into the angular interval between 0 and 0 + d0; 

(c) the probability of a particle to be deflected, after a collision 

with the ball, into the front hemisphere ^0 

6.9. A narrow beam of alpha particles with kinetic energy 1.0 MeV 
falls normally on a platinum foil 1.0 |nm thick. The scattered par- 
ticles are observed at an angle of 60° to the incident beam direction 
by means of a counter with a circular inlet area 1.0 cm 2 located at 
the distance 10 cm from the scattering section of the foil. What 
fraction of scattered alpha particles reaches the counter inlet? 

6.10. A narrow beam of alpha particles with kinetic energy T 

- 0.50 MeV and intensity / = 5.0 -10 5 particles per second falls 
normally on a golden foil. Find the thickness of the foil if at a distance 
r = 15 cm from a scattering section of that foil the flux density 
of scattered particles at the angle 9 = 60° to the incident beam is 
equal to / = 40 particles/(cm a -s). 

6.11. A narrow beam of alpha particles falls normally on a silver 
foil behind which a counter is set to register the scattered particles. 
On substitution of platinum foil of the same mass thickness for the 
silver foil, the number of alpha particles registered per unit time 
increased r\ = 1.52 times. Find the atomic number of platinum, 
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assuming the atomic number of silver and the atomic masses of both 
platinum and silver to be known. 

6.12. A narrow beam of alpha particles with kinetic energy T = 
= 0.50 MeV falls normally on a golden foil whose mass thickness 
is pd = 1.5 mg/cm 2 . The beam intensity is I 0 = 5.0-10 5 particles 
per second. Find the number of alpha particles scattered by the foil 
during a time interval x = 30 min into the angular interval: 

(a) 59-61°; (b) over 0 O = 60°. 

6.13. A narrow beam of protons with velocity v = 6*10 6 m/s 
falls normally on a silver foil of thickness d = 1.0 pm. Find the 
probability of the protons to be scattered into the rear hemisphere 
(0 > 90°). 

6.14. A narrow beam of alpha particles with kinetic energy T = 
= 600 keV falls normally on a golden foil incorporating n = 
= 1.1 • 10 19 nuclei/cm 2 . Find the fraction of alpha particles scattered 
through the angles 9 < 0 O = 20°. 

6.15. A narrow beam of protons with kinetic energy T — 1.4 MeV 
falls normally on a brass foil whose mass thickness pd = 1.5 mg/cm 2 . 
The weight ratio of copper and zinc in the foil is equal to 7 : 3 re- 
spectively. Find the fraction of the protons scattered through the 
angles exceeding 0 O = 30°. 

6.16. Find the effective cross section of a uranium nucleus cor- 
responding to the scattering of alpha particles with kinetic energy 
T = 1.5 MeV through the angles exceeding 0 O = 60°. 

6.17. The effective cross section of a gold nucleus corresponding 
to the scattering of monoenergetic alpha particles within the angular 
interval from 90° to 180° is equal to A a = 0.50 kb. Find: 

(a) the energy of alpha particles; 

(b) the differential cross section of scattering da/dQ (kb/sr) cor- 
responding to the angle 0 = 60°. 

6.18. In accordance with classical electrodynamics an electron 
moving with acceleration w loses its energy due to radiation as 


dE 

dt 


2e2 

3c 3 


w^ 


where e is the electron charge, c is the velocity of light. Estimate the 
time during which the energy of an electron performing almost 
harmonic oscillations with frequency co = 5-10 15 s- 1 will decrease 
T| = 10 times. 

6.19. Making use of the formula of the foregoing problem, estimate 
the time during which an electron moving in a hydrogen atom along 
a circular orbit of radius r — 50 pm would have fallen onto the 
nucleus. For the sake of simplicity assume the vector w to be perma- 
nently directed toward the centre of the atom, 

6.20. Demonstrate that the frequency co of a photon emerging 
when an electron jumps between neighbouring circular orbits of 
a hydrogen-like ion satisfies the inequality co n > co > co n+1 , where 
G) n and o) n+1 are the frequencies of revolution of that electron around 
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the nucleus along the circular orbits. Make sure that as n oo the 
frequency of the photon co co n . 

6.21. A particle of mass m moves along a circular orbit in a centro- 
symmetrical potential field U ( r ) = kr 2 l 2. Using the Bohr quantiza- 
tion condition, find the permissible orbital radii and energy levels 
of that particle. 

6.22. Calculate for a hydrogen atom and a He + ion: 

(a) the radius of the first Bohr orbit and the velocity of an electron 
moving along it; 

(b) the kinetic energy and the binding energy of an electron in 
the ground state; 

(c) the ionization potential, the first excitation potential and 
the wavelength of the resonance line (n' — 2 -> n = 1). 

6.23. Calculate the angular frequency of an electron occupying 
the second Bohr orbit of He + ion. 

6.24. For hydrogen-like systems find the magnetic moment p n 
corresponding to the motion of an electron along the n - th orbit 
and the ratio of the magnetic and mechanical moments \iJM n . 
Calculate the magnetic moment of an electron occupying the first 
Bohr orbit. 

6.25. Calculate the magnetic field induction at the centre of 
a hydrogen atom caused by an electron moving along the first Bohr 
orbit. 

6.26. Calculate and draw on the wavelength scale the spectral 
intervals in which the Lyman, Balmer, and Paschen series for atomic 
hydrogen are confined. Show the visible portion of the spec- 
trum. 

6.27. To what series does the spectral line of atomic hydrogen 
belong if its wave number is equal to the difference between the wave 
numbers of the following two lines of the Balmer series: 486.1 and 
410.2 nm? What is the wavelength of that line? 

6.28. For the case of atomic hydrogen find: 

(a) the wavelengths of the first three lines of the Balmer series; 

(b) the minimum resolving power K/Sk of a spectral instrument 
capable of resolving the first 20 lines of the Balmer series. 

6.29. Radiation of atomic hydrogen falls normally on a diffraction 
grating of width l = 6.6 mm. The 50th line of the Balmer series 
in the observed spectrum is close to resolution at a diffraction angle 0 
(in accordance with Rayleigh’s criterion). Find that angle. 

6.30. What element has a hydrogen-like spectrum whose lines 
have wavelengths four times shorter than those of atomic hydrogen? 

6.31. How many spectral lines are emitted by atomic hydrogen 
excited to the n - th energy level? 

6.32. What lines of atomic hydrogen absorption spectrum fall 
within the wavelength range from 94.5 to 130.0 nm? 

6.33. Find the quantum number n corresponding to the excited 
state of He + ion if on transition to the ground state that ion emits 
two photons in succession with wavelengths 108.5 and 30.4 nm. 
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6.34. Calculate the Rydberg constant R if He + ions are known 
to have the wavelength difference between the first (of the longest 
wavelength) lines of the Ralmer and Lyman series equal to AX — 
= 133.7 nm. 

6.35. What hydrogen-like ion has the wavelength difference be- 
tween the first lines of the B aimer and Lyman series equal to 59.3 nm? 

6.36. Find the wavelength of the first line of the He + ion spectral 
series whose interval between the extreme lines is Aco = 
- 5.18- 10 15 s-K 

6.37. Find the binding energy of an electron in the ground state 
of hydrogen-like ions in whose spectrum the third line of the Balmer 
series is equal to 108.5 nm. 

6.38. The binding energy of an electron in the ground state of He 
atom is equal to E 0 = 24.6 eV. Find the energy required to remove 
both electrons from the atom. 

6.39. Find the velocity of photoelectrons liberated by electromag- 
netic radiation of wavelength X — 18.0 nm from stationary He + 
ions in the ground state. 

6.40. At what minimum kinetic energy must a hydrogen atom 
move for its inelastic head-on collision with another, stationary, 
hydrogen atom to make one of them capable of emitting a photon? 
Both atoms are supposed to be in the ground state prior to the colli- 
sion. 

6.41. A stationary hydrogen atom emits a photon corresponding 
to the first line of the Lyman series. What velocity does the atom 
acquire? 

6.42. From the conditions of the foregoing problem find how much 
(in per cent) the energy of the emitted photon differs from the energy 
of the corresponding transition in a hydrogen atom. 

6.43. A stationary He + ion emitted a photon corresponding to the 
first line of the Lyman series. That photon liberated a photoelectron 
from a stationary hydrogen atom in the ground state. Find the 
velocity of the photoelectron. 

6.44. Find the velocity of the excited hydrogen atoms if the first 
line of the Lyman series is displaced by A^ — 0.20 nm when their 
radiation is observed at an angle 0 = 45° to their motion direction. 

6.45. According to the Bohr-Sommerfeld postulate the periodic 
motion of a particle in a potential field must satisfy the following 
quantization rule: 

^ p dq~ 2jx Hu, 

where q and p are generalized coordinate and momentum of the 
particle, n are integers. Making use of this rule, find the permitted 
values of energy for a particle of mass m moving 

(a) in a unidimensional rectangular potential well of width l 
with infinitely high walls; 

(b) along a circle of radius r; 
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(c) in a unidimensional potential field U = az 2 /2, where a is 
a positive constant; 

(d) along a round orbit in a central field, where the potential 
energy of the particle is equal to U = — air (a is a positive con- 
stant). 

6.46. Taking into account the motion of the nucleus of a hydrogen 
atom, find the expressions for the electron’s binding energy in the 
ground state and for the Rydberg constant. How much (in per cent) 
do the binding energy and the Rydberg constant, obtained without 
taking into account the motion of the nucleus, differ from the more 
accurate corresponding values of these quantities? 

6.47. For atoms of light and heavy hydrogen (H and D) find the 
difference 

(a) between the binding energies of their electrons in the ground 
state; 

(b) between the wavelengths of first lines of the Lyman series. 

6.48. Calculate the separation between the particles of a system 
in the ground state, the corresponding binding energy, and the 
wavelength of the first line of the Lyman series, if such a system is 

(a) a mesonic hydrogen atom whose nucleus is a proton (in a meso- 
nic atom an electron is replaced by a meson whose charge is the 
same and mass is 207 that of an electron); 

(b) a positronium consisting of an electron and a positron revolving 
around their common centre of masses. 


6.2. WAVE PROPERTIES OF PARTICLES. 

SCHRttDINGER EQUATION 

• The de Broglie wavelength of a particle with momentum p: 



• Uncertainty principle: 

Ax • A p x ^ h. 


(6.2a) 


(6.2b) 


• Schrodinger time-dependent and time-independent equations: 


ih ^r=~ b *■*+**’ 


(6.2c) 


where W is the total wave function, op is its coordinate part, V 2 is the Laplace 
operator, E and U are the total and potential energies of the particle. In spheric- 
al coordinates: 
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• Coefficient of transparency of a potential barrier V ( x ): 


x 2 

D « exp £ j Y 2m (V— E) dx j, (6.2e) 

x i 

where x x and x 2 are the coordinates of the points between which y > E. 

6.49. Calculate the de Broglie wavelengths of an electron, proton, 
and uranium atom, all having the same kinetic energy 100 eV. 

6.50. What amount of energy should be added to an electron to 
reduce its de Broglie wavelength from 100 to 50 pm? 

6.51. A neutron with kinetic energy T = 25 eV strikes a sta- 
tionary deuteron (hpavy hydrogen nucleus). Find the de Broglie 
wavelengths of both particles in the frame of their centre of inertia. 

6.52. Two identical non-relativistic particles move at right 
angles to each other, possessing de Broglie wavelengths % 1 and % 2 . 
Find the de Broglie wavelength of each particle in the frame of 
their centre of inertia. 

6.53. Find the de Broglie wavelength of hydrogen molecules, 
which corresponds to their most probable velocity at room tempera- 
ture. 

6.54. Calculate the most probable de Broglie wavelength of 
hydrogen molecules being in thermodynamic equilibrium at room 
temperature. 

6.55. Derive the expression for a de Broglie wavelength A, of a rela- 
tivistic particle moving with kinetic energy T. At what values of T 
does the error in determining X using the non-relativistic formula 
not exceed 1% for an electron and a proton? 

6.56. At what value of kinetic energy is the de Broglie wavelength 
of an electron equal to its Compton wavelength? 

6.57. Find the de Broglie wavelength of relativistic electrons 
reaching the anticathode of an X-ray tube if the short wavelength 
limit of the continuous X-ray spectrum is equal to % sh = 10.0 pm? 

6.58. A parallel stream of monoenergetie electrons falls normally 
on a diaphragm with narrow square slit of width b — 1.0 jam. 
Find the velocity of the electrons if the width of the central diffrac- 
tion maximum formed on a screen located at a distance l = 50 cm 
from the slit is equal to Ax = 0.36 mm. 

6.59. A parallel stream of electrons accelerated by a potential 
difference y = 25 V falls normally on a diaphragm with two narrow 
slits separated by a distance d — 50 \im. Calculate the distance 
between neighbouring maxima of the diffraction pattern on a screen 
located at a distance l — 100 cm from the slits. 

6.60. A narrow stream of monoenergetie electrons falls at an 
angle of incidence 0 = 30° on the natural facet of an aluminium 
single crystal. The distance between the neighbouring crystal planes 
parallel to that facet is equal to d — 0.20 nm. The maximum mirror 
reflection is observed at a certain accelerating voltage F 0 . Find V 0 
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if the next maximum mirror reflection is known to be observed when 
the accelerating voltage is increased v\ = 2.25 times. 

6.61. A narrow beam of monoenergetic electrons falls normally 
on the surface of a Ni single crystal. The reflection maximum of 
fourth order is observed in the direction forming an angle 0 = 55° 
with the normal to the surface at the energy of the electrons equal 
to T = 180 eV. Calculate the corresponding value of the interplanar 
distance. 

6.62. A narrow stream of electrons with kinetic energy T = 
= 10 keV passes through a polycrystalline aluminium foil, forming 
a system of diffraction fringes on a screen. Calculate the interplanar 
distance corresponding to the reflection of third order from a certain 
system of crystal planes if it is responsible for a diffraction ring of 
diameter/) = 3.20 cm. The distance between the foil and the screen 
is Z = 10.0 cm. 

6.63. A stream of electrons accelerated by a potential difference V 
falls on the surface of a metal whose inner potential is Vi = 15 V. 
Find: 

(a) the refractive index of the metal for the electrons accelerated 
by a potential difference V = 150 V; 

(b) the values of the ratio VlV i at which the refractive index differs 
from unity by not more than r] = 1.0%. 

6.64. A particle of mass m is located in a unidimensional square 
potential well with infinitely high walls. The width of the well is 
equal to l. Find the permitted values of energy of the particle taking 
into account that only those states of the particle’s motion are 
realized for which the whole number of de Broglie half-waves are 
fitted within the given well. 

6.65. Describe the Bohr quantum conditions in terms of the wave 
theory: demonstrate that an electron in a hydrogen atom can move 
only along those round orbits which accommodate a whole number 
of de Broglie waves. 

6.66. Estimate the minimum errors in determining the velocity 
of an electron, a proton, and a ball of mass of 1 mg if the coordinates 
of the particles and of the centre of the ball are known with uncer- 
tainly 1 p,m. 

6.67. Employing the uncertainty principle, evaluate the indeter- 
minancy of the velocity of an electron in a hydrogen atom if the 
size of the atom is assumed to be l = 0.10 nm. Compare the obtained 
magnitude with the velocity of an electron in the first Bohr orbit 
of the given atom. 

6.68. Show that for the particle whose coordinate uncertainty is 
Ax =sk/2ji, where X is its de Broglie wavelength, the velocity uncertain- 
ty is of the same order of magnitude as the particle’s velocity itself. 

6.69. A free electron was initially confined within a region with 
linear dimensions l = 0.10 nm. Using the uncertainty principle, 
evaluate the time over which the width of the corresponding train 
of waves becomes r\ = 10 times as large. 
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6.70. Employing the uncertainty principle, estimate the mini- 
mum kinetic energy of an electron confined within a region whose 
size is Z = 0.20 nm. 

6.71. An electron with kinetic energy T « 4 eV is confined 
within a region whose linear dimension is l = 1 pm. Using the 
uncertainty principle, evaluate the relative uncertainty of its velo- 
city. 

6.72. An electron is located in a unidimensional square potential 
well with infinitely high walls. The width of the well is L From 
the uncertainty principle estimate the force with which the electron 
possessing the minimum permitted energy acts on the walls of the well. 

6.73. A particle of mass m moves in a unidimensional potential 
field U = kx 2 l 2 (harmonic oscillator). Using the uncertainty prin- 
ciple, evaluate the minimum permitted energy of the particle in 
that field. 

6.74. Making use of the uncertainty principle, evaluate the mini- 
mum permitted energy of an electron in a hydrogen atom and its 
corresponding apparent distance from the nucleus. 

6.75. A parallel stream of hydrogen atoms with velocity v = 
= 600 m/s falls normally on a diaphragm with a narrow slit behind 
which a screen is placed at a distance Z = 1.0 m. Using the uncer- 
tainty principle, evaluate the width of the slit 6 at which the width 
of its image on the screen is minimum. 

6.76. Find a particular solution of t*he time-dependent Schrodinger 
equation for a freely moving particle of mass m. 

6.77. A particle in the ground state is located in a unidimensional 
square potential well of length Z with absolutely impenetrable walls 
(0 < x < Z). Find the probability of the particle staying within 

1 2 
a region -g- Z x ^ y Z. 

6.78. A particle is located in a unidimensional square potential 
well with infinitely high walls. The width of the well is Z. Find the 
normalized wave functions of the stationary states of the particle, 
taking the midpoint of the well for the origin of the x coordinate. 

6.79. Demonstrate that the wave functions of the stationary states 
of a particle confined in a unidimensional potential well with infi- 
nitely high walls are orthogonal, i.e. they satisfy the condition 

i 

j dx = 0 if n' n . Here Z is the width of the well, n are 

o 

integers. 

6.80. An electron is located in a unidimensional square potential 
well with infinitely high walls. The width of the well equal to Z is 
such that the energy levels are very dense. Find the density of energy 
levels dNldE, i.e. their number per unit energy interval, as a func- 
tion of E. Calculate dNldE for E = 1.0 eV if Z = 1.0 cm. 

6.81. A particle of mass m is located in a two-dimensional square 
potential well with absolutely impenetrable walls. Find: 
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(a) the particle’s permitted energy values if the sides of the well 
are l x and Z 2 ; 

(b) the energy values of the particle at the first four levels if the 
well has the shape of a square with side Z. 

6.82. A particle is located in a two-dimensional square potential 
well with absolutely impenetrable walls (0 < x < a, 0 < y < 6). 
Find the probability of the particle with the lowest energy to be 
located within a region 0 < x <C a/3. 

6.83. A particle of mass m is located in a three-dimensional cubic 
potential well with absolutely impenetrable walls. The side of the 
cube is equal to a . Find: 

(a) the proper values of energy of the particle; 

(b) the energy difference between the third and fourth levels; 

(c) the energy of the sixth level and the number of states (the 
degree of degeneracy) corresponding to that level. 

6.84. Using the Schrodinger equation, demonstrate that at the 
point where the potential energy U (a;) of a particle has a finite 
discontinuity, the wave function remains smooth, i.e. its first deriva- 
tive with respect to the coordinate is continuous. 

6.85. A particle of mass m is located in a unidimensional potential 
field U (x) whose shape is shown in Fig. 6.2, where U (0) = oo. 
Find: 



Fig. 6.2. 


(a) the equation defining the possible values of energy of the 
particle in the region E <C U 0 ; reduce that equation to the form 

sin kl = ±kl V h 2 /2ml 2 U 0 , 

where k = ]/ 2mElh. Solving this equation by graphical means, 
demonstrate that the possible values of energy of the particle form 
a discontinuous spectrum; 

(b) the minimum value of the quantity l 2 U 0 at which the first 
energy level appears in the region E <L U 0 . At what minimum value 
of l 2 U 0 does the rath level appear? 
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6.86. Making use of the solution of the foregoing problem, deter- 
mine the probability of the particle with energy E = f7 0 /2 to be 

( 3 \ 2 ^ 

T n ) ~rn' 

6.87. Find the possible values of energy of a particle of mass m 
located in a spherically symmetrical potential well U (r) = 0 for 
r < r 0 and U (r) = oo for r = r 0 , in the case when the motion of 
the particle is described by a wave function (r) depending only on r. 

Instruction. When solving the Schrodinger equation, make the 
substitution (r) == % (r)/r. 

6.88. From the conditions of the foregoing problem find: 

(a) normalized eigenfunctions of the particle in the states for 
which (r) depends only on r; 

(b) the most probable value r pr for the ground state of the particle 
and the probability of the particle to be in the region r < r pr . 

6.89. A particle of mass m is located in a spherically symmetrical 
potential well U (r) = 0 for r<r 0 and U (r) = U 0 for r > r 0 . 

(a) By means of the substitution (r) = x ( r V r find the equation 
defining the proper values of energy E of the particle for E < C/ 0 , 
when its motion is described by a wave function tp (r) depending 
only on r. Reduce that equation to the form 


sin kr 0 = ± kr 0 Y h 2 ‘/2mriU 0j where k « V 2 mE/h. 

(b) Calculate the value of the quantity r\U 0 at which the first 
level appears. 

6.90. The wave function of a particle of mass m in a unidimension- 
al potential field U (z) = kx 2 / 2 has in the ground state the form 

( x ) = Ae“ ax2 , where A is a normalization factor and a is a positive 
constant. Making use of the Schrodinger equation, find the constant a 
and the energy E of the particle in this state. 

6.91. Find the energy of an electron of a hydrogen atom in a sta- 
tionary state for which the wave function takes the form tp (r) = 
= A (1 + or) e~ ar , where A , a, and a are constants. 

6.92. The wave function of an electron of a hydrogen atom in the 
ground state takes the form \p (r) = Ae~ r / r i, where A is a certain 
constant, r x is the first Bohr radius. Find: 

(a) the most probable distance between the electron and the 
nucleus; 

(b) the mean value of modulus of the Coulomb force acting on the 
electron; 

(c) the mean value of the potential energy of the electron in the 
field of the nucleus. 

6.93. Find the mean electrostatic potential produced by an 
electron in the centre of a hydrogen atom if the electron is in the 
ground state for which the wave function is (r) = Ae“ r / r i, where A 
is a certain constant, r x is the first Bohr radius. 
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6.94. Particles of mass m and energy E move from the left to the 
potential barrier shown in Fig. 6.3. Find: 

(a) the reflection coefficient R of the barrier for E > U 0 ; 

(b) the effective penetration depth of the particles into the region 
x > 0 for E < U 0 , i.e. the distance from the barrier boundary to 
the point at which the probability of finding a particle decreases 
e-fold. 
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Fig. 6.3. 


6.95. Employing Eq. (6.2e), find the probability D of an electron 
with energy E tunnelling through a potential barrier of width l 
and height U 0 provided the barrier is shaped as shown: 

(a) in Fig. 6.4; 

(b) in Fig. 6.5. 



Fig. 6.4. 



6.96. Using Eq. (6.2e), find the probability D of a particle of 
mass m and energy E tunnelling through the potential barrier 
shown in Fig. 6.6, where U (x) — U 0 (1 — x 2 /l 2 ). 


6.3. PROPERTIES OF ATOMS. SPECTRA 

• Spectral labelling of terms: *(£)/, where x = 2S 1 is the multipli- 
city, L, S, J are quantum numbers, 


17—9451 


L = 0, 1, 2, 3, 4, 5, 6, 
(L): S, P, D, F, G, H, /, 
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• Terms of alkali metal atoms: 


T (n+a)*'» 


(6.3a) 


where R is the Rydberg constant, a is the Rydberg correction. 

Fig. 6.7 illustrates the diagram of a lithium atom terms. 

• Angular momenta of an atom: 

M l = L (L+ 1), (6.3b) 

with similar expressions for M s and Mj. 

• Hund rules: 

(1) For a certain electronic configuration, the terms of the largest S value 
are the lowest in energy, and among the terms of S max that of the largest L 
usually lies lowest; 


s p n 



N' 


M ' 


L -ser/es\ 
* 


K ' 


K- series 

Fig. 6.8. 


(2) for the basic (normal) term J — \L — S\ if the subshell is less than 
halMlled, and / = L + S in the remaining cases. 

• Boltzmann’s formula: 

= M. e -(E,-E t )lhT t (6.3C) 

where g 1 and g 2 are the statistical weights (degeneracies) of the corresponding 
levels. 

• Probabilities of atomic transitions per unit time between level 1 and a 
higher level 2 for the cases of spontaneous radiation, induced radiation, and 
absorption: 

i. P l * n =B » i““’ *£*= *!•“•• (6.3d) 

where A 21l B 21 , B 12 are Einstein coefficients, is the spectral density of radia- 
tion corresponding to frequency co of transition between the given levels. 

• Relation between Einstein coefficients: 

T.V3 


g 1 5i2=g2^21» ^21"' 


hi O 3 


1 21 - 


(6.3e) 


Diagram showing formation of X-ray spectra (Fig. 6.8). 
Moseley’s law for K a lines: 


= R(Z-o)* 


(6.3f) 


where a is the correction constant which is equal to unity for light elements. 
• Magnetic moment of an atom and Lande g factor: 


v=g ns. 


_ . J(J + i) + S(S+i)-L(L + i) 

g 2J (J + 1) 


(6.3g) 


• Zeeman splitting of spectral lines in a weak magnetic field: 

Aco = (rnjgi — m 2 g 2 ) jut B Blh. (6.3h) 

• With radiation directed along the magnetic field, the Zeeman compo- 
nents caused by the transition m 1 = m 2 are absent. 

6.97. The binding energy of a valence electron in a Li atom in the 
states 25 and 2 P is equal to 5.39 and 3.54 eV respectively. Find 
the Rydberg corrections for 5 and P terms of the atom. 

6.98. Find the Rydberg correction for the 3 P term of a Na atom 
whose first excitation potential is 2.10 V and whose valence electron 
in the normal 35 state has the binding energy 5.14 eV. 

6.99. Find the binding energy of a valence electron in the ground 
state of a Li atom if the wavelength of the first line of the sharp 
series is known to be equal to = 813 nm and the short-wave 
cut-off wavelength of that series to X 2 = 350 nm. 

6.100. Determine the wavelengths of spectral lines appearing 
on transition of excited Li atoms from the state 35 down to the 
ground state 25. The Rydberg corrections for the 5 and P terms 
are —0.41 and —0.04. 

6.101. The wavelengths of the yellow doublet components of the 
resonance Na line caused by the transition 3P — >• 35 are equal to 
589.00 and 589.56 nm. Find the splitting of the 3 P term in eV units. 

6.102. The first line of the sharp series of atomic cesium is a doub- 
let with wavelengths 1358.8 and 1469.5 nm. Find the frequency 
intervals (in rad/s units) between the components of the sequent 
lines of that series. 

6.103. Write the spectral designations of the terms of the hydrogen 
atom whose electron is in the state with principal quantum number 
n = 3. 

6.104. How many and which values of the quantum number / 
can an atom possess in the state with quantum numbers 5 and L 
equal respectively to 

(a) 2 and 3; (b) 3 and 3; (c) 5/2 and 2? 

6.105. Find the possible values of total angular momenta of 
atoms in the states 4 P and 6 D. 

6.106. Find the greatest possible total angular momentum and 
the corresponding spectral designation of the term 

(a) of a Na atom whose valence electron possesses the principal 
quantum number n — 4; 

(b) of an atom with electronic configuration ls 2 2p3d 

6.107. It is known that in F and D states the number of possible 
values of the quantum number J is the same and equal to five. Find 
the spin angular momentum in these states. 
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6.108. An atom is in the state whose multiplicity is three and the 
total angular momentum is h ]/ 20. What can the corresponding 
quantum number L be equal to? 

6.109. Find the possible multiplicities x of the terms of the 
types 

(a) *Z> 2 ; (b) «P 3/2 ; (c) *F X . 

6.110. A certain atom has three electrons ( 5 , p , and d), in addition 
to filled shells, and is in a state with the greatest possible total 
mechanical moment for a given configuration. In the corresponding 
vector model of the atom find the angle between the spin momentum 
and the total angular momentum of the given atom. 

6.111. An atom possessing the total angular momentum ft ]/6 
is in the state with spin quantum number 5 = 1. In the correspond- 
ing vector model the angle between the spin momentum and the total 
angular momentum is 6 = 73.2°. Write the spectral symbol for 
the term of that state. 

6.112. Write the spectral symbols for the terms of a two-electron 
system consisting of one p electron and one d electron. 

6.113. A system comprises an atom in 2 P 3/2 state and a d electron. 
Find the possible spectral terms of that system. 

6.114. Find out which of the following transitions are forbidden 

by the selection rules: 2 D 3/2 2 P 1/2 , S P X -+■ 2 5 1/2 , 3 P 3 -*• 3 P 2 , 

4 F 7/2 + 4 D 5/2 . 

6.115. Determine the overall degeneracy of a 3D state of a Li 
atom. What is the physical meaning of that value? 

6.116. Find the degeneracy of the states 2 P, 3 D, and 4 P possessing 
the greatest possible values of the total angular momentum. 

6.117. Write the spectral designation of the term whose degeneracy 
is equal to seven and the quantum numbers L and 5 are interrelated 
as L = 35. 

6.118. What element has the atom whose K\ L, and M shells 
and 4 s subshell are filled completely and 4 p subshell is half-filled? 

6.119. Using the Hund rules, find the basic term of the atom whose 
partially filled subshell contains 

(a) three p electrons; (b) four p electrons. 

6.120. Using the Hund rules, find the total angular momentum 
of the atom in the ground state whose partially filled subshell 
contains 

(a) three d electrons; (b) seven d electrons. 

6.121. Making use of the Hund rules, find the number of electrons 
in the only partially filled subshell of the atom whose basic term is 

(a) 3 F 2 ; (b) *P 3/2 ; (c) 6 S 5/2 . 

6.122. Using the Hund rules, write the spectral symbol of the 
basic term of the atom whose only partially filled subshell 

(a) is filled by 1/3, and 5 = 1; 

(b) is filled by 70%, and S = 3/2. 

6.123. The only partially filled subshell of a certain atom contains 
three electrons, the basic term of the atom having L = 3. Using 
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the Hund rules, write the spectral symbol of the ground state of 
the given atom. 

6.124. Using the Hund rules, find the magnetic moment of the 
ground state of the atom whose open subshell is half-filled with five 
electrons. 

6.125. What fraction of hydrogen atoms is in the state with the 
principal quantum number n = 2 at a temperature T = 3000 K? 

6.126. Find the ratio of the number of atoms of gaseous sodium 
in the state 3P to that in the ground state 35 at a temperature T = 
= 2400 K. The spectral line corresponding to the transition 3 P 

35 is known to have the wavelength X = 589 nm. 

6.127. Calculate the mean lifetime of excited atoms if it is known 
that the intensity of the spectral line appearing due to transition 
to the ground state diminishes by a factor q = 25 over a distance 
l — 2.5 mm along the stream of atoms whose velocity is v = 
= 600 m/s. 

6.128. Rarefied Hg gas whose atoms are practically all in the 
ground state was lighted by a mercury lamp emitting a resonance 
line of wavelength X = 253.65 nm. As a result, the radiation power 
of Hg gas at that wavelength turned out to be P = 35 mW. Find 
the number of atoms in the state of resonance excitation whose 
mean lifetime is % = 0.15 ps. 

6.129. Atomic lithium of concentration n = 3.6 *10 16 cm ~ 3 is at 

a temperature T — 1500 K. In this case the power emitted at the 
resonant line’s wavelength X == 671 nm (2 P 25) per unit volume 

of gas is equal to P = 0.30 W/cm 3 . Find the mean lifetime of Li 
atoms in the resonance excitation state. 

6.130. Atomic hydrogen is in thermodynamic equilibrium with 
its radiation. Find: 

(a) the ratio of probabilities of induced and spontaneous radia- 
tions of the atoms from the level 2 P at a temperature T — 3000 K; 

(b) the temperature at which these probabilities become equal. 

6.131. A beam of light of frequency co, equal to the resonant 

frequency of transition of atoms of gas, passes through that gas 
heated to temperature T . In this case kT . Taking into account 

induced radiation, demonstrate that the absorption coefficient of 
the gas x varies as x = x 0 (1 — where x 0 is the absorption 

coefficient for T 0. 

6.132. The wavelength of a resonant mercury line is X = 
— 253.65 nm. The mean lifetime of mercury atoms in the state of 
resonance excitation is % = 0.15 ps. Evaluate the ratio of the 
Doppler line broadening to the natural linewidth at a gas tempera- 
ture T = 300 K. 

6.133. Find the wavelength of the K a line in copper (Z = 29) if 
the wavelength of the K a line in iron (Z = 26) is known to be equal 
to 193 pm. 

6.134. Proceeding from Moseley’s law find: 

(a) the wavelength of the K a line in aluminium and cobalt: 
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(b) the difference in binding energies of K and L electrons in 
vanadium. 

6.135. How many elements are there in a row between those 
whose wavelengths of K a lines are equal to 250 and 179 pm? 

6.136. Find the voltage applied to an X-ray tube with nickel 
anticathode if the wavelength difference between the K a line and 
the short-wave cut-off of the continuous X-ray spectrum is equal 
to 84 pm. 

6.137. At a certain voltage applied to an X-ray tube with alumi- 
nium anticathode the short-wave cut-off wavelength of the contin- 
uous X-ray spectrum is equal to 0.50 nm. Will the K series of the 
characteristic spectrum whose excitation potential is equal to 
1.56 kV be also observed in this case? 

6.138. When the voltage applied to an X-ray tube increased from 
V 1 = 10 kV to V 2 == 20 kV, the wavelength interval between 
the K a line and the short-wave cut-off of the continuous X-ray 
spectrum increases by a factor n ~ 3.0. Find the atomic number of 
the element of which the tube’s anticathode is made. 

6.139. What metal has in its absorption spectrum the difference 
between the frequencies of X-ray K and L absorption edges equal 
to Aco - 6.85 -10 18 s - 1 ? 

6.140. Calculate the binding energy of a K electron in vanadium 
whose L absorption edge has the wavelength X L = 2.4 nm. 

6.141. Find the binding energy of an L electron in titanium if 
the wavelength difference between the first line of the K series and 
its short-wave cut-off is AX = 26 pm. 

6.142. Find the kinetic energy and the velocity of the photoelect- 
rons liberated by K a radiation of zinc from the K shell of iron whose 
K band absorption edge wavelength is X K = 174 pm. 

6.143. Calculate the Lande g factor for atoms 

(a) in S states; (b) in singlet states. 

6.144. Calculate the Lande g factor for the following terms: 

(a) 6 F 1/2 ; (b) (c) 6 F 2 ; (d) (e) *P 0 . 

6.145. Calculate the magnetic moment of an atom (in Bohr 
magnetons) 

(a) in 1 F state; 

(b) in 2 Z) 3/2 state; 

(c) in the state in which S = 1, L = 2, and Lande factor g = 4/3. 

6.146. Determine the spin angular momentum of an atom in 
the state D 2 if the maximum value of the magnetic moment pro- 
jection in that state is equal to four Bohr magnetons. 

6.147. An atom in the state with quantum numbers L = 2, 
S — 1 is located in a weak magnetic field. Find its magnetic moment 
if the least possible angle between the angular momentum and 
the field direction is known to be equal to 30°. 

6.148. A valence electron in a sodium atom is in the state with 
principal quantum number n = 3, with the total angular momentum 
being the greatest possible. What is its magnetic moment in that state? 
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6.149. An excited atom has the electronic configuration ls 2 2s 2 2p3d 
being in the state with the greatest possible total angular momentum. 
Find the magnetic moment of the atom in that state. 

6.150. Find the total angular momentum of an atom in the state 
with 5 .= 3/2 and X = 2 if its magnetic moment is known to be 
equal to zero. 

6.151. A certain atom is in the state in which 5 = 2, the total 
angular momentum M = V 2h, and the magnetic moment is equal 
to zero. Write the spectral symbol of the corresponding 
term. 

6.152. An atom in the state 2 P 3 / 2 is located in the external magne- 
tic field of induction B = 1.0 kG. In terms of the vector model find 
the angular precession velocity of the total angular momentum of 
that atom. 

6.153. An atom in the state 2 P 1/2 is located on the axis of a loop 
of radius r = 5 cm carrying a current / = 10 A. The distance be- 
tween the atom and the centre of the loop is equal to the radius of 
the latter. How great may be the maximum force that the magnetic 
field of that current exerts on the atom? 

6.154. A hydrogen atom in the normal state is located at a distance 
r =2.5 cm from a long straight conductor carrying a current 
/ = 10 A. Find the force acting on the atom. 

6.155. A narrow stream of vanadium atoms in the ground state 
4 F 3 /2 is passed through a transverse strongly inhomogeneous magnet- 
ic field of length = 5.0 cm as in the Stern-Gerlach experiment. 
The beam splitting is observed on a screen located at a distance 
l 2 = 15 cm from the magnet. The kinetic energy of the atoms is 
T = 22 MeV. At what value of the gradient of the magnetic field 
induction B is the distance between the extreme components of 
the split beam on the screen equal to 8 — 2.0 mm? 

6.156. Into what number of sublevels are the following terms 
split in a weak magnetic field: 

(a) 3 .P 0 ; (b) 2 F 5/2 ; (c) 4 £ 1/2 ? 

6.157. An atom is located in a magnetic field of induction B = 
= 2.50 kG. Find the value of the total splitting of the following 
terms (expressed in eV units): 

(a) 1 X; (b) 3 F 4 . 

6.158. What kind of Zeeman effect, normal or anomalous, is 
observed in a weak magnetic field in the case of spectral lines caused 
by the following transitions: 

(a) 1 P 1 S\ (b) 2 £> 5/2 -^ 3 / 2 ; (c) *D 1 3 P 0 ; (d) % -*■ 

6.159. Determine the spectral symbol of an atomic singlet term 
if the total splitting of that term in a weak magnetic field of induc- 
tion B = 3.0 kG amounts to A E ~ 104 fxeV. 

6.160. It is known that a spectral line % = 612 nm of an atom 
is caused by a transition between singlet terms. Calculate the inter- 
val AX between the extreme components of that line in the magnetic 
field with induction B = 10.0 kG. 


263 


6.161. Find the minimum magnitude of the magnetic field induc- 
tion B at which a spectral instrument with resolving power X/8 X = 
= 1.0* 10 5 is capable of resolving the components of the spectral 
line % = 536 nm caused by a transition between singlet terms. The 
observation line is at right angles to the magnetic field direction. 

6.162. A spectral line caused by the transition 9 D X 3 P 0 expe- 
riences the Zeeman splitting in a weak magnetic field. When observed 
at right angles to the magnetic field direction, the interval between 
the neighbouring components of the split line is Am = 1.32 • 10 10 s” 1 . 
Find the magnetic field induction B at the point where the source 
is located. 

6.163. The wavelengths of the Na yellow doublet ( 2 P -*• 2 S) are 
equal to 589.59 and 589.00 nm. Find: 

(a) the ratio of the intervals between neighbouring sublevels of 
the Zeeman splitting of the terms 2 P 3/2 and 2 P 1/2 in a weak magnetic 
field; 

(b) the magnetic field induction B at which the interval between 
neighbouring sublevels of the Zeeman splitting of the term 2 P 3/2 
is t) — 50 times smaller than the natural 
splitting of the term 2 P. 

6.164. Draw a diagram of permitted 
transitions between the terms 2 P 3/2 and 2 £ 1/2 
in a weak magnetic field. Find the displace- 
ments (in rad/s units) of Zeeman components 
of that line in a magnetic field B = 4.5 kG. 

6.165. The same spectral line undergoing 
anomalous Zeeman splitting is observed in 
direction 1 and, after reflection from the mirror M (Fig. 6.9), in 
direction 2. How many Zeeman components are observed in both 
directions if the spectral line is caused by the transition 

(a) 2 P 3/2 -*• 2 S 1/2 ; (b) 3 P 2 - 3 S 1 ? 

6.166. Calculate the total splitting Aco of the spectral line 3 D 3 ->- 
-*■ 3 jP 2 in a weak magnetic field with induction B = 3.4 kG. 
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Fig. 6.9. 


6.4. MOLECULES AND CRYSTALS 

• Rotational energy of a diatomic molecule: 

£j = |i/(/ + l), (6.4a) 

where l is the molecule’s moment of inertia. 

• Vibrational energy of a diatomic molecule: 

= , (6.4b) 

where co is the natural frequency of oscillations of the molecule. 
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• Mean energy of a quantum harmonic oscillator at a temperature T: 

to to 

{ 2 r . e NW„i * 

• Debye formula for molar vibrational energy of a crystal: 

e/r 


"-«*[*+(*)• J ^r]. 


where © is the Debye temperature, 

0 = hd) max /k. 

• Molar vibrational heat capacity of a crystal for T <0: 




(6.4c) 

(6.4d) 

(6.4e) 

(6.4*) 


• Distribution of free electrons in metal in the vicinity of the absolute 

zero: 

l/9 m 3 / 2 

dn=1 4r VEdE ' (6 - 4g) 

where dn is the concentration of electrons whose energy falls within the inter- 
val E, E + dE. The energy E is counted off the bottom of the conduction band. 

• Fermi level at T — 0: 

Ep== ^ ( ‘ 3n2n)2/3 - (6 - 4h) 


where n is the concentration of free electrons in metal 


6.167. Determine the angular rotation velocity of an S 2 molecule 
promoted to the first excited rotational level if the distance between 
its nuclei is d = 189 pm. 

6.168. For an HC1 molecule find the rotational quantum numbers 
of two neighbouring levels whose energies differ by 7.86 meV. The 
nuclei of the molecule are separated by the distance of 127.5 pm. 

6.169. Find the angular momentum of an oxygen molecule whose 
rotational energy is E — 2.16 meV and the distance between the 
nuclei is d = 121 pm. 

6.170. Show that the frequency intervals between the neighbour- 
ing spectral lines of a true rotational spectrum of a diatomic molecule 
are equal. Find the moment of inertia and the distance between the 
nuclei of a CH molecule if the intervals between the neighbouring 
lines of the true rotational spectrum of these molecules are equal to 
A co = 5.47 • 10 12 s- 1 . 

6.171. For an HF molecule find the number of rotational levels 
located between the zeroth and first excited vibrational levels assum- 
ing rotational states to be independent of vibrational ones. The 
natural vibration frequency of this molecule is equal to 
7.79 -10 14 rad/s, and the distance between the nuclei is 91.7 pm. 


6.172. Evaluate how many lines there are in a trjie rotational 
spectrum of CO molecules whose natural vibration frequency is 
o) = 4.09 *10 14 s- 1 and moment of inertia I == 1.44- 10" 39 g-crn 2 . 

6.173. Find the number of rotational levels per unit energy inter- 
val, dN/dE, for a diatomic molecule as a function of rotational 
energy E . Calculate that magnitude for an iodine molecule in the 
state with rotational quantum number / = 10. The distance between 
the nuclei of that molecule is equal to 267 pm. 

6.174. Find the ratio of energies required to excite a diatomic 
molecule to the first vibrational and to the first rotational level. 
Calculate that ratio for the following molecules: 


Molecule 

( 0 , 10 14 s” 1 

d , pm 

(a) H 2 

8.3 

74 

(b) HI 

4.35 

160. 

(c) I 2 

0 40 

267 


Here w is the natural vibration frequency of a molecule, d is the 
distance between nuclei. 

6.175. The natural vibration frequency of a hydrogen molecule 
is equal to 8.25- 10 14 s~ 1 , the distance between the nuclei is 74 pm. 
Find the ratio of the number of these molecules at the first excited 
vibrational level (v = 1) to the number of molecules at the first 
excited rotational level (/ = 1) at a temperature T == 875 K. It 
should be remembered that the degeneracy of rotational levels is 
equal to 2/ + 1. 

6.176. Derive Eq. (6.4c), making use of the Boltzmann, distribu- 
tion. From Eq. (6.4cj obtain the expression for molar vibration 
heat capacity C v vib of diatomic gas. Calculate C v vib for Gl 2 gas 
at the temperature 300 K. The natural vibration frequency of these 
molecules is equal to 1.064 vlO 14 s- 1 , 

6.177. In the middle of the rotation-vibration band of emission 
spectrum of HC1 molecule, where the u zeroth” line is forbidden by 
the selection rules, the interval between neighbouring lines is Ao = 
= 0.79 -10 13 s _1 . Calculate the distance between the nuclei of an 
HC1 molecule. 

6.178. Calculate the wavelengths of the red and violet satellites, 
closest to the fixed line, in the vibration spectrum of Raman scatter- 
ing by F 2 molecules if the incident light wavelength is equal to X 0 .= 
= 404.7 nm and the natural vibration frequency of the molecule 
is o) = 2.15*10 14 s- 1 . 

6*179. Find the natural vibration frequency and the quasielastic 
force coefficient of an S 2 molecule if the wavelengths of the red and 
violet satellites, closest to the fixed line, in the vibration spectrum 
*of Raman scattering are equal to 346.6 and 330.0 nm. 

6.180. Find the ratio of intensities of the violet and red satellites, 
closest to the fixed line, in the vibration spectrum of Raman scatter- 
ing by Cl 2 molecules at a temperature T = 300 K if the natural 
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vibration frequency of these molecules is co = 1.06-10 14 s' 1 . 

By what factor will this ratio change if the temperature is doubled? 

6-181. Consider the possible vibration modes in the following 
linear molecules: 

(a) C0 2 (G — C — 0); (b) C 2 H 2 (H-C-C-H). 

6.182. Find the number of natural transverse vibrations of a string 
of length l in the frequency interval from cd to cd + dcD if the propa- 
gation velocity of vibrations is equal to v. All vibrations are supposed 
to occur in one plane. 

6.183. There is a square membrane of area S. Find the number of 
natural vibrations perpendicular to its plane in the frequency interval 
from o) to co + dcD if the propagation velocity of vibrations is equal 
to v . 

6.184. Find the number of natural transverse vibrations of a right- 
angled parallelepiped of volume V in the frequency interval from 
cd to co + dco if the propagation velocity of vibrations is equal to v. 

6.185. Assuming the propagation velocities of longitudinal and 
transverse vibrations to be the same and equal to v, find the Debye 
temperature 

(a) for a unidimensional crystal, i.e. a chain of identical atoms, 
incorporating n 0 atoms per unit length; 

(b) for a two-dimensional crystal, i.e. a plane square grid consist- 
ing of identical atoms, containing n 0 atoms per unit area; 

(c) for a simple cubic lattice consisting of identical atoms, con- 
taining n 0 atoms per unit volume. 

6.186. Calculate the Debye temperature for iron in which the 
propagation velocities of longitudinal and transverse vibrations are 
equal to 5.85 and 3.23 km/s respectively. 

6.187. Evaluate the propagation velocity of acoustic vibrations 
in aluminium whose Debye temperature is 0 = 396 K. 

6.188. Derive the formula expressing molar heat capacity of 
a unidimensional crystal, a chain of identical atoms, as a function 
of temperature T if the Debye temperature of the chain is equal to 0. 
Simplify the obtained expression for the case T » 0. 

6.189. In a chain of identical atoms the vibration frequency co 
depends on wave number k as co = co ma * sin (hat 2), where cD ma * 
is the maximum vibration frequency, k = 2jx/A, is the wave number 
corresponding to frequency co, a is the distance between neighbour- 
ing atoms. Making use of this dispersion relation, find the dependence 
of the number of longitudinal vibrations per unit frequency interval 
on co, i.e. dNIda, if the length of the chain is Z. Having obtained 
dN/d(S ) , find the total number N of possible longitudinal vibrations 
of the chain. 

6.190. Calculate the zero-point energy per one gram of copper 
whose Debye temperature is 0 = 330 K. 

6.191. Fig. 6.10 shows heat capacity of a crystal vs temperature 
in terms of the Debye theory. Here C c i is classical heat capacity, 
© is the Debye temperature. Using this plot, find: 
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(a) the Debye temperature for silver if at a temperature T — 65 K 
its molar heat capacity is equal to 15 J/(mol«K); 

(b) the molar heat capacity of aluminium at T — 80 K if at 
T — 250 K it is equal to 22.4 J/(mol*K); 

(c) the maximum vibration frequency for copper whose heat 
capacity at T — 125 K differs from the classical value by 25% . 


C/Cd 



6 . 192 . Demonstrate that molar heat capacity of a crystal at 
a temperature r<0, where 0 is the Debye temperature, is defined 
by Eq. (6.4f). 

6 . 193 . Can one consider the temperatures 20 and 30 K as low for 
a crystal whose heat capacities at these temperatures are equal 
to 0.226 and 0.760 J/(mol-K)? 

6 . 194 . Calculate the mean zero-point energy per one oscillator 
of a crystal in terms of the Debye theory if the Debye temperature 
of the crystal is equal to 0. 

6 . 195 . Draw the vibration energy of a crystal as a function of 
frequency (neglecting the zero-point vibrations). Consider two cases: 
T = 0/2 and T = 0/4, where 0 is the Debye temperature. 

6 . 196 . Evaluate the maximum values of energy and momentum 
of a phonon (acoustie quantum) in copper whose Debye temperature 
is equal to 330 K. 

6.197. Employing Eq. (6.4g), find at T = 0: 

(a) the maximum kinetic energy of free electrons in a metal if 
their concentration is equal to n ; 

(b) the mean kinetic energy of free electrons if their maximum 
kinetic energy T max is known. 

6 . 198 . What fraction (in per cent) of free electrons in a metal at 
T = 0 has a kinetic energy exceeding half the maximum energy? 

6 . 199 . Find the number of free electrons per one sodium atom 
at T ~ 0 if the Fermi level is equal to E$ = 3.07 eV and the density 
of sodium is 0.97 g/cm 3 . 
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6 . 200 . Up to what temperature has one to heat classical electronic 
gas to make the mean energy of its electrons equal to that of free 
electrons in copper at T = 0? Only one free electron is supposed to 
correspond to each copper atom. 

6 . 201 . Calculate the interval (in eV units) between neighbouring 
levels of free electrons in a metal at T = 0 near the Fermi level, 
if the concentration of free electrons is n = 2. (MO 22 cm” 3 and the 
volume of the metal is V = 1.0 cm 3 . 

6 . 202 . Making use of Eq. (6.4g), find at T = 0: 

(a) the velocity distribution of free electrons; 

(b) the ratio of the mean velocity of free electrons to their maxi- 
mum velocity. 

6 . 203 . On the basis of Eq. (6.4g) find the number of free electrons 
in a metal at T = 0 as a function of de Broglie wavelengths. 

6 . 204 . Calculate the electronic gas pressure in metallic sodium, 
at T — 0, in which the concentration of free electrons is n = 
= 2.5 «10 22 cm" 3 . Use the equation for the pressure of ideal gas. 

6 . 205 . The increase in temperature of a cathode in electronic tube 
by A 7* = 1.0 K from the value T = 2000 K results in the increase 
of saturation current by = 1.4%. Find the work function of 
electron for the material of the cathode. 

6 . 206 . Find the refractive index of metallic sodium for electrons 
with kinetic energy T = 135 eV. Only one free electron is assumed 
to correspond to each sodium atom. 

6 . 207 . Find the minimum energy of electron-hole pair formation 
in an impurity-free semiconductor whose electric conductance 
increases r\ = 5.0 times when the temperature increases from T x = 
= 300 K to T 2 = 400 K. 

6 . 208 . At very low temperatures the photoelectric threshold short 
wavelength in an impurity-free germanium is equal to X t h = 1.7 pm. 
Find the temperature coefficient of resistance of this germanium 
sample at room temperature. 

6.209. Fig. 6.11 illustrates logarithmic electric conductance as 
a function of reciprocal temperature (T in kK units) for some 
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rc-type semiconductor. Using this plot, find the width of the forbid- 
den band of the semiconductor and the activation energy of donor 
levels. 

6.210. The resistivity of an impurity-free semiconductor at room 
temperature is p = 50 Q-cm. It becomes equal to p x = 40 Q-cm 
when the semiconductor is illuminated with light, and t = 8 ms 
after switching off the light source the resistivity becomes equal to 
p 2 — 45 Q-cm. Find the mean lifetime of conduction electrons and 
holes. 

6.211. In Hall effect measurements a plate of width h — 10 mm 
and length l = 50 mm made of p-type semiconductor was placed 
in a magnetic field with induction B = 5.0 kG. A potential differ- 
ence V = 10 V was applied across the edges of the plate. In this 
case the Hall field is Vh = 50 mV and resistivity p = 2.5 Q-cm. 
Find the concentration of holes and hole mobility. 

6.212. In Hall effect measurements in a magnetic field with 
induction B = 5.0 kG the transverse electric field strength in an 
impurity-free germanium turned out to be rj = 10 times less than 
the longitudinal electric field strength. Find the difference in the 
mobilities of conduction electrons and holes in the given semicon- 
ductor. 

6.213. The Hall effect turned out to be not observable in a semi- 
conductor whose conduction electron mobility was r\ = 2.0 times 
that of the hole mobility. Find the ratio of hole and conduction 
electron concentrations in that semiconductor. 

6.5. RADIOACTIVITY 

• Fundamental law of radioactive decay: 

N = N 0 e~ xt . (6.5a) 

• Relation between the decay constant X, the mean lifetime t, and the 
half-life T: 



• Specific activity is the activity of a unit mass 6f a radioisotope. 

6.214. Knowing the decay constant X of a nucleus, find: 

(a) the probability of decay of the nucleus during the time from 0 
to t; 

(b) the mean lifetime x of the nucleus. 

6.215. What fraction of the radioactive cobalt nuclei whose half- 
life is 71.3 days decays during a month? 

6.216. How many beta-particles are emitted during one hour by 
1.0 \ig of Na 24 radionuclide whose half-life is 15 hours? 

6.217. To investigate the beta-decay of Mg 23 radionuclide, a coun- 
ter was activated at the moment t ~ 0. It registered N x beta-parti- 
cles by a moment = 2.0s, and by a moment = 3^ the number 
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of registered beta-particles was 2.66 times greater! Find the mean 
lifetime of the given nuclei. 

6.218. The activity of a certain preparation decreases 2.5 times 
after 7.0 days. Find its half-life. 

6.219. At the initial moment the activity of a certain radionuclide 
totalled 650 particles per minute. What will be the activity of the 
preparation after half its half-life period? 

6.220. Find the decay constant and the mean lifetime of Co 55 
radionuclide if its activity is known to decrease 4.0% per hour. 
The decay product is nonradioactive. 

6.221. A U 238 preparation of mass 1.0 g emits 1.24* 10 4 alpha- 
particles per second. Find the half-life of this nuclide and the activity 
of the preparation. 

6.222. Determine the age of ancient wooden items if it is known 
that the specific activity of C 14 nuclide in them amounts to 3/5 of 
that in lately felled trees. The half-life of C 14 nuclei is 5570 years. 

6.223. In a uranium ore the ratio of U 238 nuclei to Pb 206 nuclei 
is T] = 2.8. Evaluate the age of the ore, assuming all the lead Pb 206 
to be a final decay product of the uranium series. The half-life of 
U 238 nuclei is 4.5 *10 9 years. 

6.224. Calculate the specific activities of Na 24 and U 235 nuclides 
whose half-lifes are 15 hours and 7.1 *10 8 years respectively. 

6.225. A small amount of solution containing Na 24 radionuclide 
with activity A = 2.0* 10 3 disintegrations per second was injected 
in the bloodstream of a man. The activity of 1 cm 3 of blood sample 
taken t = 5.0 hours later turned out to be A' = 16 disintegrations 
per minute per cm 3 . The half-life of the radionuclide is T = 15 hours. 
Find the volume of the man’s blood. 

6.226. The specific activity of a preparation consisting of radio- 
active Co 58 and nonradioactive Co 59 is equal to 2.2* 10 12 dis/(s-g). 
The half-life of Co 58 is 71.3 days. Find the ratio of the mass of radio- 
active cobalt in that preparation to the total mass of the preparation 
(in per cent). 

6.227. A certain preparation includes two beta-active components 
with different half-lifes. The measurements resulted in the following 
dependence of the natural logarithm of preparation activity on 
time t expressed in hours: 

t 0 1 2 3 5 7 10 14 20 

In A 4.10 3.60 3.10 2.60 2.06 1.82 1.60 1.32 0.90 

Find the half-lifes of both components and the ratio of radioactive 
nuclei of these components at the moment t — 0. 

6.228. A P 32 radionuclide with half-life T — 14.3 days is produced 
in a reactor at a constant rate q ~ 2.7-10 9 nuclei per second. How 
soon after the beginning of production of that radionuclide will its 
activity be equal to A = 1.0-10 9 dis/s? 

6.229. A radionuclide A 1 with decay constant k x transforms into 
a radionuclide A 2 with decay constant k 2 . Assuming that at the 
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initial moment the preparation contained only the radionuclide A lt 
find: 

(a) the equation describing accumulation of the radionuclide A 2 
with time; 

(b) the time interval after which the activity of radionuclide A 2 
reaches the maximum value. 

6.230. Solve the foregoing problem if = X 2 — X, 

6.231. A radionuclide A x goes through the transformation chain 
A i -+A 2 -+A 3 (stable) with respective decay constants and X 2 - 
Assuming that at the initial moment the preparation contained 
only the radionuclide A x equal in quantity to N 10 nuclei, find the 
equation describing accumulation of the stable isotope A 3 . 

6.232. A Bi 210 radionuclide decays via the chain 

Bi 2io p 0 2io Pb206 (stable), 

where the decay constants are = 1.60- 10~ 6 s” 1 , k 2 = 

= 5.80*10~ 8 s~ l . Calculate alpha- and beta-activities of the Bi 210 
preparation of mass 1.00 mg a month after its manufacture. 

6.233. (a) What isotope is produced from the alpha-radioactive 
Ra 226 as a result of five alpha-disintegrations and four (3 “-disintegra- 
tions? 

(b) How many alpha- and |3 --decays does U 238 experience before 
turning finally into the stable Pb 206 isotope? 

6.234. A stationary Pb 2ao nucleus emits an alpha-particle with 
kinetic energy I a = 5.77 MeV. Find the recoil velocity of a daught- 
er nucleus. What fraction of the total energy liberated in this decay 
is accounted for by the recoil energy of the daughter nucleus? 

6.235. Find the amount of heat generated by 1.00 mg of a Po 210 
preparation during the mean lifetime period of these nuclei if the 
emitted alpha-particles are known to possess the kinetic energy 
5.3 MeV and practically all daughter nuclei are formed directly in 
the ground state. 

6.236. The alpha-decay of Po 210 nuclei (in the ground state) is 
accompanied by emission of two groups of alpha-particles with 
kinetic energies 5.30 and 4.50 MeV. Following the emission of these 
particles the daughter nuclei are found in the ground and excited 
states. Find the energy of gamma-quanta emitted by the excited 
nuclei. 

6.237. The mean path length of alpha-particles in air under 
standard conditions is defined by the formula R = 0.98- 10~ 27 cm, 
where u 0 (cm/s) is the initial velocity of an alpha-particle. Using 
this formula, find for an alpha-particle with initial kinetic energy 
7,0 MeV: 

(a) its mean path length; 

(b) the average number of ion pairs formed by the given alpha- 
particle over the whole path R as well as over its first half, assuming 
the ion pair formation energy to be equal to 34 eV. 
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6.238. Find the energy Q liberated in (J~- and p + -decays and in 
A-capture if the masses of the parent atom M pi the daughter atom 
M d and an electron m are known. 

6.239. Taking the values of atomic masses from the tables, find 
the maximum kinetic energy of beta-particles emitted by Be 10 
nuclei and the corresponding kinetic energy of recoiling daughter 
nuclei formed directly in the ground state. 

6.240. Evaluate the amount of heat produced during a day by 
a p “-active Na 24 preparation of mass m = 1.0 mg. The beta-particles 
are assumed to possess an average kinetic energy equal to 1/3 of the 
highest possible energy of the given decay. The half-life of Na 24 is 
T = 15 hours. 

6.241. Taking the values of atomic masses from the tables, calcu- 
late the kinetic energies of a positron and a neutrino emitted by C u 
nucleus for the case when the daughter nucleus does not 
recoil. 

6.242. Find the kinetic energy of the recoil nucleus in the positron- 
ic decay of a N 13 nucleus for the case when the energy of positrons 
is maximum. 

6.243. From the tables of atomic masses determine the velocity 
of a nucleus appearing as a result of jf-capture in a Be 7 atom provided 
the daughter nucleus turns out to be in the ground state. 

6.244. Passing down to the ground state, excited Ag 109 nuclei 
emit either gamma quanta with energy 87 keV or K conversion 
electrons whose binding energy is 26 keV. Find the velocity of these 
electrons. 

6.245. A free stationary Ir 191 nucleus with excitation energy 
E = 129 keV passes to the ground state, emitting a gamma quan- 
tum. Calculate the fractional change of gamma quanta energy due 
to recoil of the nucleus. 

6.246. What must be the relative velocity of a source and an 
absorber consisting of free Ir 191 nuclei to observe the maximum absorp- 
tion of gamma quanta with energy 8 = 129 keV? 

6.247. A source of gamma quanta is placed at a height h — 20 m 
above an absorber. With what velocity should the source be displaced 
upward to counterbalance completely the gravitational variation 
of gamma quanta energy due to the Earth’s gravity at the point 
where the absorber is located? 

6.248. What is the minimum height to which a gamma quanta 
source containing excited Zn 67 nuclei has to be raised for the gravi- 
tational displacement of the Mossbauer line to exceed the line width 
itself, when registered on the Earth’s surface? The registered gamma 
quanta are known to have an energy 8 = 93 keV and appear on 
transition of Zn 67 nuclei to the ground state, and the mean lifetime 
of the excited state is x — 14 fxs. 
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6.6. NUCLEAR REACTIONS 


• Binding energy of a nucleus: 

E b — Zrrij^ -j- (A — Z) m n — Af , (6.6a) 

where Z is the charge of the nucleus (in units of e), A is the mass number, m Ht 
m n , and M are the masses of a hydrogen atom, a neutron, and an atom corres- 
ponding to the given nucleus. 

In calculations the following formula is more convenient to use: 

E b = ZA h + (A Z)A n — A, (6.6b) 


where A H , A n , and A are the mass surpluses of a hydrogen atom, a neutron, 
and an atom corresponding to the given nucleus. 

• Energy diagram of a nuclear reaction 


m + M ^ m' + AT + Q 


(6.6c) 
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is illustrated in Fig. 6.12, where m-f-Af and m' + Af' are the sums of rest masses 
of particles before and after the reaction, T and V are the total kinetic ener- 
gies of particles before and after the reaction 
(in the frame of the centre of inertia), E+ is 
the excitation energy of the transitional 
nucleus, Q is the energy of the reaction, E 
and E' are the binding energies of the par- 
ticles m and m' in the transitional nucleus, 

7, 2, 3 are the energy levels of the transi- 
tional nucleus. 

• Threshold (minimum) kinetic energy 
of an incoming particle at which an endoer- 
gic nuclear reaction 

Tth=J!1 r 191 {6M) 

becomes possible; here m and M are the 
masses of the incoming particle and the 
target nucleus. 
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Fig. 6.12. 


6.249. An alpha-particle with kinetic energy T a = 7.0 MeV is 
scattered elastically by an initially stationary Li 6 nucleus. Find 
the kinetic energy of the recoil nucleus if the angle of divergence 
of the two particles is © = 60°. 

6.250. A neutron collides elastically with an initially stationary 
deuteron. Find the fraction of the kinetic energy lost by the neutron 

(a) in a head-on collision; 

(b) in scattering at right angles. 

6.251. Find the greatest possible angle through which a deuteron 
is scattered as a result of elastic collision with an initially stationary 
proton. 

6.252. Assuming the radius of a nucleus to be equal to R = 
- 0.13 VI pm, where A is its mass number, evaluate the density 
of nuclei and the number of nucleons per unit volume of the nucleus. 

6.253. Write missing symbols, denoted by x , in the following 
nuclear reactions: 

(a) B 10 (or, a) Be 8 ; 
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(b) O 17 (d, n) x< 

(c) Na 23 (p, *) Ne 20 ; 

(d) x ( p , n) Ar 37 . 

6.254. Demonstrate that the binding energy of a nucleus with 
mass number A and charge Z can be found from Eq. (6.6b). 

6.255. Find the binding energy of a nucleus consisting of equal 
numbers of protons and neutrons and having the radius one and a half 
times smaller than that of Al 27 nucleus. 

6.256. Making use of the tables of atomic masses, find: 

(a) the mean binding energy per one nucleon in O 16 nucleus; 

(b) the binding energy of a neutron and an alpha-particle in 
a B 11 nucleus; 

(c) the energy required for separation of an O 16 nucleus into four 
identical particles. 

6.257. Find the difference in binding energies of a neutron and 
a proton in a B 11 nucleus. Explain why there is the difference. 

6.258. Find the energy required for separation of a Ne 20 nucleus 
into two alpha-particles and a C 12 nucleus if it is known that the 
binding energies per one nucleon in Ne 20 , He 4 , and C 12 nuclei are 
equal to 8.03, 7.07, and 7.68 MeV respectively. 

6.259. Calculate in atomic mass units the mass of 

(a) a Li 8 atom whose nucleus has the binding energy 41.3 MeV; 

(b) a C 10 nucleus whose binding energy per nucleon is equal to 
6.04 MeV. 

6.260. The nuclei involved in the nuclear reaction A x + A 2 -* 
+ A k have the binding energies E x , E 2 , E 3 , and £ 4 . Find the 

energy of this reaction. 

6.261. Assuming that the splitting of a U 235 nucleus liberates the 
energy of 200 MeV, find: 

(a) the energy liberated in the fission of one kilogram of U 235 
isotope, and the mass of coal with calorific value of 30 kJ/g which 
is equivalent to that for one kg of U 235 ; 

(b) the mass of U 235 isotope split during the explosion of the atomic 
bomb with 30 kt trotyl equivalent if the calorific value of trotyl 
is 4.1 kJ/g. 

6.262. What amount of heat is liberated during the formation of 
one gram of He 4 from deuterium H 2 ? What mass of coal with calo- 
rific value of 30 kJ/g is thermally equivalent to the magnitude 
obtained? 

6.263. Taking the values of atomic masses from the tables, calcu- 
late the energy per nucleon which is liberated in the nuclear reaction 
Li 6 + H 2 ~>2He 4 . Compare the obtained magnitude with the energy 
per nucleon liberated in the fission of U 23S nucleus. 

6.264. Find the energy of the reaction Li 7 + p 2He 4 if the 
binding energies per nucleon in Li 7 and He 4 nuclei are known to be 
equal to 5.60 and 7.06 MeV respectively. 

6.265. Find the energy of the reaction N 14 (a, p) O 17 if the kinetic 
energy of the incoming alpha-particle is T a = 4.0 MeV and the 
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proton outgoing at an angle 0 = 60° to the motion direction of the 
alpha-particle has a kinetic energy Tp = 2.09 MeV. 

6.266. Making use of the tables of atomic masses, determine the 
energies of the following reactions: 

(a) Li 7 ( p , n) Be 7 ; 

(b) Be 9 (n, y) Be 10 ; 

(c) Li 7 (a, n) B 10 ; 

(d) O 16 (d 9 a) N 14 . 

6.267. Making use of the tables of atomic masses, find the velocity 
with which the products of the reaction B 10 (n> a) Li 7 come apart; 
the reaction proceeds via interaction of very slow neutrons with 
stationary boron nuclei. 

6.268. Protons striking a stationary lithium target activate 
a reaction Li 7 (p, n) Be 7 . At what value of the proton’s kinetic 
energy can the resulting neutron be stationary? 

6.269. An alpha particle with kinetic energy T = 5.3 MeV 
initiates a nuclear reaction Be 9 (a, n) C 12 with energy yield Q = 
= +5-7 MeV. Find the kinetic energy of the neutron outgoing at 
right angles to the motion direction of the alpha-particle. 

6.270. Protons with kinetic energy T~ 1.0 MeV striking a lith- 
ium target induce a nuclear reaction p -f Li 7 -v2He 4 . Find the 
kinetic energy of each alpha-particle and the angle of their divergence 
provided their motion directions are symmetrical with respect to 
that of incoming protons. 

6.271. A particle of mass m strikes a stationary nucleus of mass M 
and activates an endoergic reaction. Demonstrate that the threshold 
(minimal) kinetic energy required to initiate this reaction is defined 
by Eq. (6.6d). 

6.272. What kinetic energy must a proton possess to split a deuter- 
on H 2 whose binding energy is E b = 2.2 MeV? 

6.273. The irradiation of lithium and beryllium targets by a 
monoergic stream of protons reveals that the reaction Li 7 (p, ra)Be 7 — 
— 1.65 MeV is initiated whereas the reaction Be 9 (p, rc)B 9 — 1.85 MeV 
does not take place. Find the possible values of kinetic energy of 
the protons. 

6.274. To activate the reaction (n, a) with stationary B 11 nuclei, 
neutrons must have the threshold kinetic energy T th — 4.0 MeV. 
Find the energy of this reaction. 

6.275. Calculate the threshold kinetic energies of protons required 
to activate the reactions (p, n) and (p, d) with Li 7 nuclei. 

6.276. Using the tabular values of atomic masses, find the thresh- 
old kinetic energy of an alpha particle required to activate the 
nuclear reaction Li 7 (a, n) B 10 . What is the velocity of the B 10 
nucleus in this case? 

6.277. A neutron with kinetic energy T = 10 MeV activates 
a nuclear reaction C 12 (n, a) Be 9 whose threshold is T th = 6.17 MeV. 
Find the kinetic energy of the alpha-particles outgoing at right 
angles to the incoming neutrons’ direction. 
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6.278. How much, in per cent, does the threshold energy of gam- 
ma quantum exceed the binding energy of a deuteron (E b = 2.2 MeV) 
in the reaction y + H 2 + p? 

6.279. A proton with kinetic energy T = 1.5 MeV is captured 
by a deuteron H 2 . Find the excitation energy of the formed nucleus. 

6.280. The yield of the nuclear reaction C 13 (d, rc)N 14 has maximum 
magnitudes at the following values of kinetic energy T t of bombard- 
ing deuterons: 0.60, 0.90, 1.55, and 1.80 MeV. Making use of the 
table of atomic masses, find the corresponding energy levels of the 
transitional nucleus through which this reaction proceeds. 

6.281. A narrow beam of thermal neutrons is attenuated r\ = 
= 360 times after passing through a cadmium plate of thickness 
d = 0.50 mm. Determine the effective cross-section of interaction 
of these neutrons with cadmium nuclei. 

6.282. Determine how many times the intensity of a narrow beam 
of thermal neutrons will decrease after passing through the heavy 
water layer of thickness d = 5.0 cm. The efiective cross-sections of 
interaction of deuterium and oxygen nuclei with thermal neutrons 
are equal to = 7.0 b and o 2 = 4.2 b respectively. 

6.283. A narrow beam of thermal neutrons passes through a plate 
of iron whose absorption and scattering efiective cross-sections are 
equal to o a — 2.5 b and o & — 11 b respectively. Find the fraction 
of neutrons quitting the beam due to scattering if the thickness of 
the plate is d — 0.50 cm. 

6.284. The yield of a nuclear reaction producing radionuclides 
may be described in two ways: either by the ratio w of the number 
of nuclear reactions to the number of bombarding particles, or by 
the quantity k , the ratio of the activity of the formed radionuclide 
to the number of bombarding particles. Find: 

(a) the half-life of the formed radionuclide, assuming w and k 
to be known; 

(b) the yield w of the reaction Li 7 (p, /?)Be 7 if after irradiation of 
a lithium target by a beam of protons (over t — 2.0 hours and with 
beam current / = 10 pA) the activity of Be 7 became equal to A = 
= 1.35* 10® dis/s and its half-life to T = 53 days. 

6.285. Thermal neutrons fall normally on the surface of a thin 
gold foil consisting of stable Au 107 nuclide. The neutron flux density 
is / = 1.0* 10 10 part. /(s* cm 2 ). The mass of the foil is m = 10 mg. 
The neutron capture produces beta-active Au 108 nuclei with half-life 
T — 2.7 days. The efiective capture cross-section is a = 98 b. 
Find: 

(a) the irradiation time after which the number of Au m nuclei 
decreases by = 1.0%; 

(b) the maximum number of Au 198 nuclei that can be formed dur- 
ing protracted irradiation. 

6.286. A thin foil of certain stable isotope is irradiated by thermal 
neutrons falling normally on its surface. Due to the capture of 
neutrons a radionuclide with decay constant X appears. Find the law 
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describing accumulation of that radionuclide N (t) per unit area 
of the foil’s surface. The neutron flux density is /, the number of 
nuclei per unit area of the foil’s surface is n , and the effective cross- 
section of formation of active nuclei is a. 

6.287. A gold foil of mass m = 0.20 g was irradiated during 
f = 6.0 hours by a thermal neutron flux falling normally on its 
surface. Following t = 12 hours after the completion of irradiation 
the activity of the foil became equal to A = 1.9 -10 7 dis/s. Find 
the neutron flux density if the effective cross-section of formation 
of a radioactive nucleus is a = 96 b, and the half-life is equal 
to T — 2.7 days. 

6.288. How many neutrons are there in the hundredth generation 
if the fission process starts with N 0 = 1000 neutrons and takes 
place in a medium with multiplication constant k = 1.05? 

6.289. Find the number of neutrons generated per unit time in 
a uranium reactor whose thermal power is P = 100 MW if the 
average number of neutrons liberated in each nuclear splitting is 
v = 2.5. Each splitting is assumed to release an energy E =* 

= 200 MeV. 

6.290. In a thermal reactor the mean lifetime of one generation 
of thermal neutrons is t = 0.10 s. Assuming the multiplication 
constant to be equal to k = 1.010, find: 

(a) how many times the number of neutrons in the reactor, and 
consequently its power, will increase over t = 1.0 min; 

(b) the period T of the reactor, i.e. the time period over which 
its power increases e-fold. 

6.7. ELEMENTARY PARTICLES 

• Total energy and momentum of a relativistic particle: 

E = i n 0 c 2 + T, pc = y r T (T 4- 2m 0 c 2 ), (6.7a) 

where T is the kinetic energy of the particle. 

• When examining collisions of particles it pays to use the invariant: 

E*—p* c * = mlc*, (6.7b) 

where E and p are the total energy and the total momentum of the system prior 
to collision, m 0 is the rest mass of the formed particle. 

• Threshold (minimal) kinetic energy of a particle m striking a stationary 
particle M and activating the endoergic reaction m + M -► m 1 + m 2 + ... : 

T th = . (mi + rn2 - + : 2 ^~ ( — ' — ~ c2 > (6.7c) 

where m, M, m l9 m 2 , . . . are the rest masses of the respective particles. 

• Quantum numbers classifying elementary particles: 

Q , electric charge, 

L, lepton charge, 

B, baryon charge, 

7\ isotopic spin, T z , its projection, 

* S } strangeness, S = 2 (Q) — B , 
y, hypercharge, Y = B + S. 
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• Relation between quantum numbers of strongly interacting particles: 

Q = T z +Z-=T z + 2±1 (6.7d) 

• Interactions of particles obey the laws of conservation of the L and 
B charges. In strong interactions the laws of conservation of S (or F), T , and 
its projection T z are also valid. 

6.291. Calculate the kinetic energies of protons whose momenta 
are 0.10. 1.0, and 10 GeV/c, where c is the velocity of light. 

6.292. Find the mean path travelled by pions whose kinetic 
energy exceeds their rest energy tj = 1 .2 times. The mean lifetime 
of very slow pions is t 0 = 25.5 ns. 

6.293. Negative pions with kinetic energy T = 100 MeV travel 
an average distance i = 11 m from their origin to decay. Find the 
proper lifetime of these pions. 

6.294. There is a narrow beam of negative pions with kinetic 
energy T equal to the rest energy of these particles. Find the ratio 
of fluxes at the sections of the beam separated by a distance l — 
= 20 m. The proper mean lifetime of these pions is t 0 = 25.5 ns. 

6.295. A stationary positive pion disintegrated into a muon and 
a neutrino. Find the kinetic energy of the muon and the energy of 
the neutrino. 

6.296. Find the kinetic energy of a neutron emerging as a result 

of the decay of a stationary 2~ hyperon (2“ + 3t~). 

6.297. A stationary positive muon disintegrated into a positron 
and two neutrinos. Find the greatest possible kinetic energy of the 
positron. 

6.298. A stationary neutral particle disintegrated into a proton 
with kinetic energy T = 5.3 MeV and a negative pion. Find the 
mass of that particle. What is its name? 

6.299. A negative pion with kinetic energy T = 50 MeV disinteg- 
rated during its flight into a muon and a neutrino. Find the energy 
of the neutrino outgoing at right angles to the pion’s motion direc- 
tion. 

6.300. A 2 + hyperon with kinetic energy Tz = 320 MeV disinteg- 
rated during its flight into a neutral particle and a positive pion 
outgoing with kinetic energy T n — 42 MeV at right angles to the 
hyperon’s motion direction. Find the rest mass of the neutral particle 
(in MeV units). 

6.301. A neutral pion disintegrated during its flight into two 
gamma quanta with equal energies. The angle of divergence of 
gamma quanta is 0 = 60°. Find the kinetic energy of the pion and of 
each gamma quantum. 

6.302. A relativistic particle with rest mass m collides with 
a stationary particle of mass M and activates a reaction leading to 
formation of new particles: m + M ->■ m l + m 2 + . . where the 
rest masses of newly formed particles are written on the right-hand 
side. Making use of the invariance of the quantity E 2 — p 2 c 2 , dem- 
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onstrate that the threshold kinetic energy of the particle m required 
for this reaction is defined by Eq. (6.7c). 

6.303. A positron with kinetic energy T = 750 keV strikes a sta- 
tionary free electron. As a result of annihilation, two gamma quanta 
with equal energies appear. Find the angle of divergence between 
them. 

6.304. Find the threshold energy of gamma quantum required 
to form 

(a) an electron-positron pair in the field of a stationary electron; 

(b) a pair of pions of opposite signs in the field of a stationary 
proton. 

6.305. Protons with kinetic energy T strike a stationary hydrogen 
target. Find the threshold values of T for the following reactions: 

(a) p + P -+p + p + p +p; (b) p + p -+p + p + n°. 

6.306. A hydrogen target is bombarded by pions. Calculate the 
threshold values of kinetic energies of these pions making possible 
the following reactions: 

(a) + p -+K+ + 2-; (b) n° + p K + + A 0 . 

6.307. Find the strangeness S and the hypercharge 7 of a neutral 
elementary particle whose isotopic spin projection is T z — +1/2 
and baryon charge B = +1. What particle is this? 

6.308. Which of the following processes are forbidden by the law 
of conservation of lepton charge: 

(1) n -+p + e~ + v; (4) p + er -+n + v; 

(2) n + — >- |x + + e~ + e + ; (5) \i + + v + v; 

(3) n~ [x“ + v; (6) K~ -> \x~ + v? 

6.309. Which of the following processes are forbidden by the law 
of conservation of strangeness: 

(1) + p + A + ; (4) n + p A 0 + 2 + ; 

(2) n- + p ->2 + + K- ; (5) ar + n + S“ + A + + A~; 

(3) n- + p + K~ + n; (6) K~ + p ->Q" + A + + A 0 ? 

6.310. Indicate the reasons why the following processes are for- 
bidden: 

(1) 2- A 0 + n~; (4) n + p 2+ + A 0 ; 

(2) n~ + p^K+ + K~; (5) -> ja" + + e-, 

(3) K~ + n -vQ- + A + + A 0 ; (6) p- + v fi + V|l . 



ANSWERS AND SOLUTIONS 


1.1. v = l/2x = 3.0 km per hour. 

1.2. ( v > = 2 v 2 (v 1 + v 2 )/ (2v 0 + v 2 + v 2 ). 

1.3. At — x Y 1 — 4 (v)/wx = 15 s. 

1.4. (a) 10 cm/s; (b) 25 cm/s; (c) t 0 = 16 s. 

1.5. (r x — r 2 )/| r x — r 2 | = (v 2 — v x )/ 1 v 2 — v 2 |. 

1.6. v' = Y vl + v z -f 2v 0 v cos cp « 40 km per hour, <p' = 19°. 

1.7. u = 1,(1 . =3.0 km per hour. 

(l— ^A>' a r 1/2 - i 

1.8. t a /t b = ti/V "H 2 — 1 ~ L8. 

1.9. 9 - arcsin (1 /n) + n/2 — 1 20°. 

1.10. l = v 0 t Y 2 (1 — sin6) = 22 m. 

1.11. I = (v t + v 2 )Vv i v i /g — 2.5 m. 

1.12. t = 2a/3v. 

1.13. It is seen from Fig. la that the points A and B converge 
with velocity v — u cos a, where the angle a varies with time. The 




points merge provided the following two conditions are met: 

T T 

j (v— ucosa) dt — l, j v cos a at = ux, 

0 0 

where i is the sought time. It follows from these two equations that- 

T = Vl/(V* — U 2 ). 

1.14. x x — x 2 = / — wx (t -f- t/2) = 0.24 km. Toward the train 
with velocity V — 4.0 m/s. 

1.15. (a) 0.7 s; (b) 0.7 and 1.3 m respectively. 
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4 4ft t V 1 l 1 -\-V 2 l 2 j 

1.10« l m „ , o t 


vi+vl 


I \ 

Yvl+vl 


1.17. CD = U jA| 2 -l. 

1.18. See Fig. lfc. 

1.19. (a) ( v > — jiJ?/t = 50 cm/s; (b) |{v)| = 2Rfi = 32 cm/s; 
(c) |(w)| — 2nR/x 2 ■— 10 cm/s 2 . 

1.20.. (a) v = a(l — 2af), w = — 2aa = const; (b) At = 1/a, 
s = a/ 2a. 

1.21. (a) z = i; 0 <(l — f/2t), x =0.24, 0, and —4.0 m; 

| (l—t/2x)Vot for 


[1 4- (1 _ tlx) 2 -] v 0 tl 2 for t> t. 


(b) 1.1, 9 and 11 s; (c) 

24 and 34 cm respectively. 

1.22. (a) v = a 2 t/2, w = a 2 /2; (b) (v) — aYs/2. 

1.23. (a) s = ( 2 / 3 a)i?o /? ; (b) f = 2]/i> 0 /a. 

1.24. (a) y — — x 2 b/a 2 ; (b) v = ai — 2btj, w=—2bj, v = 

= Y a% -j- Ab 2 t 2 , w—2b\ (c) tan a = a/2bf, (d) (v) = ai — btj, |<v>| = 
= ]/ r a 2 + 5 2 f 2 . 

1.25. (a) y — x — x 2 a/a; (b) v = a ]/ 1 + (1 — 2af) 2 , w = 2aa — 
— const; (c) t 0 — 1/a. 

1.26. (a) s = ao)T; (b) n/2. 

1.27. v 0 — ]/ (1 + a 2 ) zW26. 

1.28. (a) r = v 0 f -f- gf 2 /2; (b) (v) t = 

= v 0 + gt/2, (v) = v 0 — g (v 0 g)/g 2 . 

1.29. (a) t = 2 (i> 0 /g) sin a; 

(b) A= (y„/2g) sin 2 a, l — (v 2 /g) sin 2a, 
a = 76°; 

(c) y — x tan a — (gl 2v\ cos 2 a) x 2 \ 

(d) R 1 = vl/g cos a, R 2 = (y 2 /g) cos 2 a. 

1.30. See Fig. 2. 

1.31. I = 8h sin a. 

1.32. 0.41 or 0.71 min later, depending on the initial angle. 

1.33. A f = IS- = 1 1 s. 

g cos 0 X -j- cos 0 2 

1 -34. (a ) x=(a/2v 0 ) y 2 ; (b) w = ai> 0 , w x = a 2 yl Y 1 + (ay/y 0 ) 2 ’ 

= ay 0 /K 1 + (ay/v 0 ) 2 . 

1.35. (a) y = (b/2a) x 2 \ (b) i? = v 2 /w n — v 2 /Y w 2 — «>t = 

= (alb) [1 + (xbla) 2 ] 212 . 

1.36. v=Y 2ax. 

1.37. w = a 1 + (4jot) 2 = 0.8 m/s 2 . 

1.38. (a) v = i? 0 /(l + w 0 f/Ji) = y n e-/«; (b) n>= }/2 t^/i?e 2 ‘/ R = 

= ]/ 2 y 2 /J7. 

1.39. tan a = 2s/i?. 

1.40. (a) Wq = a^ a> 2 /R — 2.6 m/s 2 , z£> a = a© 2 = 3.2 m/s 2 ; (b) w min — 
= aco 2 V 1 — (R/2a) 2 = 2.5 m/s 2 , / m = ± a l^l - i? 2 /2a 2 = ± 0.37 m. 
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p= 


1.41. R = a 3 /2bs, u> = a/l + (45s 2 /a 3 ) 2 . 

1.42. (a) w = 2au *, R = V 2 a; (b) w — bv 2 /a z , R = a 2 lb. 

1.43. v = 2 i?© = 0.40 m/ s, w = 4i?co 2 = 0.32 m/s 2 . 

1.44. = (y/f) /l + 4a 2 < 4 = 0.7 m/s 2 . 

1.45. a) = 2nnvfl = 2.0 • 10 3 rad/s. 

1.46. (a) (a)> = 2a/3 = 4 rad/s, (P) = Y3ab — 6 rad/s 2 ; (b) 

= 2/3ob = 12 rad/s 2 . 

1.47. < = ,/(4/a) tana = 7 s. 

1.48. (a)) = (o 0 /3. 

1.49. (a) q> = ( 1 — e-°*) c o 0 /a; (b) co = (D 0 e- af . 

1.50. (D z = ±K^2p 0 sincp, see Fig. 3. 

1.51. (a) y = v 2 /$x (hyperbola); (b) j/ = /2u>x/cd (parabola). 

1.52. (a) w A = v 2 /R = 2.0 m/s 2 , the 
vector w A is permanently directed to the 
centre of the wheel; (b) s — 8R = 4.0 m. 

1.53. (a) v A — 2wt = 10.0 cm/s, 

= Y~2 wt ~l_A cm/s, v 0 = 0; (b) 

= 2«>/l 4- (wt 2 /2R) 2 = 5.6 cm/s 2 , 

= w Vi + (1 -wNW = 2.5 cm/s 2 , 

= w 2 t 2 /R - 2.5 cm/s 2 . 

1 .54. i? A = 4r, Rs = 2/2 r . 

1.55. co = /coj + co 2 = 5 rad/s, P = (Di(D 2 = 12 rad/s 2 . 

1.56. (a) ca = at ]f \ + (b//a) 2 = 8 rad/s, 

= 1.3 rad/s 2 ; (b) 17°. 

1.57. (a) <jb = vfR cos a = 2.3 rad/s, 60°; 

= 2.3 rad/s 2 . 

1.58. (D = (D 0 /l + (Po iC /c<)o) 2 = 0.6 rad/s, P = Po/l~t-(D 2 £ 2 = 
= 0.2 rad/s 2 . 

1.59. Am = 2mwl(g + w). 

1.60. w = T= - { \± k)m ^-m 2 g. 



Fig. 3. 

Is 2 . 

P = a /I + (2 bt/a) 2 = 
(b) p = (v/R) 2 tan a = 


(no-t-OTj + nia ^ 

161 (a) F = — hit COS a 


m 0 + m 1 + m 2 

; (b) tan a 


felOTi + fe 2 m 2 

OTj + m 2 


1.62. k = [(tf - l)/(r) 2 + 1)] tan a = 0.16. 

1.63. (a) m 2 /m x > sin a + k cos a; (b) m 2 /m 1 < sin a — A: cos a; 
(c) sin a — k cos a < m 2 lm x < sin a + A; cos a. 

1.64. w 2 = g (r] — sin a — k cos a)/(r) -f- 1) = 0.05 g. 

1.65. When t t 0 , the accelerations w x = w 2 = at/(m 1 + m 2 )] 
when f >• f 0 u?x = kgm 2 /m x , w 2 — (at — km 2 g)/m 2 . Here 
= kgm 2 (m x + m 2 )/am. See Fig. 4. 

1.66. tan 2a = — 1/A;, a = 49°; t min = 1-0 s. 

1.67. tanP = Ar; r min = /»g(sina + A;cosa)/}/l + A; 2 . 

. co /_\ .. mg 2 cos a m 2 g 3 cos a 

L68 ’ ^ ~ 2o sin 2 a » < b > S = 6««sin»« - 


<o = 


1 .69. v = Y (2g/3a) si n a. 
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1.70. i = V2H{Zw+kg). 


1.71. (a) w ( = 


K-%) g + 2m ii w 0 


w. 


Wlj — 777 2 

< b > 

1.72. w = 2g (2t| — sina)/(4ri-(- 1). 

I 7 Q w ..... 4w 1 w 8 +.m t (wi-w,) 

1.74. F /r = 2 lmMI(M - m) i 2 . 

1.75. 7 = V 21 (4 + r))/3g (2 — T|) = 1.4 s. 

1.76. H = 6At| / (r| + 4) = 0.6 m. 



m 3 — m 2 

W7t + 


(g- w 0 ); 



Fig. 5. 


1.77. w A = g/( 1 ~h il cot 2 a), iv B = g /( tan a + ri cot a). 

1.78. w = g V 2/(2 + k + M/m). 


1.79. 

1.80. 
1.81. 

1.82. 


Vmin = g (1 — fe)/(l + k). 
iv max = g (1 + A: cot a)/(cot a — /c). 
iv = g sin a cos a/(sin 2 a mi/m 2 ). 
mg sin a 


w 


M +2m (1 — cos a) 


1.83. (a) |(F)j = 2 V 2 mvVnR; (b) |(F>| = mu> x . 

1.84. 2.1 , 0.7 and 1.5 kN. 


1.85. (a) w — gY 1 + 3 cos 2 0, _ T = 3mg cos 0; 
(b) T = mgV 3; (c) cos 0= l/y3, 0-54.7°. 


1.86. « 53°. 

1.87. 0 = arccos (2/3) « 48°, v = V 2gR/3. 

1.88. e = l/(x/mo) 2 — 1). Is independent of the rotation di- 
rection. 

1.89. r = RI 2, v max ='/ 2 VkgR. 

1.90. s = V 2 /? V {kglwx)* — 1 = 60 m. 

1.91. &g/a. 

1.92. T = (cot 0 + to 2 i?/g) mgl2n. 

1.93. (a) Let us examine a small element of the thread in contact 
with the pulley (Fig. 5). Since the element is weightless, dT = 
= dF fr = k dF n and dF n = T da. Hence, dTIT = k da. Integrat- 
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ing this equation, we obtain k •= (In ti 0 )/ji; (b) w — g — ti 0 )/(t| -f r| 0 ). 

1.94. F — (mv 2 JR) cos 2 a. 

1.95. F= — /mo 2 r, where r is the radius vector of the particle 
relative to the origin of coordinates; 

F — toco 2 V x 2 + y 2 . 

1.96. (a) Ap = mgt\ (b) | Ap | = 

= — 2m(v 0 g)/g. 

1.97. (a) p = at 3 /6; (b) s = 

= ax i H2m. 

1.98. s = (co t — sin cot) FJm<a 2 , 
see Fig. 6. 

1.99. t = ji/co; s = 2F 0 /toco 2 ; 

Vmax = F 0 /ma>. 

1.100. (a) v = v 0 e~ tr / m , t -*■ oo; 



= ( C ) (v) = v 0 


•n— t 


1.101. t = 


h In rj ' 
h(v 0 — v) 


1 . 102 . 


v 0 v In (vjv) 
2 

s = — tan a, 


-/f 


sin a tan a 


Instruction. To reduce the equation to the form which is convenient 
to integrate, the acceleration must be represented as dvldt and then 
a change of variables made according to the formula dt — dx/v. 

1.103. s = */ 6 a (t — t 0 ) 3 lm , where t 0 = kmg/a is the moment 
of time at which the motion starts. At t Q the distance is s = 0. 


1.104. v r — VqI J/"l + kv 2 J mg. 

1.105. (a) v — (2F/mco) | sin (co£/2)|; (b) As = 8/'7ra(o 2 , (v) = 

= iFhvna). 


1.106. v = v 0 l( 1 -f cos cp). Instruction. Here w x = — w x , and 
therefore v = — v x + const. From the initial condition it follows 
that const = v Q . Besides, v x = v cos <p. 

1.107. w = [1 — cos (l/R)] RgU. 

1 . 108. (a) v = Y^2gRj3‘, (b) cos 0„ = , where r] = 

= w 0 /g, 0 O « 17°. 

1.109. For n <1, including negative values. 

1.110. When co 2 /? > g, there are two steady equilibrium posi- 
tions: 0 X — 0 and 0 2 = arccos (g/co 2 /?). When o ) 2 i? < g, there is 
only one equilibrium position: 0 t — 0. As long as there is only one 
lower equilibrium position, it is steady. Whenever the second equi- 
librium position appears (which is permanently steady) the lower 
one becomes unsteady. 

1.111. h zz (c ds 2 lv) sin cp - 7 cm, where co is the angular veloc- 
ity of the Earth’s rotation. 


1.112. F-mKg 2 + coV 2 + (2 i/cd) 2 = 8 N. 

1.113. F cor - 2mco 2 r V 1 + ¥o lor) 2 -2.8 N. 


1.114. (a) w' = co 2 /?: (b) F in = ro(D 2 r]/ (2-R/r) 2 — 1. 

1.115. F c , = m© 2 i?y 5/9 = 8 N, /’ cor = 2 / i m(o 2 i?V 5+8^/3co 2 i? = 
= 17 N. 

1.116. (a) F = 2mi;o) sin <p = 3.8 kN, on the right rail; (b) 
along the parallel from the east to the west with the velocity v = 

= — d)R cos q> « 420 km per hour. Here to is the angular rotation 

velocity of the Earth about its axis, R is its radius. 

1.117. Will deviate to the east by the distance xfv 

« ~ d)h y r 2h/g = 24 cm. Here © is the angular velocity of the 

O 

Earth’s rotation about its axis. 

1.118. A = F (r 2 — r 2 ) = -17 J. 

1.119. A = maH 2 l8. 


1.120. F = 2as ]/ 1 - 4 - ( sIR ) 2 . 

1.121. A = mg Qi + kl). 

1.122. A = —kmgll( 1 — k cot a) = —0.05 J 

1.123. F min - (/% mj 2) kg. 

1.124. A = -(1 - T)) r\mgl/2 = -1.3 J. 

1.125. (P) — 0, P — mg ( gt — n 0 sin a). 

1.126. P — mRat, ( P ) = mRat/2. 

1.127. (a) </>> = — kmgv 0 /2 = -2W; (b) P max = -V 2 mi; 2 y «g- 

1.128. .4 = V 2 m© 2 (r 2 — r 2 ) = 

= 0.20 J. 

1.129. A min = V 2 /c(AZ) 2 , 
where A; = k x kj(ki + & 2 ). 

1.130. A = Smg/Aa, AU = 

= mgl2a. 

1.131. (a) r 0 = 2a/b, steady; a 
(b) F max = b 8 /27a 2 , see Fig. 7. 

1.132. (a) No; (b) ellipses 
whose ratio of semiaxes is alb = 



= yp/a; also ellipses, but with 


alb — p/a. 

1.133. 

1.134. 

1.135. 

1.136. 

1.137. 

1.138. 

1.139. 


The latter field is potential. 
s — v\!2g (sin a + k cos a), A = 
h = HI2; s max = H. 
v = y 3 Vgm. 
v mt n = V5gP, T = 3mg. 
t = llJ2v 0 R. 

A l = (t + Vi + 2 kl/mg) mg/k. 


Fig. 7. 


—mx?Jkl2{k + tan a). 


1.140. v~y 19g/ 0 /32 = 1.7 m/s. 

UM.A-SP ,, lc 8+7*7. ») cii8 - 0 - 09 '• 

1.142. yl = x/ 2 ti (1 + t|)/2(1 — ti) 2 , where ti = m© 2 /x. 

1.143. w c = g {irii — tnifUph + m 2 ) 2 . 

1.145. r = (g/© ? ) tan 0 = 0.8 cm, T — mg! cos 0 = 5 N. 


2S« 


(b) (o < 


1.146. (a) F /r = mg[sina 4 (a> 2 //g) ccs a] = 6 N. 

<V g(& — tana)/J(l 4 A: tan a) = 2 rad/s. 

1.147. (a) V = {m 1 y 1 4 m 2 v 2 )/(mj. 4 m 2 )\ (b) T = p (v x — 
— v 2 ) 2 /2, where jx = m 1 m 2 (m x 4 m 2 ). 

1.148. E = E 4 mV 2 /2. 


1.149. E — p (v\ + u 2 )/ 2, where p = mim 2 /(m 1 4 m 2 ). 

1.150. p = p 0 4 mgi, where p 0 = my 1 4 m 2 v 2 , m — mi 4 m 2 ; 
r c = v 0 * 4 gt 2 /2, where v 0 = (^iVj 4 mjVj,)/^ 4 m 2 ). 

1.151. v c - xVxm 2 /(m 1 4 m 2 ). 

1.152. (a) l ma x = "H Flw., l m in — lo< (b) Imax — Iq ~b 

4 2m 1 F/y. (mi 4 m 2 ), l min = Z„. 

1.153. (a) A l > 3 mg/x; (b) A = (l + xA Hmg) 2 mg/8n — 8mg/x. 

1.154. v x = —my/(M — m), v 2 = My/(M — m). 


1.155. v r£ar = v 0 - 


'jW4m U; 

1.156. (1) v, = -^u; 
n 2 /ni = 1 4 m/2(M + m)>l. 


V/orm = Vo4- 
(2) v 2 = 


mM 

(Jlf + m) 1 ’ 1, 

m (2M 3m) 

(Jlf + m) (M + 2m) 


U, 


1.158. Ap = mV2gh (rj l)/(rj — 1) = 0.2 kg-m/s. 

1.159. (a) 1= — jiTXZT l'i (b) F= mM dv ' 


M 4m 

1.160. 1 = mVI2M. 


Jlf + m d£ 


1.161. x = (p cos a — MY^gl sin a)/Mgsina. 

1.162. (a) v = (2M/m) Y~gl sin (0/2); (b)r]«l -m/M. 

1.163. h = Mv 2 l2g (M 4 m). 

1.164. (1) A = — pg/i, where p = mM/(m 4 M); (2) Yes. 

1.166. v = l.Oi 4 2.0j — 4.0k, v « 4.6 m/s. 

1.167. AT = — p (v x — v 2 ) 2 /2, where p = mi/n J /(m. 1 4 m 2 ). 

1.168. (a) q = 2m 1 l(m 1 4 m 2 ); (b) r\ = 4 m 1 m 2 /(m 1 4 m 2 ) 2 . 

1.169. (a) m x /m 2 = 1/3; (b) m^/m^ = 1 4 2 cos 6 = 2.0. 

1.170. r\ = V 2 cos 2 <x = 0.25. 


1.171. »mo* = »(l+ V2 (11 — 1)) = 1.0 km per second. 

1.172. Will continue moving in the same direction, although 
this time with the velocity v' = (1 — V 1 — 2tj) v/2. For T] <§C 1 the 
velocity v' fvt\v/2 = 5 cm/s. 

1.173. A TIT = (1 4 mIM) tan 2 0 4 mIM — 1 =- —40%. 

1.174. (a) j p = pyu 2 4n 2 2 ; (b) T = V 2 p (i>* 4 »J). Here p = 

= m 1 m 2 / (mi 4 m t) • 

1.175. sin Q max = m 2 hn x . 

1.176. v' = —v (2 — t) 2 )/(6 — if). Respectively at smaller tj, 
equal, or greater than V 2. 

1.178. Suppose that at a certain moment t the rocket has the 
mass m and the velocity v relative to the reference frame employed. 
Consider the inertial reference frame moving with the same velocity 
as the rocket has at a given moment. In this reference frame the 
momentum increment that the system “rocket-ejected portion of gas” 
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acquires during the time dt is equal to <2p = m dw + \i dt*u = F dt. 
What follows is evident. 

1.179. v = — u In ( m 0 lm ). 

1.180. m = m<p- wi l u . 

1.181. a = (u/v 0 ) In ( mjm ). 

1.182. v — — In — - , w = — — - 

1.183. v = ¥tlm Q (i + pi/tfi 0 ), w = F/m 0 (i + \xt/m 0 ) 2 . 

1.184. v — ]/ 2gh In (l/h). 

1.185. N = 2b Yaib. 

1.186. M — i / z mgv 0 t 2 cos a; M = ( mv 3 J2g ) sin 2 a cos a — 

= 37 kg-m 2 /s. 

1.187. (a) Relative to all points of the straight line drawn at 
right angles to the wall through, the point O; 

(b) | AM | — 2 mvl cos a. 

1.188. Relative to the centre of the circle. 

| AM | = 2 V 1 - (f/o) 2 /) 2 mgl/(o. 

1.189. | AM | = hmV. 

1.190. M = nuovlt 2 . 

1.191. m = 2kr\!v\. 

1.192. v 0 = |/2gZ/cos 0. 

1.193. F ~ wcoM/r 3 . 

1.194. M z = Rmgt. 

1.195. M — Rmgt sin a. Will not change. 

1.196. M' = M — [r 0 p]. In the case when p = 0, i.e. in the 
frame of the centre of inertia. 

1.198. M — i l 3 lmv 0 . 

1.199. e max & mvl/Kl 2 0 . The problem is easier to solve in the 
frame of the centre of inertia. 

1.200. T — 2nyMiv 3 = 225 days. 

1.201. (a) 5.2 times; (b) 13 km/s, 2.2* 10~ 4 m/s 2 . 

1.202. T = nYff + R) 3 /2yM. It is sufficient to consider the 
motion along the circle whose radius is equal to the major semi-axis 
of the given ellipse, i.e. (r + R)l 2, since in accordance with Kepler’s 
laws the period of revolution is the same. 

1.203. Falling of the body on the Sun can be considered as the 
motion along a very elongated (in the limit, degenerated) ellipse 
whose major semi-axis is practically equal to the radius R of the 
Earth’s orbit. Then from Kepler’s laws, (2t IT) 2 — l(R/2)/R] 3 , 
where t is the falling time (the time needed to complete half a revo- 
lution along the elongated ellipse), T is the period of the Earth’s 
revolution around the Sun. Hence, t = 774j/lj == 65 days. 

1.204. Will not change. 

1.205. I = M (772jt) 2 . 

1.206. (a) U = — vm,m 2 /r; (b) C/= ln(l + f/a); 

F = ymM/a (a + l). 
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1.207. M — mY 2ym s r l r 2 /(r 1 +r 2 ), where m s is the mass of 
the Sun. 

1.208. E = T + U — — ymm s /2a, where m s is the mass of 
the Sun. 

1.209. r m — t, [ 1 d: V 1 — (2 — t])tism 2 a], where tj = 

— r o v V ym s , m s being the mass of the Su n. 

1.210. r mln ~(ym s /vl) [V t + (lvl/ym s ) 2 — 1], where m s is the 
mass of the Sun. 

1.211. (a) First let us consider a thin spherical layer of radius p 
and mass 8M. The energy of interaction of the particle with an ele- 
mentary belt 8S of that layer is equal to (Fig. 8) 

dU = — y ( m8M/2l ) sin 0 dQ. (*) 

According to the cosine theorem in the triangle OAP Z 2 = p 2 -f- 
-f- r 2 — 2pr cos 0, Having determined the differential of this expres- 
sion, we can reduce Eq. (*) to the form that is convenient for integ- 
ration. After integrating over the whole layer we obtain 8Z7 = 

— — ym 8M/r. And finally, integrating over all layers of the sphere, 
we obtain U — — ymM/r ; (b) F r = — dUldr — — ymM/r 2 . 




Fig. 9. 


1.212. First let us consider a thin spherical layer of substance 
(Fig. 9). Construct a cone with a small angle of taper and the vertex 
at the point A. The ratio of the areas cut out by the cone in the layer 
is dSi : dS 2 = r\ : r\. The masses of the cut volumes are proportion- 
al to their areas. Therefore these volumes will attract the particle A 
with forces equal in magnitude and opposite in direction. What 
follows is obvious. 


1.213. A = ~ 3 l 2 ymM/R. 

f — (yM/R 3 ) r for r^.R, 

1.214. G={ 

l — (yM/r 3 ) r for r^R; 
j ~ 3 / 2 (l-rV3R 3 )yM/R for 

<P— I — yM/r for r^R. See Fig. 10. 

1.215. G = — ‘/gjiypl. The field inside the cavity is uniform. 

1.216. p — 3 / 8 (1 — r^/R^yM^/nR*. About 1.8* 10® atmospheres. 


19—9451 
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1.217. (a) Let us subdivide the spherical layer into small ele- 
ments, each of mass 5 m. In this case the energy of interaction of 
each element with all others is 8U = —ym 8m/ R. Summing over all 



elements and taking into account that each pair of interacting ele- 
ments appears twice in the result, we obtain U ~ —vm 2 /2R; 

(b) U = — 3ym 2 /5R. 

, 0 , 0 ^ 2ji r 3 / 2 / 4.5 days (6 = 0), 

1.^18. ^3Ar /2 r+6~1 0.84 hour (6 = 2). 

1.219. w 1 : w 2 : w 3 = 1 : 0.0034 : 0.0006. 

1.220. 32 km; 2650 km. 

1.221. h = RI(2gRM - 1). 

1.222. h = R ( gRh ? - 1). 

1.223. r = jYyM(T/2n) 2 =4.2-10 4 km, where M and T are the 
mass of the Earth and its period of revolution about its own 
axis respectively; 3.1 km/s, 0.22 m/s 2 . 

1.224. M = (4n 2 /? s /y7 12 ) (1 + Tlxf = 6-10 24 kg, where T is 
the period of revolution of the Earth about its own axis. 

1.225. i/=-^ + j/^- = 7.0 km/s, «>' = ^-(l+-^x 

X ]/" -^j) =4.9 m/s 2 . Here M is the mass of the Earth, T is its 

period of revolution about its own axis. 

1.226. 1.27 times. 

1.227. The decrease in the total energy E of the satellite over the 
time interval dt is equal to —dE = Fv dt. Representing E and v as 
functions of the distance r between the satellite and the centre of the 
Moon, we can reduce this equation to the form convenient for integ- 
ration. Finally, we get t « (V^r) — 1) m/aYgR 

1.228. Vi = 1.67 km/s, v 2 = 2.37 km/s. 

1.229. Av = YWTR (1-/2) = -0.70 km/s, where M and R 
are the mass and the radius of the Moon. 


1.230. Av = Y gR (Y2 — 1) = 3.27 km/s, where g is the stan- 
dard free-fall acceleration, R is the radius of the Earth. 

1.231. r — nR/(i-\- Y^ — 3.8 -10 4 km. 
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1.232. A « ym (M^R-^ + MJR Z ) = 1.3«10 8 kJ, where M and 
R are the mass an d the radius of the E arth and the Moon. 

1.233. v 3 faV 2v\ + (]/ 2 — l) 2 V\ « 17 km/s. Here v\ = 
= yM E IR, M E and R are the mass and the radius of the Earth; 
y~ = yM s /r, M s is the mass of the Sun, r is the radius of the 
Earth’s orbit. 

1.234. I = 2 aFJmw = 1.0 m. 

1.235. N — (aB — 6+)k, where k is the unit vector of the z 
axis; l=\aB — bA | IV A 2 + B 2 . 

1.236. l=\aA-bB\/VA 2 + B 2 . 

1.237. F Tes = 2 F. This force is parallel to the diagonal AC and 
is applied at the midpoint of the side BC. 

1.238. (a) 7 = 1 / 3 mZ*; (b) 7 = % m ( a 2 + b*). 

1.239. (a) 7 = V 2 np57? 4 = 2.8 g.m 2 ; (b) I = 3 / l0 mR *. 

1.240. 7 = l UmR 2 . 

1.241. 7 = (37/72) m7? 2 = 0.15 kg.m 2 . 

1.242. 7 = */, m7? 2 . 

1.243. (a) a = gt/7? (1 + Ml 2m ) ; (b) T — mg 2 Z 2 /2(l + Ml2m). 

1.244. I = Vafftg, ire 0 , = gmr 2 /I. 

1.245. w = l/6Fsin«p/mZ. 

1 246 6 1 m t —m x [g — 

l.^o. P_ (m 1 +m 2 + m/2) It * r, 

1.247. 

171 -|- 2 (fTlj -f- 771 j) 

1.248. re = (1 + A 2 ) co„7//8nA: (7 + 1) S- 

1.249. t = 3 U(dR/kg. 

1.250. (co) = Vaffio- 

1.251. p = 2 mgx/Rl (M -f- 2m). 

1.252. (a) k > 2 / 7 tan a; (b) T = 6 1 14 mg 2 * 2 sin 2 a. 

1.253. (a) T = */ 5 mg = 13 N, p = z / 3 g/7? - 5*10 2 rad/s 2 ; 
(b) P = 2/ s mg 2 *. 

1.254. w' = 2 / 3 (g - w 0 ), F = V 3 m (g - w 0 ). 

1.255. ire = g sin o/(l -+- 7/mr 2 ) = 1.6 m/s 2 . 

1.256. F mo * = 3kmgl (2 - 37); ire mos = 27g/(2 - 37). 

1.257. (a) ; (b) A ~ • (cos a r/R) 2 

1.258. T = l / 10 mg. 

1.259. w = 3g (M + 3m) I (M + 9m + 7/7? 2 ). 


7\ m t (m+4m 2 ) 

m t (m+4m,) 


2m (1 + 7) 


1.260. 

1.261. 

1.262. 

1.263. 

1.264. 


F (3m t +2m 2 ) . 
i»i (mi + m 2 ) 

ire 7 = F/(m! + 2 / 7 m 2 ); 


(a) ire= 


(b) T- 


ire, = z / 7 re>. 


f 2 < a (3m 1 +2m,) 
2m,(m, + m l ) * 


(a) * = V, (O 0 7?/7g; (b) + = — ‘/ 6 ma)J7Z 2 . 


© = / I0g (7? + r)/17r 2 . 
v 0 = V l /zgR (7 cos a — 4) = 1.0 m/s. 

1.265. u 0 = l/8gF. 

1.266. T = mre 2 . 

1.267. T = 7 / 10 mre 2 (1 + 2 / 7 r 2 /T? 2 ). 
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1.269. N = V 24 ma 2 / 2 sin 20. 

1.270. cos 0 = 3 / 2 g/a 2 /. 

1.271. Ax = V 2 ka. 

1.272. v’ = (a 0 l/Y 1 + Sm/M. 

1.273. F = */ 2 JVml = 9 N. 

(b)F- 


8Afr* 




1.275. (a) n = (71//m) V 3 g/ sin (a/2); 

(b) Ap = M Y 1 legl sin (a/2); (c) x« 2 / 3 /. 

1.276. (a) a = (1 + 2m/Af) co 0 ; (b) A = V 2 mco=fl 2 (1 -f 2m/M). 

(a) <J> = -o^T<P'; (b) 


1.277. 

1.278. 

1.279. 


(a) a 


2ji»i + tfij 

/i^i +/,<», 


/i+/ t 

= V (4 — r|)/(4 -f 11), 


(b) A = 


2/n j -j- 771^ 

(®i— 


* 


a 


2 (/j + /,) 

= 12n// (4 -f t|) 


For r| = 4 

V 2 7Sco*/(Z + / 0 ), A 

180° “ 2/>S//; (b) 


V 

and T] > 4. 

1.280. (a) A 90 . 

= P 0 <*V(I + /«)• 

1.281. a^V^/Z^e.O rad/s; F^mgljl ^ 25 N. 


/V = 


V 12 ma/ 2 sin 0, Af* = A/ sin 0. (b) | AM | = 
(c) N = 1 / 24 ma*/ a X 



1.282. (a) M 
— 1 l l2 m(S)l i sin 20; 

Xsin 20. 

1.283. (a) a' = mglUa = 0.7 rad/s; 

(b) F = nuo' 2 l sin0 = 10 mN. See Fig. 11. 

1.284. io = (g + w) 1/nnR 2 = 3x 

X 10 2 rad/s. 

1.285. a' = mlVg 2 + w 2 /I(a 
= 0,8 rad/s. The vector a' forms the 
angle 0 = arctan (wig) = 6° with the ver- 
tical. 

1.286. F' = z / 5 mR 2 u)(S)'ll = 0.30 kN. 

1.287. F max = jww 2 <p m a//2 r ’=0.09kN. 

1.288. N = 2j xnlv/R - 6 kN*m. 

1.289. F a(J(J = 2nnIv/Rl = 1.4 kN. The force exerted on the 
outside rail increases by this value while that exerted on the inside 
one decreases by the same value. 

1.290. p = aEAT = 2.2»10 s atm, where a is the thermal expan- 
sion coefficient. 

1.291. (a) p « a m A r/r = 20 atm; (b) p « 2o m A r/r = 40 atm. 
Here o m is the glass strength. 

1.292. n — V 2cr m /p/n/ = 0.8 • 10 2 rps, where a m is the tensile 
strength, and p is the density of copper. 

1.293. n — V o m /p/2nR = 23 rps, where 
strength, and p is the density of lead. 

1.294. x s» l ^mg/2n d?E = 2.5 cm 

1.295. e = l l 2 F 0 IES. 


is the tensile 


1.296. T = t / 2 ma> 2 l (1 — r 2 /i 2 ), A l = */ 3 p<s> 2 l 3 IE, where p is 
the density of copper. 

1.297. AV'= (1 — 2pl = 1.6 mm 3 , where p is Poisson’s 
ratio for copper. 

1.298. (a) A l = ‘/ 2 p gl 2 lE; (b) AVIV = (1 — 2p) AlH, where p 
is the density, and p is Poisson’s ratio for copper. 

1.299. (a) AVIV = -3 (1 - 2p) p/E; (b) p = 3 (1 - 2p )/E. 

1.300. R = 1 / 6 Eh 2 /pgP = 0.12 km, where p is the density of 
steel. 

1.301. (a) Here N is independent of x and equal to N 0 . Integrat- 
ing twice the initial equation with regard to the boundary condi- 
tions dyldx (0) = 0 and y (0) = 0, we obtain y = (NJ2EI) x 2 . This 
is the equation of a parabola. The bending deflection is X = 
= N 0 PI2EI, where I = a* 1 12. 

(b) In this case N (x) = F (l — x) and y = (FI2EI) ( l - x/3) x 2 ; 
X = FPI3EI, where I is of the same magnitude as in (a). 

1.302. X = FPIA8EI. 

1.303. (a) X = 3 / 2 p gl*IEh 2 \ (b) X = 6 / 2 p gP/Eh 2 . Here p is the 
density of steel. 

1.304. X — ®/ 5 Pp l 6 1 Eh?, where p is the density of steel. 

1.305. (a) <p = (ll2nr 3 A rG)-N; (b) q> = (2 llnr*G)-N. 

1.306. N = n (d\ - d\) Gy/321 = 0.5 kN-m. 

1.307. P = % nr*G(pw = 17 kW. 

1.308. N = */, P m (r* - /-^/(r 2 - r 2 ). 

1.309. U = l l 2 mE£ 2 l p = 0.04 kJ, where p is the density of steel. 

1.310. (a) U = i / 6 nr 2 l 3 p 2 g 2 IE; (b) U — 2 / 3 nr 2 lE (All l) 2 . Here p 
is the density of steel. 

1.311. A « i/ e n 2 h&E/l = 0.08 kJ. 

1.312. U = V 4 n r*G<p 2 /l = 7 J. 

1.313. u = V 2 Gy 2 r 2 /P. 

1.314. u = V 2 p (pgh) 2 = 23.5 kJ/m 3 , where p is the compressi- 
bility. 

1.315. Pi> p 2 , Vi </v 2 . The density of streamlines grows on 
transition from point 1 to point 2. 

1.316. <? = 5 1 5 2 V2gAA/(5 2 -5 2 ). 

1.317. <? = S ]/2gAAp„/p. 

1.318. v = Y 2g (hi + A 2 p 2 /pj) = 3 m/s, where p 4 and p 2 are the 
densities of water and kerosene. 

1.319. h = 25 cm; l max = 50 cm. 

1.320. h = V 2 v 2 lg — h 0 — 20 cm. 

1.321. p = p 0 + pgh (1 — R\lr 2 ), where i? 3 <r <i? 2 , p 0 is the 
atmospheric pressure. 

1.322. A = 1 1 2 p V 3 1 s 2 t 2 , where p is the density of water. 

1.323. x = YWt g S/s. 

1.324. v = <ahY2l/h — l. 

1.326. F = 2pgS Ah = 0.50 N. 

1.327. F - pgbl (2 h — l) = 5 N. 
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1.328. N = plQVni* = 0.7 N«m. 

1.329. F = p gh ( S — s)VS = 6 N 

1.330. (a) The paraboloid of revolution: z = (co 2 /2 g) r 2 , where z 
is the height measured from the surface of the liquid along the axis 
of the vessel, r is the distance from the rotation axis; (b) p — p 0 -f- 
+ V 2 pc oV 2 . 

1.331. P = n^aW/h = 9 W. 


= bni)lv 0 i (d) A p — 4 j]lv 0 /R 2 . 

1.335. The additional head Ah = 5 cm at the left-hand end of 
the tube imparts kinetic energy to the liquid flowing into the tube. 
From the condition p uV2 = pgAh we get v — y r 2g — 1.0 m/s. 


1.340. v = c]/tj(2 — tj) = 0.1c, where c is the velocity of 
light. 

1.341. (a) P^a/l + lA-Sp 2 ); (b) P = a (V 1 -p 2 + yT^p 2 ). 
Here p = Vic. 

1.342. l 0 = l K(4-P 2 sin 2 0)/(l — P 2 ) = 1.08 m, where £ = vie. 

1.343. (a) tan 0' = -^==-. Hence 0' = 59°; (b) S = 

v ' y l— ' ' 

— Sq 1 — pcos 2 0 = 3.3 m 2 . Her e $ — v/c. 

1.344. u = c]X =0.610* m/s. 

1.345. l 0 = cAt' V 1 - (At/AQ 2 = 4.5 m. 

1.346. s = cAt V 1 — (A y At) 2 = 5 m. 

1.347. (a) Ai 0 = (^/f) 1 — (z^/c) 2 = 1.4 ps; 

(b) r = /Kl-(iVc) 2 = 0.42 km. 

1.348. l Q = v AtlY 1 — (f/c) 2 — 17 m. 

1.349. Z 0 = lAAa^Aa^ = 6.0 m, v = c\ r l — Ax l fAx 2 —2.2-10 9 m/s. 


1.351. The forward particle decayed At = /p/c (1 — P 2 ) = 20 ps 
later, where fl = vie. 



1.336. e“Ax = 5. 

1.337. Vo = v, — — — = 5 um/s. 



sities of glycerin and lead. 


1.339. Inn = 0.20 s. 



1.352. (a) J 0 = 


ttA — X B — v ip A — *b) . 
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(b) t A —t B = (\ — Vi — (v/c) 2 )l g /v or t B — f A =(l+l/l — (v/c) 2 )l 0 /v. 

1.353. (a) t(B) = l 0 /v, f (£') = (Z 0 /p) /l-(Wc) 2 ; (b) t(A) = 

= (Vi>) / 1 - ( vie) 2 , t (A') = l 0 /v. 

1.354. See Fig. 12 showing the positions of hands “in terms of K 
clocks”. 

■ 000 ®®® 0 -*' 

Fig. 12. 


1.355. i = (l-01 -P 2 )c/p, where p = F/c. 

1.356. It should be shown first that if At = t 2 — t 2 >• 0, then 

At' = t; — *; > o. 

1.357. (a) 13 ns; (b) 4.0 m. Instruction. Employ the invariance 
of the interval. 


1.358. 

1.359. 
= 0.91c. 


, Y(vx-V)*+vl(l-V*lc*) 

V ~ i—v x Vlc* 

(a) v = v x + v 2 = 1.25c; (b) v = (v r + v 2 )/(i + v 1 vjc*) = 


1.360. I = l 0 (1 — P 2 )/(l + P 2 ), where p = vie. 

1.361. v — Vvl + v 2 2 — (vm/c 2 ). 


1.362. 



(1 — P*) (1 — v'*!e*) * 


where p = F/c. 


1.363. tan 0' 


Vi— P 2 sin0 
cose— Vic ’ 


where p = F/c. 


1.364. tan 0 = v'VIc 2 0 1 - (F/c) 2 . 

1.365. (a) w' =w(i — p 2 ) 3 / 2 /( 1 - pu/c) 3 ; (b) m' = m (1 - p 2 ). 
Here p = F/c. 

1.366. Let us make use of the relation between the acceleration 
w' and the acceleration w in the reference frame fixed to the Earth: 


w' = (1 — v 2 /c z ) 


- 3/2 do 

dt 


This formula is given in the solution of the foregoing problem 
(item (a)) where it is necessary to assume F = v. Int egrating the 
given equation (for w' — const), we obtain v = w't/V 1 + ( w'tlc ) 2 . 


The sought distance is l = (01 + (w'tlc) 2 — 1) c 2 /iz/ = 0.91 light- 
year; (c — v)/c = 1/2 ( clw't ) 2 = 0.47%. 


1.367, Taking into account that v = + (w't/c) 2 , we get 


-I 


dt 

/l + (u>'t/c)» 

1.368. m/m 0 « 1/V^ 2 (1 


_i. In + "\/~ 1 + ( ) 2 J = 3.5 months. 


-P) « 70, where p = n/c. 

1.369. v = c]/V| (2 -f- t|)/(l -f- rj) = 0 . 6 c, where c is the velocity 
of light. The definition of density as the ratio of the rest mass of a 
body to its volume is employed here. 

1.370. (c — v)Jc = 1 — [1 -f- ( m 0 c/p) 2 ]~y 2 = 0.44%. 


1.371. v = (c/r\) Vrf— 1 = 'hcYS- 

1.372. A — 0.42 m 0 c 2 instead of 0.14 mg c 2 . 


1.373. v = V 2 c]/3 = 2.6 -10 s m/s. 

1.374. For e <g; 1 the ratio is Tlm 0 c z 4 / 3 e » 0.013. 


1.375. p = "}/" T (T ~f- 2m 0 c 2 )/c = 1.09 GeV/c, where c is the velo- 
city of light. 

1.376. F = (//ec)/7’(7’ + 2m 0 c2), p^flje. 

1.377. p = 2nmv z /(l — v z )c z ). 

1.378. t ;=Fci/]/'m 2 c2 + F% 2 , l = V ("hP/W + c 2 f 2 - m 0 c 2 /F. 

1.379. F = m. 0 c z la. 

1.380. (a) In two cases: F|| v and Fj_ v; (b) F x — m 0 w Kl — P 2 , 
F|| = m 0 w/(1 — P 2 ) 3/2 , where p — v/c- 

1.382. e' = e ]/ (1 — p)/(l +P), where P = F/c, F = 3 / 5 c. 

1.383. £ 2 — p 2 c 2 = where m 0 is the rest mass of the par- 
ticle. 

1.3 84. (a) T = 2m 0 c z (Y 1 -f- 7 1 /2/WqC 2 — 1) — 777 M eV, 

~p = y i l 2 m 0 T = 940 MeV/c; (b) F = c]/ T/(T -\-2m 0 c z ) =2.12 -10 8 m/s. 

1.385. M 0 = V A 2TO 0 {7’ + 2m 0 c 2 )/c, F = c YT/(T + 2m 0 c 2 ). 

1.386. T’ = 2F (F-f- 2m 0 c 2 )/ro 0 c 2 = 1.43 • 10 3 GeV. 

1.387. F 1 mox = c2 - The Particle ro, has the 

highest energy when the energy of the system of the remaining 
two particles m z and m z is the lowest, i.e. when they move as 
a single whole. 


a (m/m \% u / c 

1.388. v/c = ^-77. Use the momentum conservation law 

1 +(m/m 0 f^ c 

(as in solving Problem 1.178) and the relativistic formula for 
velocity transformation. 


2.1. m — pF Ap/p 0 — 30 g, where p 0 is the standard atmospher- 
ic pressure. 

2.2. p = V 2 (PiTyTi — A p) = 0.10 atm. 

2.3. m x /m 2 = (1 — alM 2 )/(alM 1 — 1) = 0.50, where a — 

= mET/pV. 


O r Po -p ^2) 

p— RT(m 1 IM 1 +m 2 IMJ 


= 1.5 g/1. 


296 


2.5. (a) p = (vj + v 2 + v g ) RT/V = 2.0 atm; (b) M - 
= (\ 1 M l + v 2 Af 2 + VgAfg)/^! + v 2 + v 3 ) = 36.7 g/mol. 

2.6. t = r 0 ri' (-n 2 - i)/r] (n' 2 — l) = 0.42 kK. 

27 ra - lnT l 
* re ~ In (1 + AF/F) ' 

2.8. p = p 0 e- Ci l y . 

2.9. t = {VIC) In r| = 1.0 min. 

2.10. AT = (mg + p 0 AS) U R = 0 .9 K. 

2.11. (a) T max — 2 /s(po/R) V Po/3a; (b) T nax = p 0 /epi*. 

2.12. p min = 2i?]/ar 0 . 

2.13. dT/dh = —Mg/R = —33 mK/m. 

2.14. dTIdh = - Mg (re - 1 )/nR. 

2.15. 0.5 and 2 atm. 

2.16. (a) h = RTlMg = 8.0 km; (b) h « tiiWMg = 0.08 km. 

2.17. TO = (1 - G -MghlRT) p Q S/g. 

DO OO 

2.18. A c = j hp dh / J p dh = RTfMg. 

2.19. (a) p = p 0 (1 —°ah) n , h <l/a; (b) p = p 0 /(l + ah) n . Here 
n = Mg/aRT 0 . 

2.20. p = p 0 e M ® 2f2/2il7 ’. 

2.21. p id = pRT/M = 280 atm; p = pRT/(M - p6) - ap 2 /M* = 
= 80 atm. 

2.22. (a) r = a (V — 5) (1 + r()/RV (i\V + b) = 133 K; (b) 
p = RT/(V - 5) — a/V 2 = 9.9 atm. 

2.23. a — V 2 (Tjp, - T 2Pl )/(T 2 - TJ = 185 atm.l 2 /mol 2 , b = 
= V — R (T 2 — TJKpz - p x ) = 0.042 1/mol. 

2.24. x = V 2 (V - b) 2 /[RTV 3 - 2a (V - b) 2 ]. 

T > a/bR. 

U = pVI(y - 1) = 10 MJ. 

AT =-- l / 2 Mv 2 (y — 1)/R. 

t = tj, Wi + p i v i )i(p 1 v 1 T i + p,y,ro; p = 


2.25. 

2.26. 

2.27. 

2 28 

(p>i + p 2 ^)/(Vi + f 2 ). 

2.29. 

2.30. 

2.31. 


AC/ = -p 0 VAT/T 0 (y - 1) = -0.25 kJ, = - 
(? = Ay/(y — 1) = 7 J. 

,4 = i?Ar = 0.60 kJ, AU = Q — RAT — 1.00 
= Q/(Q - RAT) = 1.6. 

2.32. (? = vi?r 0 (1 - 1/re) = 

ViYi (Yz—l) + v»Va (7f 


AJ7. 

kJ, 


2.33. 

2.34. 

2.35. 

2.36. 

2.37. 


Y = 


Vx(Yi!— 1) + v 2 (Yi— t) 


2.5 kJ. 

^ =1.33. 


c v = 0.42" J7(g-K), Cp = 0.65 J/(g-K). 

A = RT (re - 1 - In re). 

A' — p 0 V 0 In [(r| + 1) 2 /4 ti). 

Y = 1 -f- (re — 1 )/(QI\RT 0 — In re) = 1.4. 

2.38. See Fig. 13 where V is an isochore, p is an isobaric line, T 
is an isothermal line, and S is an adiabatic line. 

2.39. (a) T = Torfv-U/y = 0.56 kK; (b) A' = RT 0 (r p-O/v - 
— 1)/(y — 1) = 5.6 kJ 
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2.40. The work in the adiabatic process is n = (r\ y ~ l — 

— 1)/(V — 1) In t) = 1.4 times greater. 

2.41. T = T 0 [(tj + 1)V4ti]<y-i>/2, 

2.42. v = V 2 yiVTHy - 1) M = 3.3 km/s. 

2.43. Q = RAT (2 - y)/(y - 1). 

2.45. C n = R (n — y)/(n — 1) (y — 1); C n < 0 for 1 < n < 7. 

2.46. C = R(n~y)l(n — 1) (7 — 1) = —4.2 J/(K»mol), where 
n = In p/ln a. 

2.47. (a) Q = R (n — 7) AT/(n - 1) (y - 1) = 0.11 kJ; (b) 

A = -i?A77(n - 1) = 0.43 kJ. 



Fig. 13. 

2.48. (a) A U = aF’Of - 1)/( Y - 1); (b) A = V 2 aFJ (rf - 1); 
(c) C = U Z R (y + l)/(v - 1). 

2.49. (a) C = -/?/(y - 1); (b) 7 T<y-i>/ 2 = const; (c) A = 
= 2RT 0 (1 - ti(i-y)/2)/(y - 1). 

2.50. (a) A = (1 - a) iJAT; (b) C = R/(y - 1) -f- R (1 - a); 
C <0 for a > y^(Y — 1)- 

2.51. (a) A = AU (y - l)/a; Q = At/ [1 + (y — l)/a]; (b) C = 
= Rl(y — 1) -h if/a. 

2.52. (a) C = C v + R/aV; (b) C = C v + R/( 1 + aF). 

2.53. (a) C = y^/(Y - 1) + a R/p 0 V-, (b) AU = p 0 (F a - 

- V 1 )l(y - 1); 4 = Po (^ 2 - ^1) + a In (VJ V 1 y, Q = yp 0 (F a - 
-WY- l) + aln (F a /F x ). 

2.54. (a) C = C p + i?r„/aF; (b) <? = aC p (F 2 - F x ) + 
+ RT 0 In (F a /F x ). 

2.55. (a) Fe -° r / B = const; (b) Te R /$ v = const; (c) F — aT = 
= const. 

2.56. (a) A = a In tj -i?r 0 (*)- 1)/(y — 1); (b) pV y e«(v-D/pv = 
= const. 

2.57. A — RT In ("F ^-) , where a and b are Van 

der Waals constants. 

2.58. (a) At/ = a/F 1 -a/F a = 0.11 kJ; (b) Q=^RTln^~ = 
= 3.8 kJ. 
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2.59. (a) T (V - b) R/c v = const; 

R 

(b) Cp — Cy = j — 2 a (V—b)*lRTV 3 ' ‘ 

2.60. AT = — = — 3 *° K - 

2.61. Q = v*a (V, - = 0.33 kJ. 

2.62. ra = p/icT 1 = 1-10 5 cm- 3 ; (/> = 0.2 mm. 

2.63. p = (1 + ri) mRT/MV = 1.9 atm, where M is the mass 
of an N a mole. 

2.64. n — (plkT — plm 2 )/(i — mjm^) = 1.6* 10 19 cm- 3 , where 
mi and m t are the masses of helium and nitrogen molecules. 

2.65. p — 2nmv 2 cos 2 0 = 1.0 atm, where m is the mass of a 
nitrogen molecule. 

2.66. i = 2l(pv i /p — 1) = 5. 

2.67. v/v sq =V(i + 2)/3i; (a) 0.75; (b) 0.68. 

(3 N — 3)kT for volume molecules. 


2.68. (e> 


-{ 


2.70. 


(3N — 5/2)kT for linear molecules. 
l/2(/V — 1) and l/(2/V — 5/3) respectively. 

2.69. (a) C v = V Z R, y = 9/7; (b) C v = (3 N - 5/2) R, y = 

= (6 N - 3)/(62V — 5); (c) Cy = 3 (N - 1) R, y = 

= (N-*/ s )/(N - 1). 

( 1 / (32V — 2) for volume molecules, 

)• A/Q — | l /(32V — 3/2) for linear molecules. 

For monoatomic molecules A/Q = 2/5. 

2.71. M = R/(c p — c v ) = 32 g/mol, i = 2l{c p lc v — 1) = 5. 

2.72. (a) i = 2 (CpIR - 1) = 5; (b) i = 2 [C/i? + l/(n — 1)] = 

= 3, where n = 1/2 is the polytropic index. 

2.73. y = (5vj + 7v,)/(3v 1 + 5v 2 ). 

2.74. Increases by A p/p = Mtf/iRT = 2.2%, where i = 5. 

2.75. (a) v, q = Y 3RT/ M = 0.47 km/s, <e> = 3 / 2 /cr = 6.0-10" 21 J; 

(b) i;, g = 3 V^2/c7’/jtpd 3 = 0.15 m/s. 

2.76. r] 1 = 7.6 times. 

2.77. <? = */, ( t| 3 — 1) imRTlM = 10 kJ. 

2.78. co s „ = yj2kT/I = 6.3 • 10 12 rad/sec. 

2.79. (e) rot = kTrffi = 0.7- 10- 30 J. 

2.80. Decreases times, where i = 5. 

2.81. Decreases tj << - 1> / <4— 2> = 2.5 times. 

2.82. C = l / 2 R ' (t + 1) = 32?. 

2.83. v PT = }/2p/p = 0.45 km/s, <n) = 0.51 km/s, v 4(7 = 

= 0.55 km/s. 

2.84. (a) 6iV//y = (8// n) e-*6ti = 1.66%; 

(b) 6 N/N = 12 Y 3/2jt e- 3 / 2 87i = 1 .85%. 

2.85. (a) r_ J(^^yfji- = 380 K; (b) r = =U 340 K. 


2 - 86 - W r -TCTO' 330 K - 






2.87. T-- 


m N (Av)* 


2k (i — Y V m o) ! 


= 0.37 kK. 


2.88. v = l/ — — (Wi|/mi) =1.61 km/s. 

r m 2 — m x 

2.89. 7 1 = V 3 mv 2 /k. 

2.90. d/V/TV = (i^) 3/2e ~ mr2/2 ' ,T2ju; x duj. dv x . 

2.91. <f*> = 0, (| v x \) = Y 2kT/nm. 

2.92. (4) = kT/m. 

2.93. v = 1 /4«<i;>, where (,v) — Y8kT/nm. 

oo 

2.94. P= j 2 mv x -v x dn(v x ) = »W, where d/z (v x ) — 

o 

= ( m/2nkT ) l/2 n ■ e~ mv x/ 2hT d v x . 

2.95. (l/v) = Y 2m/nkT — 4n (v). 

2.96. dN/N = 2n (nkT)~ 3/2 e~e/hT Ye de; ep r = 1 /^A:^ , ; no. 

2.97. 8N/N = 3 /6 ji e-s/zfit) = 0.9%. 

2.98. — = ( n fcj>)3/2 jV 8 e ~ e/hTde - 

The principal contribution to the value of the integral is provided 
by the smallest values of e, namely e « e 0 . The slowly varying factor 
Y e" can be taken from under the radical sign if ascribed the constant 


value Y 6 o- Then 


A N/N = 2Y e. 0 /nkTe~ e o/ hT . 


2.99. (a) v VT = Y3kTlm\ (b) s pr = kT. 

oo 

2.100. dv = ^ dn (dQ/4n)vcosQ —n(2kT/nm) l/2 sin QcoaQdQ. 


v=0 

Ji/2 


2.101. d\— f dn (d£2/4n) v cos 0 = ji (m/2nkT) 3/2 e~ mvi/2hT v 3 dv. 

e=o 

2.102. F = ( kT/Ah ) In r\ = 0.9- 10* 19 N. 

2.103. N a = (6RT/nd 3 Apgh) In tj 6.4- 10 23 mol -1 . 

2.104. r)/rj 0 = = 1.39. 

2.105. h = ~ ln - {n2 - l p ) . 

(m 2 — mjg 

2.106. Will not change. 

2.107. (£ 7 ) = kT. Does not depend. 

2.108. w & r\RT/Ml » 70 g. 

2.109. M = 


2RTp In t] 


(P-Po) (rj-rf) Q ) 2 ’ 

2.110. (0 = ]/ {2RT/MR) In = 280 rad/s. 


2.111. (a) dN = n 0 e _or2 / ftT 4nr 2 dr; (b) r VT — \kT[a\ (c) dN/N — 
= (a/nkT) 3/2 e- ar2 / hT 4jir 2 dr; (d) Will increase r] 3 / 2 -fold. 
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2.112. (a) dN — (2nn 0 / a 3 / 2 ) e~ u / hT V U dU\ (b) U pT = '/ 2 kT. 

2.113. In the latter case. 

2.114. (a) tj = 1 — re 1- v = 0.25; (b) rj = l-«‘/v-i =0.18. 

2.115. e = (1 — t|)/t| = 9. 

2.116. t] = 1 - 2T a /(T 1 + r 2 ). 

2.117. ij = 1 — n l ~y = 60%. 

2.118. r) = 1 - n-u-i/v). 

2.119. r| — 1 — (re H- Y)/(l + yn) 

2.120. In both cases rj = 1 - lnn 


2.121. In both cases tj = 1- 

n — 1 


n- 

n- 


2.122. t] = 1 


n In n ' 


2.123. (a) t] = 1 — y 


t v_i 


n In n ' 


(b) rj — l ■ 




2.124. (a) rj = 1 - 
»-l+(V- 


V(* — 1) 


V (a— 1) rc v_1 


(b) r\=i 
2.125. T) 


a-l + (Y 
• 1) In n 


1) n In n 


V (n — 1) 

(x— 1) I nv 


- 1 ) 


Tin v-f (t— 1 )/( 7 ~ 

O 49fi (t — 1 ) Inn 

^ T In n -{- (t — 1) v/(y — 1) 

2.127. ii= 1 — 2 — L±J^L_. 

2. 128. The inequality j — j 

when T t is replaced by T max and 
-Q' i /Tmtn<0. Hence 
Ql — Q'i ^ Tmax — Tmtn 


Or 11 <11 Carnot 


Ql “tmax 
2.129. According to the Carnot theorem 
SAIbQ^ = dTIT. Let us find the expressions 
for &4 and 8Q V For an infinitesimal Carnot 
cycle (e.g. parallelogram 1234 shown in 
Fig. 14) 

6 A = dp-dV = (dpldT)ydT-dV, 

6<? a = dU l2 + P dV = [(dU/dV) T + p] dV. 


^2-^0 becomes even stronger 
T z by T min . Then Qi/T max — 

P*dp 


P b 



v+dv 


Fig. 14. 


It remains to substitute the two latter expressions into the former one. 

2.130. (a) AS = £^y = 19 J/(K-mol); (b) AS = yRl *" = 

= 25 J/(K-mol). 

2.131. n = e^s/v« = 2.0. 

2.132. AS = vR In n = 20 J/K. 

2.133. AS = — In re = — 10 J/K. 

M y — 1 

2.134. AS - (y In a — In p) xR/(y - 1) = -11 J/K. 
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2.135. 5 2 -5 1 = v/?(lna-^-) = 1.0 J/K. 

2.136. AS = T- ^—rrr- ^ In T. 

(n— 1) (y— 1) 

2.137. A^^ v(t t + 1 1 ) - In a = 46 J/K. 

2.138. V m = yp 0 /a(l + y). 

2.139. T=T 0 + (R/a) In (VIV 0 ). 

2.140. AS = R In l(V t - 6)/(V x - &)]. 

2.141. AS = C v In {T 2 IT X ) + R In [{V t - b)l(Vx - &)]. 

2.142. 5 = aT 3 / 3. 

2.143. AS = m la In (TJTJ + b(T t — 

— fi)] = 2.0 kJ/K. 

2.144. C = S/n; C<0 for n <0. 

2.145. T = r o e<s-So)/c See Fig. 15. 

2.146. (a) C— — alT] (b) <? = a In (TJT^y, 

(c) A = a In (Ti/T 2 ) Cv (^i — Fj). 

2.147. (a) t) = (n ■ — l)/2n; (b) r| = (ra — 

-l)/(n + l). 

2.148. AS = vR In n = 20 J/K. 

2.149. AU = (2Y- 1 — 1) RTJ{y — 1), AS = 

= /? In 2. 

2.150. The pressure will be higher after the fast expansion. 

2.151. AS = Vj/? In (1 -f- n) + v z R In (1 + 1 In) = 5.1 J/K. 

2.152. AS = m lCl In (T/TJ + m 2 c 2 In (T/T 2 ) = 4.4 J/K, where 
T = {m^Tx + Tn 2 c 2 T 2 )l{mxCx + m 2 c 2 ), Cj and c 2 are the specific 
heat capacities of copper and water. 

2.153. AS — Cy l n ■ &+£ >! >0. 

2.154. (a) P = i/2 N ; (b) iV = ^^- ) «80, where t«10‘ 6 s is 

the mean time which takes a helium atom to cover distances of 
the order of the vessel’s dimensions. 

2.155. Q pt = 7V!/l(iW2)!] 2 == 252. P Nh - Q pr l2* = 24.6%. 

2.156. P n = — 1/32, 5/32, 10/32, 10/32, 5/32, 1/32 

n\ (N — n)! 2 iy 

respectively. 

2.157. P "= nl(N l - njr pn(i - p)N ~ n ' Wh8re P = V/y °- 

2.158. d = 1 ^6/Jin 0 ri 2 = 0.4 pm, where n 0 is Loschmidt’s num- 
ber; (n> = l/r) 2 = 1.0-10 6 . 

2.159. Will increase £2/Q 0 = (1 -f- A TIT 0 ) m A /2 = lOi* 3 *-*®" 
times. 

2.160. (a) A p = 4 aid = 13 atm; (b) Ap = 8a/d = 1.2* 10" 3 atm. 

2.161. h — ia/pgd — 21 cm. 

2.162. a = *l sPo d (1 - t| 8 /n)/(r| 2 - 1). 

2.163. p — p 0 + p gh + 4a/d = 2.2 atm. 

2.164. ft = [p 0 (n 8 — 1) 4- 4a {n 2 — l)/i]/pg = 5 m. 

2.165. A ft = 4a | cos 0 | (d 2 — dj/d^pg = 11 mm. 



Fig. 15. 
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2.166. R = 2a/p gh = 0.6 mm. 

2.167. x = II (l + p 0 dl 4a) = 1.4 cm. 

2.168. a = [pgft -f- Poll (l — h)] d/A cos 0. 

2.169. h - Aalpg (d„ — dj) = 6 cm. 

2.170. h = 2a cos 0/pg;r6(p. 

2.171. F t = 7 4 rtd 2 j/ M=i2^zMl = 0.9 cm*/s. 

2.172. R 2 — « 1 / 8 pgh s /a = 0.20 mm. 

2.173. m « 2ni? 2 a| cos 0 |(rc 2 — l)/g& = 0.7 kg. 

2.174. F « 2am/ph? = 1.0 N. 

2.175. F = 2nR 2 alh = 0.6 kN. 

2.176. F = 2a 2 //pgd 2 = 13 N. 

2.177. £ = 2lr\R t /ar A . 

2.178. <? = 2na 2 /pg. 

2.179. (a) F = na d 2 = 3 pJ; (b) F = 2nad 2 = 10 pJ. 

2.180. AF = 2nad 2 (2* 1 / 3 — 1) = -1.5 pJ. 

2.181. A' = F + pV In (p/p 0 )> where F = 8nR 2 a, p = p 0 + 
+ 4a/F, F = i / 3 nR 3 . 

2.182. C - C p = ‘/ 2 i?/(l + s / 8 p 0 r/a). 

2.184. (a) AF = —2 (dct/dF) Ao; (b) AC/ = 2 (a — T da/dT) X 
X Atr. 

2.185. A = A mRTlM = 1.2 J. 

2.186. = (F - mFJ)/(F; - Fj) = 20 g, F„ = 1.0 1. Here 
Fj is the specific volume of water. 

2.187. mi » Mp 0 (F 0 — V)IRT = 2.0 g, where p 0 is the stan- 
dard atmospheric pressure. 

2.188. ri = (n - l)/(N - 1); ti = 1 l(N + 1). 

2.189. AS = mq/T = 6.0 kJ/K; AU = m(q - RT/M) = 2.1 MJ, 
where T = 373 K. 

2.190. h « p ^Sil+qWR T ) = cm > where c is the specific 
heat capacity of water, AT = 100 K, q is the specific heat of vapo- 
rization of water, T is its boiling temperature. 

2.191. A = me (T — T 0 ) RTIqM = 25 J, where c is the specific 
heat capacity of water, T is the initial vapour temperature equal to 
the water boiling temperature, as is seen from the hypothesis, q is 
the specific heat of vapour condensation. 

2.192. d & AaMlr\pRT = 0.2 pm, where p is the density of 

water. 

2.193. p = t| p 0 Y MI2nRT = 0.35 g/(s.cm 2 ), where p 0 is the 
standard atmospheric pressure. 

2.194. p = pV 2n RTfM = 0.9 nPa. 

2.195. Ap = a/V^M = 1.7* 10 4 atm. 

2.196. Pi « pq. About 2*10 4 atm. 

2.198. a = 2 V ei R 2 T 2 r lp cr = 3.6 atm-P/moi 2 , b='l 8 RT Jp cr = 
= 0.043 1/mol. 

2.199. F c ' r = 3 URT cr /Mp cr = 4.7 cm 8 /g. 

2.200. (n + 3/v 2 ) (3v - 1) = 8t, t = 1.5. 
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2.201. (a) V max = ZbmIM = 5.0 1; (b) /> mos = a/27 6 2 = 230 atm. 

2.202. T cr = s / 2 , a/67? = 0.30 kK, p cr = »/, M/6 = 0.34 g/cm®. 

2.203. = ®/ 3 Mp cr /pRT cr = 0.25, where p is the density of 
ether at room temperature. 

2.204. Let us apply Eq. (2.4e) to the reversible isothermic cycle 

1-2-3-4-5-3-1: 

T§dS =§dU + §pdV. 

Since the first two integrals are equal to zero, <|) p dV = 0 as well. 

The latter equality is possible only when areas I and II are equal. 

Note that this reasoning is inapplicable to the cycle 1-2-3-1, for 
example. It is irreversible since it involves the irreversible transi- 
tion at point 3 from a single-phase to a diphase state. 

2.205. = c | t |/g = 0.25, where q is the specific heat of melt- 
ing of ice; at f = — 80°C. 

2.206. AT = —(TAV'/q) A p = —7.5 mK, where q is the spec- 
ific heat of melting of ice. 

2.207. V', v & qAT/TAp = 1.7 m 3 /kg, where q is the specific heat 
of vaporization, T = 373 K. 

2.208. p n « P 0 (1 + qMAT/RT 2 ) = 1.04 atm where q is the 
specific heat of vaporization, p 0 is the standard atmospheric pressure, 
AT = 1.1 K. 

2.209. Am/m = ( qM/RT - 1) AT IT = 5%. 

2.210. p = Po ex P (7 — f)] ' These assumptions are admis- 

sible in the case of a vapour narrow temperature interval, far below 
the critical temperature. 

2.211. ti » cpTAV'/q 2 = 0.03, where c is the specific heat ca- 
pacity of ice, T « 273 K, q is the specific heat of melting. 

2.212. (a) 216 K, 5.1 atm; (b) 0.78, 0.57, and 0.21 kJ/g. 

2.213. AS « m [c In {TJTJ + qlT z ) = 7.2 kJ/K. 

2.214. As « qJT 1 + c In (TJTJ + qJT z = 8.6 J/(g-K). 

2.215. AS — me In {TIT x ) = —10 J/K, where c is the specific 
heat capacity of copper, T = 273 K (under these conditions only a 
part of the ice will melt). 

2.216. (a) When m z c z t z < m x q, not all the ice will melt and 

AS = m z c z (-^ — 1 — In = 9.2 J/K; 

(b) When m z c z t z >m v q, the ice will melt completely and 
AS = ^- + c z (mjln-^-— m 2 ln-p-j =18 J/K, 
where T= m 1 r 1 + m a 7’ 2 -m ig / Ca 

m 1 + m 2 

2.217. AS=mg(^--^)+mc(|*--l-ln|i) = 0.48 J/K. 

2.218. C = C p - qM/T = -74 J/(K-mol), where C p = 
- Ry/(y - 1). 
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2.219. AS = qMlT 2 + C p In (TJTj). 

2.220. (a) ti « 0.37; (b) ti » 0.23. 

2.221. A = AZ/ln tj. 

2.222. (a) P = e~ at ; (b) <f> = 1/a. 

2.223. (a) A, = 0.06 pm, x = 0.13 ns; (b) A = 6 Mm, x = 3.8 
hours. 

2.224. 18 times. 

2.225. A = (2nJV A /3b) 2 ^ 3 (kT o /V2itp 0 ) = 84 nm. 

2.226. v = nd 2 Po N A V 2y/MRT 0 = 5.5 GHz. 

2.227. (a) 0.7 Pa; (b) 2-10 14 cm- 3 , 0.2 (im. 

2.228. (a) v = y r 2nrf 2 n(n> = 0.74.10 10 s' 1 ; 

(b) v = 1 / 2 ]T2nd 2 n 2 (v) = 1.0 X 10 29 s"‘-cm' 3 , where n — p o /kT 0 , 

(v) = V 8RT/nM. 

2.229. (a) A = const, v oc ]/T; (b) A « T, v °c 1//T. 

2.230. (a) A = const, v increases V~n times; (b) A decreases n 
times, v increases n times. 

2.231. (a) A V, v oc p- 8 / 3 ; (b) A oc p~*P, v oc p 8 / 7 ; (c) A oc 
oc T~ 5 ' 2 , v oc T 3 . 

2.232. (a) Aocp, v oc F-« b+1 >/* ; (b) A oc p~V n , vo c p‘ n+1 >/ 2n ; 

(c) A oc pi/a-"), v oc f 

2.233. (a) C = V 4 i? (1 + 2i) = 23 J/(K-mol); (b) C = 

= V 2 i? (i + 2) = 29 J/(K-mol). 

2.234. n = n 0 e- (/t , where x = 4F/S<i;>, <u> = V SRTjnM. 

2.235. Increases (1 +il)/(l +]/"ti) times. 

2.236. Increases a 3 /fi = 2 times. 

2.237. (a) D increases n times, ti = const; (b) D increases 
n 3 > 2 times, ti increases ]/~n times. 

2.238. D decreases n i/3 « 6.3 times, t] increases rc 1 / 5 « 1.6 times. 

2.239. (a) n = 3; (b) n = 1; (c) n = 1. 

2.240. 0.18 nm. 

2.241. d Ar /d He — 1.7. 

2.242. A 7 ! « 2nr\(oR 3 /AR; p = V~2 kT/nd 2 nAR — 0.7 Pa. 

2.243. t] = (1/i?? - 1AR“) Ay4jio>. 

2.244. N = i l z ny](oa i Ih. 

2.245. N= i / 3 (oa i p V nM/2RT. 

2 246 n- Lglufil . 

2.247. T = (x^A + x iTjlJIfalli + xjl % ). 

2.248. x = (l x + 4)/(ii/>ti + Vx*). 

2.249. T (x) = T 1 {TjTyf! 1 -, q = (a/I) In (TV? 1 !). 

2.250. AT = (AT) 0 e~ at , where a = (1/C! + 1/C,) Sail. 

2.251. T — T t {1 + (x/l) [(TjT-ifP — 1]} 2/3 , where x is the dis- 
tance from the plate maintained at the temperature T v 


20—9451 


2.252. q. 


2 iR 3/2 T\ 12 ) 


— = 40 W/m 2 , where i — 3, d is the 


9n 3/2 Zd 2 Ar A / M 
effective diameter of helium atom. 

2.253. K — 23 mm > l, consequently, the gas is ultra-thin; 
q = p (v) (t 2 — t^/GT (y — 1) = 22 W/m a , where ( v ) = 

= VZRTkM, T = V 2 (2\ + T%). 

2.254. r = r 1 -i J2_ri r 


ln(. RzIRJ ln R y ’ 


IV-Ti 


lY-n 


2.255. T — T l r mi _i IRa 

2.256. T = r 0 + (i? 2 — r 2 ) w/4x. 

2.257. r = r 0 + (i? 2 — r 2 ) w/6x. 

3.1. The ratio F e ilF gr is equal to 4-10 42 and 1-10 36 respectively; 
q/m = 0.86- 10- 10 C/kg. 


3.2. About 2 • 10 15 N. 

3.3. dq/dt = 3 / 2 a 1/ 2 jte 0 mg/l. 

3.4. g 3 = 

3.5. AT — ■ 


(/gi+V^) 2 
gg 0 


fi + /gi 
/gi + /g* 


8jt a e 0 r* • 

3.6. E = 2.7i - 3.6j, E 


4.5 kV/m. 


3.7. E-- 


ql 


Y 2Jte„ (Z 2 - j-z 2 ) 3/2 


3.8. £’ = ^- ¥ i- 55 = 0.10 kV/m. 

2jt 2 e 0 /? 2 

— For 1 > r the strength E 


3.9. E=— . 

4ne 0 (r a + Z 2 ) 3/2 

in the case of a point charge. 2? maa: 
3g/? 2 


6 / 3jie„r 2 


4 jie 0 Z 2 ’ 
for Z = r/V^2. 


as 


3.10. £ = 

3.11. F = 


4jxe 0 x 4 * 
qk 

~ AtibqR * 


3 - 12 - (*) 

strength £» jjfj,. 

3.13. (a) £ 
s 1 ~ g 


(b) £ = • 




4e 0 (z 2 + i? 2 ) 3/2 * 
where p = Jt/? 2 X 0 . 


For R the 


4:xe 0 r 2 

3.14. £ = 
the thread. 


4hb 0 r t/a 2 + r 2 
for r > a. 

X /2 


; (b) £= 


4jxe 0 (r 2 — a 2 ) * 


In both cases 


4ji8 0 jy 

3 -< 5 - w (b> £=0 - 


. The vector E is directed at the angle 45° to 
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3.16. E = -V 3 a r/e 0 . 

3.17. E = — : V 3 ko 0 /e 0 , where k is the unit vector of the z axis 
with respect to which the angle 0 is read off. Clearly, the field inside 
the given sphere is uniform. 

3.18. E = — l / 6 a/? 2 /e 0 . 

3.19. | cD | = 1 / 2 ‘kR/e 0 . The sign of CD depends on how the direc- 
tion of the normal to the circle is chosen. 

3.20. I ^ i = ~ ( 1 — yT +iRlij* ) ‘ si £ n ^ depends on 
how the direction of the normal to the circle is chosen. 

3.21. | <D | = V 3 Jipr 0 (R 2 - rl)/e 0 . 

3.22. E max — K/ne 0 l. 

3.23. E = V 2 o 0 /e o, with the direction of the vector E corres- 
ponding to the angle <p = ax. 

3.24. CD = inRa. 


3.25. (a) * = -§£- (!-■£■) for r^R, E 

( b ) E max = V, PoR / 4 for r m = 2 / 3 R. 

3.26. q — 2nR 2 a , E = 1 / 2 a/e 0 . 

3.27. £ = ^-£^(1 — e ~ ar3 ). Accordingly, 


Po-ff 3 

12e 0 r 2 


for r>/?; 


E 



Eta 


~ 3e 0 ar 2 • 

3.28. E — V 3 ap/e 0 . 

3.29. E = 1 / 2 ap/e 0 , where the vector a is directed toward the 
axis of the cavity. 

3.30. Aq) = s-2^.(l 1 ) 

23T&q' 1? \ /l + ( a /i?) 2 / 

3.31. <Pi-<P2= 2“-lnT] = 5 kV. 

3.32. <p = V 2 oR! ™* E = 'U a/e 0 . 

3.33. = + ^ = ^(l-y==-).When 

Z-^0, then (p=^-, when Z>i?, then <p » , 

, where g==ajr/? 2 . 

3.34. <p = o/?/jre 0 . 

3.35. E = — a, i.e. the field is uniform. 

3.36. (a) E = —2a (xi — ^j); (b) E — —a (yi — xj). Here i, j 
are the unit vectors of the x and y axes. See Fig. 16 illustrating the 
case a >» 0. 


3.37. E = — 2 (axi + ay] + bzk), E — 2]/ a 2 (x 2 -f- y 2 ) + b 2 z 2 .' 
(a) An ellipsoid of revolution with semiaxes ]Ap/a and Y cp/h. (b) 
In the case of <p >0, a single-cavity hyperboloid of revolution; 
when (p — 0, a right round cone; when <p < 0, a two-cavity hyper- 
boloid of revolution. 

3.38. (a, %=^g; <b> v = 9 ,(i -JL). r<fl. 


20 * 
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3.39. E = VE$+El 


V^l + 3 cos 2 9 , where E r is the 


4jte 0 r 3 

radial component of the vector E, and Eq is its component per- 
pendicular to E r . 

o aa z? . P 3 cos 2 0—1 p p 3 sin 0 cos 0 

Ej 2 — f * o 1 < Hj \ — » q 1 li ! 

z 4ne 0 r 3 ’ x 4 ji 8 0 r 3 ’ 

E _Lp at the points located on the lateral surface of a cone whose axis 
is directed along the z axis and whose semi-vertex angle 0 is found 



Fig. 16. 


from the relation cos 0 = 1/ 1/ 3 (0 X = 54.7°, 0 2 = 123.5°). At these 
points E = E L =g±. 


3 «- R ~ V sfe- 

3 - 42 - E ~2zb*- 

3 . 43 . 9== «? 5 ., £* = 

4ne 0 (fl a +a; 2)3/2 


qi 


R*— 2x* 


4ree 0 *2)5/2 ’ 


where 



2J* is the projection of the vector E on the x axis. The func- 
tions are plotted in Fig. 17. If | x j > R, then <p « and 

E ~ — 

* x ~ 2neoi3 • 

of* o£ x olR* 

3.44. CD = . E x = 575 - 

Y 2e 0 Vx*+R* ' x 2 e 0 (x* + R*) 3 ! 2 
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. See Fig. 18. 


X 


olR 2 


3.45. <p « ± f 1 

2p,„ V 


2e 0 


y x *+R* 


)• 


then <p : 


and E : 


» — 370. If 

2e 0 (x 2 + R 2 ) 3 ^ 

where p == n R 2 ol. In the 


‘ 4 oz Q x* " 2jie 0 a: 3 1 

formulas for the potential cp the plus sign corresponds to the 
space adjoining the positively charged plate and the minus sign 
to the space adjoining the negatively charged plate. 




2jte 0 r 2 ’ 

= 2.1 -10~ 16 N. 


3.46. (a) F = 0; (b) F = 

3A7 ' " = J? 

3.48. <p = — a,z:y 4- const. 

3.49. <p = ay — x 2 ^ -{-const. 

3.50. (p — — y {ax + bz) + const. 

3.51. p = 6e 0 a;r. 

3.52. p — 2e 0 A<p/d 2 ; E — p d/e 0 . 

3.53. p = — 6e 0 a. 

3.54. q = 4Z Y ne 0 kx. 

3.55. A 


(c) F = 


Xp 

2n e 0 r 2 * 


3.56. (a) F 


3.57. F - 


3.58. F = 


16ji e 0 l * 

(2/ 2-1) 9» , 
8jte 0 J 2 

(2/2-l)g» 

32ji e 0 i 2 
3p 2 




5 ]/5 / " e o^ a 


32ne 0 i 4 


3.59. ct = 


9* 


3.60. (a) Fj 


2 31 (Z 2 + r 2 ) 3/2 ’ 

X 2 


4jte 0 J 


(b) a 


?ind= — ?• 

a 


n(l' 


(b) a(r): 


l 1 ' 1 ' 


3.61. (a) ct =_ I*., v. .. , — , 

' ' 2nl w v ’ 2si / l 2 +r 2 

3.62. (a) 0= 2ji (P + R 2 y)l 2 > ( b ) £ ~ 43ie 0 4i a [1 + i/ 4 ( J R/Z ) 2 ] 3/2 ’ 


9 


4ji£ 0 jR 

3.63. <p = 

3.64. qp = 

3.65 


(*■ 


/ 1+4 (l/R)* 


)■ 


4jie 0 Z * 
q 


4ne 0 


/ 1 

1 I 

1 1 

lr 

Ri 1 

R 2 


b q i 

^~a 4?ie 0 


X 


1/r — 1/a if a^.r ^b, 

(1 — fe/a)r if r>6. 

3 . 66 . (a) £ 2 3 — A (p/d, Z? 12 == -E34 ~ V2 ^23» (b) | Oi | = 04 = 
= V 2 e 0 A<p/d, <j 2 = | a 3 | = 3 / 2 e 0 A(p/d. 

3 . 67 . = —q {I — z)/Z, = —qxil. Instruction. If the charge 

q is imagined to be uniformly spread over the plane passing through 
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that charge and parallel to the plates, the charges q x and q 2 remain, 
obviously, unchanged. What changes is only their distribution, and 
the electric field becomes easy to 
calculate. ' x 

3.68. dF/dS = V 2 a 2 /e 0 . 


3.69. F - 


— 0.5 kN. 


’ 32ne 0 /? 2 

3.70. F = V 4 Jx/? 2 (T 2 /e 0 . 

3.71. N= "° p — 
where n n is 



3*10 3 , 


3.72. F - 


(e— 1) & 0 E 
the concentration of 

3Pp 2 


Fig. 19. 


molecules. 


4ji%z 7 


3.73. (a) x = RlY 2; (b) x=| 

O nr I. 6 — t q i 


3.74. P = 


r, g = 


e 4jir* 1 e 

3.76. ?inn = — 7 ( e — 1)/®T q'out=q(z — l)/e. 


1.1/? (attraction) 

0.29/? (repulsion). See Fig. 19. 
e — 1 




Fig. 20. 


3.77. See Fig. 20. 

3.78. £ = -^.|/cos 2 a 0 + e 2 sin 2 a 0 = 5.2 V/m; 

8 

tana = e tan a 0 , hence, a = 74°; o' = ^ E 0 cos a 0 = 64 pC/m 2 . 


3.79. (a) <J>EdS 
X IE 0 sin 0. 


e — 1 


nR 2 E 0 cos 0; (b) <^> Ddr= — e 0 (e— 1) X 


3.80. (a) E 


-{ 


pZ/ee 0 for Z<d, 


H 


-pZ 2 /2ee 0 for Z=S^d, 
-(d/2e + Z — d) pd/e 0 


pd/e 0 for Z>d, , , 

for 

The plots 2?* (a:) and (p (a:) are shown in Fig. 21. (b) o' = pd (e — 1)/ e, 

P' = — P (e — 1 )/e. 

f pr/3e 0 e for r < /?, 

3.81. (a) £=| p/?3/3eor2 for r>/? . 

(b) p' = — p (e — l)/e, o' = p R (e — l)/3e. See Fig. 22. 

3.82. E = -dP/4e 0 /Z. 

3.83. E = — P 0 (1 — z 2 /d 2 )/e 0 , Z7 = 4dP 0 /3e„. 


3.84. (a) E x = 2rE 0 /(e + 1), E 2 = 2 E 0 /(e + 1), T) X = D 2 = 

— 2ee 0 £ 0 /(e -f- 1); (b) E x - E 0 , E 2 = E 0 /e, D x = D 2 = e 0 E q. 

3.85. (a) E x — E 2 — E$, D x — EqEq, D 2 — eD x \ (b) E x — E 2 — 
= 2 E 0 /(e + 1), D j = 2e 0 E 0 /(e + 1), D 2 = tD x . 

3.86. E = g/2jte 0 (e + 1) r 2 . 

3.87. p = p 0 e/(e — 1) = 1.6 g/cm 3 , where e and p 0 are the per- 
mittivity and density of kerosene. 


a o 



i a 



Fig. 21. 

= (e — 1) e„j E 


Fig. 22. 

3.5 nC/m 2 , q' = nR 2 (e — 1) & 0 E- 


3.88. (Jmax 
= 10 pC. 

3.89. (a) Since the normal component of the vector D is contin- 
uous at the dielectric interface, we obtain 

o' = — ql (e — l)/2nr 3 (e + 1), for l ->-0 and o' -> 0; 

(b) q' = -q (e - l)/(e + 1). 

3.90. F = q 2 (e — l)/16ne 0 f 2 (e + 1). 

f q/2n (1 + e) r 2 in vacuum, 

3.91. D — | R g/2 n (l -f- e ) r 2 in dielectric; 

E = g/2ne 0 (1 + e) r 2 1 . . . 

.. ,1 both in vacuum and in dielectric, 

cp = q/2ne 0 (1 + e) r ) 

3.92. o' — ql (e — l)/2nr 3 e (e + 1); for l ->0 and o' -v0. 

3.93. o' = ql (e — l)/2 nr*e. 

3.94. Ej = P h/E 0 d (between the plates), E 2 = —(1 — h/d) P/e 0 , 
Dj = D, = P hid. 

3.95. p' = —2a, i.e. is independent of r. 

3.96. (a) E = — P/3e 0 . 

3.97. E 0 = E - P/3e 0 . 

3.98. E = 3E 0 /(e + 2), P = 3e 0 E 0 (e - l)/(e + 2). 

3.99. E = — P/2e 0 . 

3.100. E = 2E 0 /(e + 1); P = 2e 0 E 0 (e - l)/(e + 1). 

q ini p 4Jl6 i) 6fli 

d,1U1 * ° “ l+(e-l) Ri/Rt ' 

3.102. The strength decreased x / 2 (e + 1) times; q = 
= V 2 Cg(e - 1 )/(s + 1). 

3103 - w < b > 

3.104. (a) C = e 0 (e 2 — e 4 ) S/d In (e 2 /e,); (b) p' = — g , (e 2 — e^/dSe 2 . 


3.105. C = im 0 a/ln (Bz/jRi). 

3.106. When & i R i E irn — E 2 R 2 E 2 m~ 

3.107. F = R l E 1 [In (i? 2 /i?,) + (Sj/e*) In (R 3 /R 2 )]- 

3.108. C « ne 0 In (b/a). 

3.109. C « 2ne 0 /ln (26/a). 

3.110. C «2ne 0 ea. Instruction. When b a, the charges can 
be assumed to be distributed practically uniformly over the sur- 
faces of the balls. 

3.111. C « 4 ne 0 a. 

3.112. (a) O total =' + C 2 + C 3 ; (b) C iota i = C. 

3.113. (a) C = 2s 0 S73d; (b) C = 3e 0 S/2d. 

3.114. F< (1 + CJCJ = 9 kV. 

3.115. U = g/(l +3Ti-f rf) = 10 V. 

3.116. C x = C (]/ 5 — l)/2 = 0.62C. Since the chain is infinite, 
all the links beginning with the second can be replaced by the ca- 
pacitance C x equal to the sought one. 

3.117. V x = q/C 1 = 10 V, V 2 = q/C 2 = 5 V, where q = 
— ( 9 a — 9 b + g) C 1 C 2 /(C 1 + C 2 ). 

3.118. Vy = (g 2 - 80/(1 + CJC 2 ), V 2 =(«! - *,)/(l + C 2 /C+ 

3.119. q = | gj — g 2 | CjC^Cj + C 2 ). 

3.120. 9a ~ 9b = g ( C ' C +cj~(cl + C 4 ) • In tiie ease when Ci/C 2 = 

= C3/C4. 


3.121. 


l/A + l/C. + l/Cs 0,06 


mC. 


3.122. qi — g C 2 , q 2 — — gCiC 2 /(C 4 + C 2 ). 

3.123. g 1 = gC 1 (C 1 -C 2 )/(C 1 + C 2 )= -24 pC, 

<? 2 = % C 2 (Ci - C 2 )/(C i + C 2 ) = - 36 pC, = g (C 2 - Q = + 60 p C. 

3.124. <p A — 9 b = (C 2 g 2 — C 1 g 1 )/(C 1 + C 2 + C 3 ). 


<^ 2^2 + $ 3 ^ 3 — (^2 + ^ 3 ) 
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(C) 


93 : 


3.125. 9i — Ci+Ci J t -c 3 

glgl +^3C3-W2(C 1 + C 3 ) 

^1 + ^2 + ^3 

o 4 oc n 2<7i<7 2 4" ^3 (^i 4" ^ 2 ) 

O.l^O* t total— C 1 + C 2 + 2C 3 

3. 1 27. (a) JF = (|/2 + 4) g 2 /4ne 0 u; 
IF = — ]/2y 2 /4ne 0 a. 

2 In 2 9 * 


1C1 + (Ci + g») 

C'i 4"^2 4"^ , 3 


(b) IF = (j/2 -4) qV4m 0 a; 


3.128. IF = — 7 — . 

4ji8 0 a 

3.129. IF = -q 2 /8m 0 l. 

3.130. IF = qtfJAnegl. 

3.131. AIF = - 1 / 2 F 2 C 1 C 2 /(C 1 + C 2 ) = -0.03 mJ. 

3.132. Q = g 2 CC 0 /(2C + C 0 ). 

3.133. Q = 1 l 2 C%\. It is remarkable that the result obtained is 
independent of g x . 

3.134. IV = W, + W, + W„ - ji; (A + A+ ip ) . 
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(b) 

(b) 


3.135. (a) W = 3q i /20m o R; (b) WJW 2 = 1/5. 

3.136. W = (g 2 /8jte 0 e) (1/a — 1 lb) = 27 mJ. 

3.137. A = (<7 3 /8jte 0 ) (1/7?! - l/7? 2 ). 


3.138 

3.139 

3.140 

3.141 
A = 

3.142 

4 = 

3.143 

3.144 

3.145 

3.146 

3.147 

3.148 

3.149 

3.150 


A g(gp+g/2) / 1 1_\ 

4JI6 0 ( i?! i? 2 

7^! = cr 2 /2e 0 . 

A = (g 2 /8jie 0 ) (1/a — 1/6). 

(a) A = q 2 ( x 2 — x 1 )/2e 0 S; 
e 0 SF 2 (x 2 — x l )/2x 1 x i . 

(a) A = 1 / 2 CF 2 t|/( 1 - ri) 2 - 1.5 mJ; 

V 2 CF 2 T]e (e - l)/[e - q (e - l)] 2 = 0.8 mJ. 

Ap = e„e (e — 1) V 2 /2d 2 — 7 kPa = 0.07 atm 
h = (e - l)<j 2 /2e 0 epg . 

F = jt7?e 0 (e - 1) F 2 /d. 

TV = (e — 1) e 0 7? 2 F 2 /4c/. 

7 = 2m 0 aEv = 0.5 pA. 

7 « 2ne 0 (e — 1) rvV/d = 0.11 pA. 

(a) « = («! + qa 2 )/(l + q); (b) a « 

(a) 6 / 6 7?; (b) 7 / 12 7?; (c) 3 / 4 7?. 


(«2 + q«i)/(l -f q). 


3.151. 7?* = 7? (V 3 — 1). 

3.152. 7? = (1 + V 1 + 47? 2 /7?!) R 1 /2 = 6 Q. Instruction. Since 
the chain is infinite, all the links beginning with the second can be 
replaced by the resistance equal to the sought resistance R. 

3.153. Imagine the voltage F to be applied across the points A 
and B. Then F = IR = 7 0 7? 0 , where 7 is the current carried by the 
lead wires, 7 0 is the current carried by the conductor AB. 

The current 7 0 can be represented as a superposition of two cur- 
rents. If the current 7 flowed into point A and spread [all over] the 
infinite wire grid, the conductor AB would carry (because of symmet- 
ry) the current 7/4. Similarly, if the current 7 flowed into the grid 
from infinity and left the grid through point B, the conductor AB 
would also carry the current 7/4. Superposing both of these solutions, 
we obtain /„ = 1 12. Therefore, 7? = RJ2. R AC = -%R 0 

3.154. 7? = (p/2jt?) In (6/a). 

3.155. 7? = p (b — a)/4nab. In the case of b ->- oo 7? = p/4jt a. 

3.156. p = in A tab/(b — a) C In q. 

3.157. 7? = p/2na. 

3.158. (a) / = 2alVlpr s ; ( b ) 7? = p/4ji a. 

3.159. (a) / = lV/2pr 2 In ( Ita ); (b) 7? x = {pin) In {ltd). 

3.160. 7 = FC/pee 0 = 1.5 pA. 

3.161. RC = pee 0 . 

3.162. a = 7)„ — D cos a; 7=7) sin a/ee 0 p. 

3.163. / = VS (a 2 - o i)/d In (ag/aO = 5 nA. 

3.165. q = s o (p2 — Pi) 7. 

3.166. a = e 0 F (e 2 p 2 — e 1 p 1 )/(p 1 d 1 + p 2 d 2 ), a = 0 if Cjp! = 


— g 2p2- 

3.167. q — e 0 7 (s 2 p 2 — Sjpj). 

3.168. p = 2e„F (q - l)/c/ 2 (q + 1). 
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3.169. (a) = 2na/S 2 ; (b) E = 2naI/S 2 . 

3.170. t = —RC In (7 — F/F 0 ) = 0.6 ps. 

3.171. p = T/e 0 e In 2 = 1.4- 10 13 Q-m. 

3.172. 7 = [(rt - 1) %/R] e-”‘/ RC . 

3.173. F = g/(rj + 1) = 2.0 V. 

3.174. (Pi - <p 8 = (gj - g 2 ) + 7? 2 ) - g x = -4 V. 

3.175. R = R 2 — 7? lt A<p = 0 in the source of current with in- 
ternal resistance 7? 2 . 

3.176. (a) 7 = a; (b) <p A — <p B = 0. 

3.177. <p A - <P b = (Si - 3«) ^ 1/(^1 + ^a) = -0.5 V. 

3.178. I l =%R 2 /{RR 1 + R 1 R 2 + R 2 R) = 1.2 A, / 2 = / 1 i? 1 /i? 2 = 
- 0.8 A. 

3.179. F = V 0 Rx/[Rl + R 0 (l- x) xll]\ for R » R 0 V « 
« Vqx/ 1 . 

3.180. g = {%iR 2 + %%Ri)l{Ri + 7? 2 ), = R\R 2 / (Ri + 7? 2 ). 

3.181. 7 = (7?xg 2 - R$ l )l{RR l + 7?j 7? 2 + 7? 2 7?) = 0.02 A, the 
current is directed from the left to the right (see Fig. 3.44). 

3.182. (a) 7 t = [R 3 (g, - g 2 ) + 7? 2 (g, + g 3 )]/(*i *2 + ^ 2^3 + 
+ R 3 R t ) = 0.06 A; (b) <p A - <Pb = % x - /i7?i = 0.9 V. 

3.183. 7 = [g (7? 2 + /? 3 ) + goflsl/tfl (*2 + ^ 3 ) + ^ 3 ^ 3 ]. 

3.184. <p x — <p B = tSa*3 (^1 + R*) ~ %iRi (R a +7? 3 )]/(^i^2+ 

-j— 7? 2 7? 3 A* R 3 R~i) — 1.0 V. 

3.185. / x = [7?3 (cpx — 92 ) + R7, (<Pi — 3 ) 1 ^ (RiR 2 + R 2R3 + 

+ R 3 Rj) = 0.2 A. 

Q 1 OC T Y. ( 1 ) — \ DA 

O.IOO. 1 - y Ri [1 + i?2i?4 (R 1 + R a)/RlRa { R 2 + Ri )] ) - *■ 

The current flows from point C to point D. 

3.187. R ab = r(r + 3 R)/(R + 3r). 

3.188. F = V*g (1 - e~ 2tlRC ). 

3.189. (a) Q = 4 / 3 g 2 7?/A<; (b) Q = V 2 In 2-q 2 R/At. 

3.190. 7? = 37? 0 . 

3.192. £ = 7 (g — F) = 0.6 W, P = -IV = -2.0 W. 

3.193. 7 = F/27?; P ma * - F 2 /47?; r| = 1/2. 

3.194. By 2rj = 2%. 

3.195. T - T 0 = (1 - e-«/ c ) F 2 //c7?. 

3.196. 7? x = R 1 R 2 /(R l + 7?,) = 12 Q. 

3.197. 7? = 7?x7? 2 /(7?x + 7?J; 

Q max = (^ 1-^2 + S 2 -^i)^/47?i7? 2 (7?x 7? 2 ). 

3.198. » = 1/A0-/7? = 3. 

3.199. <? = 1 / 2 Cg 2 7? 1 /(7? 1 + 7? 2 ) = 60 mJ. 

3.200. (a) ATF = -V 2 CFW(1 — rj) = -0.15 mJ; (b) A = 
= V 2 CFV(1 - Tj) = 0.15 mJ. 

3.201. AW = — V, (e - 1) CF 2 = -0.5 mJ 1 A mec ^ — 

= V 2 (e - 1) CF 2 = 0.5 mJ. 

3.202. A « V 2 e 0 (e — 1) F 2 /pgd 2 , where p is the density of water. 

3.203. (a) q = g 0 e- ( '' 8 ° ep ; (b) (? = (1/a — 1/&) q 2 J8m 0 e. 

3.204. (a) q = g 0 (1 — e-*/«c) = 0.18 mC; (b) <? = 

= (1 - e-^ RC )ql/2C = 82 mJ. 


3.205. (a) I = (VJR) e-2 me- (b) Q = i/ t CF 3 . 

3.206. elm = Ivr/qR = 1.8- 10 11 C/kg. 

3.207. p = llmle = 0.40 pN-s. 

3.208. s — enl { v)/f ~ 10 7 m, where n is the concentration of 
free electrons, { v ) is the mean velocity of thermal motion of an 
electron. 

3.209. (a) t = enlS/I — 3 Ms; (b) F = enlpl =1.0 MN, 

where p is the resistivity of copper . 

3.210. E — (II2m 0 r) }/ m/2eV — 32 V/m, A(p=(I/4ne 0 ) ]/ m/2eV = 

= 0.80 V. 

3.211. (a) p (x) = — 4 / 9 e 0 aa:- 2 / 3 ; (b) / = ^/^a 3 / 2 \ 2e/m. 

3.212. n = Idle ( u* 0 + u~) F5 = 2.3- 10 8 cm- 3 . 

3.213. u 0 = (P 0 l 2 /2V 0 . 

3.214. (a) n t = 7 sa ,/eF = 6-10 9 cm^-s- 1 ; (b) n = V njr = 

- 6- 10 7 cm- 3 . 

3.215. t = (t)— 1)/ V" rrii = 13 ms. 

3.216. t = e 0 i\U/eriid 2 = 4.6 days. 

3.217. 7 = ev 0 e ad . 

3!219l fat p 0 7/27T=°6.3 pT; (b) B = p 0 5 2 7/2(5 2 + x 2 f/ 2 = 
= 2.3 pT. 

3.220. B — np 0 7 tan (nln)/2nR, for n 00 B = p 0 7/25 

3.221. B — 4p 0 //jxd sin cp = 0.10 mT. 

3.222. B = (n — cp + tan <p) \i 0 I/2nR = 28pT. 

3.223. (a) s = + (b) B-lg- (■£- + -£) . 

3.224. B « p 0 /i7/4rt 2 5r, where r is the distance from the cut. 

3.225. B = p 0 7/n 2 5. 

3.226. (a) B = (p 0 /4ji) (n 7/5); (b) B = (p 0 /4n) (1 + 3n/2) HR; 
(c) B = (p 0 /4n) (2 + n) 7/5. 

3.227. 5 = (p 0 /4n) 71/2/1 = 2.0pT. 

3.228. (a) 5 =(p 0 / 4 n)]/ 44 -rc 2 7/5 = 0.30 pT; (b) 5 = (p 0 /4n)x 
X^2 + 2n + n 2 //i? = 0.34pT; (c) 5= (p„/4n) V 27/5 = p.ll pT. 

3.229. (a) 5 = p 0 f/2; (b) 5 = p 0 i between the planes and 
5 = 0 outside the planes. 


3.231. In the half-space with the straight wire, B = p 0 //2nr, 
r is the distance from the wire. In the other half-space 5 = 0. 

3.232. The given integral is equal to p 0 /. 



p e jx inside the plate, 
p 0 jd outside the plate. 



3.234. B = V 2 Po tjl], i-e. field inside the cavity is uniform. 

3.235. 7 (r) = ( 6 /p 0 ) (1 + a) r“ _1 . 


3.236. B = [i 0 nl/V 1 + (2 R/l) 2 . 

3.237. (a) B = 1 / 2 [io n I (1~ X /V x2J r R 2 )i where x>0 outside 
the solenoid and x<.0 inside the solenoid; see Fig. 23; (b) x 0 = 


= R (1 - 2tj)/2 ]/ t» (1 — tj) & 5 R . 

3.238. B= \ (M^)K(l — (A/2n/?) 2 = 0.3 mT, r<i?, 

I (p 0 /An) 21 It, r>R. 

3.239. i\ « N/n = 8-10 2 . 

3.240. O = (p 0 /4n) I = 

= 1.0 pWb/m. 

3.241. <t = <P 0 /2 = p 0 nLS/2, 
where <P„ is the flux of the vec- 
tor B through the cross-section of 
the solenoid far from its ends. 

3.242. <D = (p 0 /4jt) 21 Nh In i] = 

= 8 pWb. 

3.243. p m = 2nR 3 B/]JL l) = 

= 30 mA-m 2 . 

3.244. Pm = = 

=0.5 A-m 2 . 



3.245. (a) B = = 7 pT; 

(b) p m = V 3 n. IN (a 2 + ab + b 2 ) = 15 mA-m 2 . 

3.246. (a) B = V 2 po owR', (b) p m = 1 / i na(oR i . 

3.247. 5 = y 3 \i 0 owR = 29 pT. 

3.248. p m — i UqR 2 a>', p-JM — q/2m. 

3.249. B = 0. 


3.250. F m /F e = p 0 e 0 v 2 = (v/c) 2 = 1.00- 10" 6 . 

3.251. (a) F 1 = p 0 / 2 /4i? = 0.20 mN/m; (b) F 1 = p 0 /7rtl = 
= 0.13 mN/m. 

3.252. B = nd 2 o m /4RI = 8 kT, where o m is the strength of 
copper. 

3.253. B = (2pgS/I) tan 0 = 10 mT, where p is the density 
of copper. 

3.254. B = A mgl/NIS = 0.4 T. 

3.255. (a) F = 2p 0 // 0 /n (4 tj 2 - 1) = 0.40 pN; (b) A = 
= (p 0 a// 0 /n) In [(2r| + l)/(2ii - 1)] = 0.10 pJ. 

3.256. i?«]/p 0 /e 0 (In ri)/n = 0.36 kQ. 

3.257. F t = p 0 / 2 /jt 2 i?. 

3.258. F,= -g--^-ln(l+b/a). 

3.259. F 1 = 5 2 /2p 0 . 

3.260. In all three cases F x = (B\ — B\)l2\x, 0 . The force is direct- 
ed to the right. The current in the conducting plane is directed 
beyond the drawing. 

3.261. A p = IB I a = 0.5 kPa. 

3.262. p = p 0 I 2 /8n 2 R 2 . 

3.263. p = V 2 p 0 n 2 P. 


3 « 


3.264. I n m — V 2 Fii m /\iQnR. 

3.265. P = v 2 B 2 d 2 R/(R + pd/S ) 2 ; 


is 


P = P. 


= */,v 2 B 2 dS/p. 


when P = pd/S, the power 


FftB; (c) P = 


3.266. £/ = V 4 p 0 P/n 2 R 2 ne = 2pV. 

3.267. n = jB/eE = 2.5- 10 28 m" 1 ; almost 1 : 1. 

3.268. = 1/rjP = 3.2- lO' 3 m 2 /(Y-s). 

3.269. (a) P = 0; (b) F = (p 0 /4n) 2Ip m lr 2 , 

= (Po^) 2 /p m /r 2 , F |{ r. 

3.270. P = (p 0 /4jt) GnR 2 Ip m xl(R 2 + z 2 ) 5 ' 2 . 

3.271. P = zPtsPlmPzm^^ ~ ^ 

3.272. /' « 2 Pr7p 0 P 2 = 0.5 kA. 

3.273. B' = B j/p 2 sin 2 a + cos 2 a. 

3.274. (a) |)HdS = jxP 2 Scos 0-(p— l)/pp 0 ; 

(b) (|) B dr = (1 — p) Bl sin 0. 

3.275. (a) I' sur = %I\ (b) = %I; in opposite directions. 

3.276. See Fig. 24. 

3.277. B= 

P1 + P2 nr 

3.278. B = 2B 0 p/(l + p). 

3.279. B = 3B 0 p/(2 + p). 

3.280. H c = NIH = 6 kA/m. 

3.281. II « bB/p e nd = 

= 0.10 kA/m. 0 X 

3.282. When b <C R, the per- 
meability is p 2ttPP/(p 0 V/ — Fig. 24. 

— bB) = 3.7- 10 3 . 

3.283. H — 0.06 kA/m, p max 1.0 -10 4 . 

3.284. From the theorem on circulation of the vector H we 
obtain 

p 0 iVJ p 0 ^<i 



B 


H 




^ J 


B-, 


H — 1.51 — 0.987P (kA/m). 


Besides, B and H are interrelated as shown in Fig. 3.76. The requir- 
ed values of H and B must simultaneously satisfy both relations. 
Solving this system of equations by means of plotting, we obtain 
H « 0.26 kA/m, B « 1.25 T, and p = S/p^ » 4-10 3 . 

3.285. P » ‘/^P'W ' _ 

3.286. (a) x m = \/V 4a; (b) p 0 P ma * Ve/a/FP 2 = 3.6- 10' 4 . 

3.287. A « l l 2 xVB 2 / p 0 . 

3.288. %i = ByV 8w/a. 

3.289. I = Bvl/(R + PA where R» = PiP-^Pj. + P 2 ). 

3.290. (a) A(p = i / 2 c d 2 a?m/e = 3.0 nV; (b) Aqp ^ V 2 c oBa 2 = 
- 20 mV. 

c 

3.291. j Edr= -7 2 coPd 2 = -10 mV. 

A 


317 


3.292. %i = 1 / 2 (— 1 )" Ba$t, where n — 1, 2, ... is the num- 
ber of the half-revolution that the loop performs at the given mo- 
ment t. The plot ( t ) is shown in Fig. 25 where t n = Y c 2.nnl§. 


3.293. 

3.294. 

3.295. 

3.296. 


a = V 2 |x 0 Zu//jii?. 


And = a/r. where 

® _ Ho 2/a 2 f 

i (x-)-a) ’ 

Sj = V 2 (o)a 3 Z? 3 -j- 2mg sin at)/aB. 
mgR sin a 


3.297. 

3.298. 


!i> = • 


BH 2 
g sin a 


l + i 2 B 2 C/m • 

(P> = V 2 (n<oa*B)VB. 
3.299. 5 = VtfB/NS = 0.5 T. 


3.300. q-- 
dent of L. 




2nfl 


b — a 


i.e. is indepen- 



3.301. (a) /--§£ Ini; (b) f |) 2 . 

3.302. (a) s = v 0 mR/PB 2 , (b) <? = x / 2 mu*. 

3.303. v=~^— (1 — e -a< ), where a — B 2 l 2 /mR. 

3.304. (a) In the round conductor the current flows clockwise, 
there is no current in the connector; (b) in the outside conductor, 
clockwise; (c) in both round conductors, clockwise; no current in 
the connector, (d) in the left-hand side of the figure eight, clockwise. 

3.305. I = V 4 co B 0 (a - b)/ p = 0.5 A. 

3.306. % im = V 3 xca 2 A(o5 0 . 


3.307. = 3 / 2 wl Bt 2 = 12 mV. 


3.308. E = 


{ 


V 2 p 0 n/r for r<a, 
1 / 2 p, 0 re/a 2 /r for r>a. 


3.309. / = V 4 p. 0 mSd//p = 2 mA, where p is the resistivity 
of copper. 

3.310. E = V 2 a& (t| - 1 )/(ti + 1). 


3.311. »=-4r B <‘). 


3.312. F i mm 


P 0 a 2 F 2 
ArRlb* • 


3.313. <? = i / 3 a 2 x 3 /R. 

3.314. / = ‘/ 4 (h 2 - a 2 ) p/*/p. 

3.315. / = K4nI 0 L/p o = 0.10 km. 

3.316. L — -ft , mJ? , where p and p 0 are the resistivity and the 

4n Ipp„ r 

density of copper. 

3.317. t= -A in (1-^) = 1.5 s. 


0.7 ms, where p is the resistivity, p 0 is the 


3.318. 
density of 

3.319. 

3.320. 

3.321. 

3.322. 

3.323. 

3.324. 

3.325. 


T _ Po m _ 

An 2pp 0 
copper. 

L^Jg-lnr^O.26 pH/m. 

(*+■?■)• 

L x - \i 0 h/b — 25 nH/m. 

Lj « lnr). 

(a) / = na 2 5/L; (b) A - l / 2 n 2 a 4 fi 2 /L. 
/ = 7 0 (1 + rj) = 2 A. 

/ : 52® = 50 A. 


p 0 (ln-T- 2 ) 

3.326. / = (1 + ^-1) e-^R/t]. 

3.327. /=|-(l-e-‘ R / 21 -). 

r <f 7*2 r 

1 1 = n'~T ; V" \ 1 1 '. 


3.328. 

3.329. 

3.330. 

3.331. 

3.332. 

3.333. 

3.334. 

3.335. 

3.336. 

3.337. 

3.338. 

3.339. 

3.340. 

3.341. 
3.343. 


%L 2 r %I\ 

i -=-Sr 1 ”( 1 +-f)- 


Ini. 

a 


HofxhN 

^12 = -^— 

(a) L, 2 « x / 2 p 0 na 2 /h; (b) <f> 21 
p m = 2 aRql\ioN. 

L l2 « na 4 // 3 . 

r a ^i2 
y 2 ; 


V 2 p 0 3ia 2 //fe. 


<? = 


^ .(l_e-‘R/t»). 

■ = 3 pJ. 


2i?2 (l + i?„//?) 

W 7 = V 2 A(D7 = 0.5 J. 

W 7 = BHn 2 a?b — 2.0 J, where H — 1 / 2 Nl/nb. 
(a) » i i6/3xd = 3 -°; ( b ) L ~ ' - ■ 

H 7 ! = p 0 ^ 2 co 2 a 2 /8ji. 

£= fi/V"e^=3-10 8 V/m. 

W m /w e = 8oPo © 2 a 4 // 2 = 1.1-10- 18 . 

(a) L ioiai = 2 L; (b) L (oiaI = LI2. 


fc + jxd/p 


= 0.15 H. 


3.344. L 12 = ]/L 1 L 2 . 

3.346. H 7 12 = j ^-/i/2cos0. 

3.347. (a) = — j; (b) Id — qlsosp- 

3.348. The displacement current should be taken into account 
in addition to the conduction current. 

3.349. E m = I m /s 0 ti)S = 7 V/cm. 

3.350. H = H m cos (at +<x), where = ^ ]Ar 2 + (e 0 e<o) 2 
and a is determined from the formula tan a~e 0 8co/(T. 
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3.351. 



l / 2 Br for r<.R, 
i / 2 BR 2 /r for r>R. 


Here B = p, 0 w/ m co 2 sin to t. 

3.352. (a) jd = j^r> (b) J d = 


4jit 8 


3.353. X m — 0 , j a max — • 

3.354. H = 4^£L. 

4jir 3 

3.355. (a) If B ( t ), then V x E = — dB/dt 0. The spatial 

derivatives of the field E, however, may not be equal to zero 
(v X E = 7 ^ 0) only in the presence of an electric field. 

(b) If B (£), then V x E == — dBldt 0. But in the uniform 
field V x E - 0. 

(c) It is assumed that E = a / ( t ), where a is a vector which is 
independent of the coordinates, / (£) is an arbitrary function of time. 
Then — dBldt = V x E = 0, that is the field B does not vary with 
time. Generally speaking, this contradicts the equation V x H = 
= dD/dt for in this case its left-hand side does not depend on time 
whereas its right-hand side does. The only exception is the case 
when / ( t ) is a linear function. In this case the uniform field E can 
be time-dependent. 

3.356. Let us find the divergence of the two sides of the equation 
V x H = j + dD/dt. Since the divergence of a rotor is always equal 

d 

to zero, we get 0 = V- j -j- — (V -D). It remains to take into 
account that V»D = p. 

3.357. Let us consider the divergence of the two sides of the 
first equation. Since the divergence of a rotor is always equal to 

zero, V* (dBldt) — 0 or ~-(V.B) = 0. Hence, V *B = const which 

does not contradict the second equation. 

3.358. V x E =-[g>B]. 

3.359. E' = [vB]. 

3.360. a = e 0 vB — 0.40 pC/m 2 . 

3.361. p== — 2ecoB= — 0.08 nC/m 3 , a = e 0 a( oB — 2 pC/m 2 . 

3.362. B = 

3.364. E' = 6r/r 2 , where r is the distance from the z f axis. 

3.365. B' = a vv • , where r is the distance from the z axis. 


3.367. (a) E' = E - = 9 kV/m; 

whence a«51°; (b) B' — P- g sina . — 14 uT. 

v ’ c /l-p 2 r 


tan a' 


tan a 

* 
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3.368. (a) E'= ggsia -g- = 1.4 nV/m; 
c y i — p 2 


(b) £' = £}/ 1 Piy « = 0,9 t, 


a 


51° 


3.370. 5' = 5]/l-(£:/c5) 2 «0.15 mT. 


3.371. Suppose the charge q moves in the positive direction of 
the x axis of the reference frame K. Let us pass into the frame K' 
at whose origin of coordinates this charge is at rest (the x and x' 
axes of the two frames coincide and the y and y' axes are parallel). 
In the frame K' the field of the charge has the simplest form: E' = 

= r\ with the following components in the plane x, y 


E' 


1 1_ > 

4 ne 0 r' 3 X ’ 


E’ y 


4ne n 


Now let us make the reverse transition to the initial frame K. At the 
moment when the charge q passes through the origin of coordinates 
of the frame K, the x and y projections of the vector r are related 
to the x' and y' projections of the vector r' as 


x = r cos 9 = x' V 1 — (v/c) 2 , p = rsin0 = p\ 

Besides, in accordance with the formulas that are reciprocal to 
Eqs. (3.6i), 

E X = E’ X , E y = E‘JVl-(vlc)\ 

Solving simultaneously all these equations, we obtain 

p rp • i f i 1 Q? 1 ft 2 

4jt£o r3 (1 _ p2 sin 2 0)3/2 • 

Note that in this case (v = const) the vector E is collinear with 
the vector r. 


3.372* v — Y^l^alehn = 16 km/s. 

3.373. tana = -^ j/ . 

3.374. (a) x ==2EJa\ (b ) w = qE 0 /m. 

3.375. t= ( r + 2m » C2 ) =3.0 ns. 

ceE 


3.376. w = 


eE 


m 0 (1 + Tlm 0 c*)* 


3.377. (a) tan 8 = 


eEt 


m 0 v o 


Y 1 — {vjc) 2 , where e and m 0 are the charge 


and the mass of a proton; (b) = ^o/ 1 + (1 — v 2 Jc 2 ) (eEt/m 0 c 2 ) 2 . 


3.378. a = arcsin (dB ]/ ) = 30°. 

3.379. (a) v = reB/m=m km/s, T = 2nmleB = 6.5 ps; (b) v = 


= c/Vl + (m 0 c/reB)> = 0.51 c, r = -_J^ = 4.1 ns. 


21—9451 
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3.380. (a) p — qrB; T = m 0 c 2 (V^l (qrB/m 0 c) 2 — l); (c) w = 

c 2 

' r [1 + (m 0 c/qrB) 2 ] ' 

3.381. T~y\m 0 c 2 , 5 keV and 9 MeV respectively. 

3.382. AZ = 2ji Y^mV/eB 2 cos a = 2.0 cm. 

3-f 83 - l' m = .■(?-«■)■ • 

3.384. r = 2p | sin (<p/2)|, where p = sin a, q>-- mvcosa 

3.385. r max — ae v °/ b , where = + ■+• 


leB 


3.386. v- 


q/m=- 


tB In (b/a) ’ H "”' r 2 B* In (bla) ’ 

o or>«? / \ 2n 2 mEn 2 . e 0 B 

3.387. (a) y n = pjs ; (b) tan a — 2jl £ re 


3.388. z = Ztanl/ y; for z<l this equation reduces to 

y = (2mElql 2 B 2 ) z 2 . 

3.389. F = mEI/qB = 20 pN. 


3.390. AZ 




tan 9 = 6 cm. 


3.391. q/m = 


eB 2 
a (a + 26) B 2 
2Elix 


3.392. {&) x = a (at — sin a>Z); y = a (1 — cos toZ), where a = 
= mE/qB 2 , to = qB/m. The trajectory is a cycloid (Fig. 26). The 



motion of the particle is the motion of a point located at the rim 
of a circle of radius a rolling without slipping along the x axis so 
that its centre travels with the velocity v = EIB ; (b) s = 8mE/gB 2 \ 
(c) (v*) = EIB. 

3.393. l°j- 

3.394. 

3.395. p = + ZsincoZ, £= + (sin toZ— toZ cos coZ), where 

a = qE m /m. The trajectory has the form of unwinding spiral. 

3.396. V > 2n 2 v 2 mrAr/e = 0.10 MV. 


322 


3.397. (a) r=i^=. 12 MeV; (b) v„„„r J- )/ J__20 MHz. 

3.398. (a) (b) « * 0.74 km. 

JV _ 

Instruction. Here s ~ 2 v n ~ 2 V re > where r n is the velocity of 

71= i 

the particle after the rath passage across the accelerating gap. 

N N 

Since N is large, 2 V n ~ j Vndn. 

1 o 

3.399. n = 2nvW /eBc 2 = 9. 

3.400. co = © 0 /V 1 + at, where co 0 = qBIm, a = qBAW/nmW. 

3.401. v = l l 2 rqB/m, p = r/2. 

3.402. /V = VF/eO = 5 -10 s revolutions, s = 2nrN = 8- 10 s km. 

3.403. On the one hand, 

dp -rp dO 

dt 2nr dt ' 

where p is the momentum of the electron, r is the radius of the orbit, 
<t> is the magnetic flux acting inside the orbit. 

On the other hand, dp/dt can be found after differentiating the 
relation p — erB for r = const. It follows from the comparison of 
the expressions obtained that dBjdt = i l 2 d {B ) / dt. In particular, 
this condition wall be satisfied if B 0 = V 2 { B }. 

3.404. r 0 = Y 2B 0 /3a. 

3.405. dEldr = B (r 0 ) - V* {B} = 0. 

3.406. AW = 2jxr 2 <?5/A t = 0.10 keY. 

3.407. (a) W=(Vl + (reB/m 0 c) 2 - 1) m 0 c 2 ; (b) s=JFA*/ra.B. 

4.1. (a) See Fig. 27; (b) (vjam) 2 + ( xla ) 2 = 1 and w x = — co*x. 



4.2. (a) The amplitude is equal to a/2, and the period is T = 

= jx/co, see Fig. 28a; (b) v% = 4co 2 ;r (a — x), see Fig. 28b. 

4.3. x = a cos (cot + a) = — 29 cm, v x = — 81 cm/s, where 

a = ]/ z 2 + (i>* o/®) 2 » a = arctan ( — v x0 /<ox 0 ) . 
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4.4. (a = V(v\—v 2 2 )l(xl — xl), a = Y (v\x\—v\x\)Hv\— v$. 

4.5. (a) { v ) = 3a/ T = 0.50 m/s; (b) { v > = 6a / T = 1.0 m/s. 




4.6. (a) 

2 (4-1/2) 


3n 


<a x > = 

•ao). 


2 yl 

3ji 


aco; 


(b) l<v>| = 


21/2 

3ji 


aco; 


f a[a + l— cos(<o£ — nn/2)], n is even, 

1 a[a + sin(arf — nn/2)], n is odd. 
Here n is a whole number of the ratio 2<x>t/n. 


(c) < v > = 



Fig. 29. 


4.8. s = 0.6 m. 

4.9. dP/dx = \/nV a? - x* 

4.10. In both cases a = 7. 

4.11. v maX = 2.73aa». 

4.12. 47.9 and 52.1 s-», 1.5 s. 

4.13. 18 or 26 Hz. 

4.14. (a) jrVa 8 + z/ 2 /& s = 1, clockwise; (b) w = — co 8 r. 

4.15. (a) z/ 2 = 4z 8 (1 — x 8 /a 8 ); (b) y — a (1 — 2 rVa 8 ). See 
Fig. 29. 

4.16. T — 2n 

4.17. T = 4na V ma/b 2 . 
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4.18. T — n]/ ml/F — 0.2 s. 

4.19. T = 2nV_ t ]l/g (t] — 1) = 1 .1 s. 

4.20. T = 2 V l/g [ Jt /2 + arcsi n (g/ P) ] . 

4.21. ?= l/~ — 1 where r\ = w/g. 

' & l— y l — t) 

4.22. T = V Anm/pgr 2 — 2.5 s. 

4.23. T = 2n / r| (1 — rj) ro/ x = 0.13 s. 

4.24. r = 2jT]/m/(x 1 -|-x 2 ). 

4.25. T = 2nV m/x, where x= x{x i !(x i + x 2 ). 

4.26. <i> = V2T 0 /ml. 

4.27. T = 2jx ]/ m/Spg (1 + cos 0) = 0.8 s. 

4.28. r=: jt"|/ 2llkg— 1.5 s. 

4.29. (a) x + (g/i?) x = 0, where x is the displacement of the 
body relative to the centre of the Earth, R is its rad ius, g is the 
standard free-fall acceleration; (b) t = n V Rig = 42 min, 
(c) v = Y gR = 7.9 km/s. 

4.30. T = 2jx V l/\ g — w | = 0.8 s, where I g — w | = 

= Y g^-\-W 2 — 2gii’C0S|3. 

4.31. T = 2a/ Y xjm — to 2 = 0.7 s, ©3> V x/m = 10 rad/s. 

4.32. k = 4n*a/gT 2 = 0.4. 

4.33. (a) 9 = 3.0° cos 3.5t; 

(b) 0 = 4.5° sin 3.5£; (c) 0 = 

= 5.4° cos (3.5f 1.0). Here t 

is expressed in seconds. 

4.34. F — (toj m 2 ) g ± 

± m^aa 2 = 60 and 40 N. 

4.35. (a) F = mg (l + 

+ cos ©f), see Fig. 30; 

(b) g min = g/e> 2 = 8 cm; (c) a = 

= (©1/ 2h/g — l)g/© 2 = 20 cm. 

4.36. (a) y = (1 — cos cot) mg/x, where © = y x/m; (b) T max = 
= 2 mg, T min = 0. 

4.37. (x/r 0 ) 2 a (y/v 0 ) 2 = 1. 

4.38. (a) y — (1 — cos at) w/a 2 ; (b) y = (at — sin ©t) a/© 8 . 
Here © = V x/m. 

4.39. A h max = mg /k = 10 cm , E = m 2 g 2 /2k = 4.8 mJ. 

4.40. a = (mg lx) V 1 +2 hx/mg, E = m gh -f m z g 2 / 2x. 

4.41. a — (mglx)Y\ + 2hx/(m + M)g. 

4.42. Let us write the motion equation in projections on the 
x and y axes: 

x = ay, y = — ©x, where © = aim. 


""9 
7.5 

W 

0.5 

I - - l — 

0 7t 2it (tit 

Fig. 30. 



Integrating these equations, with the initial conditions taken into 
account, we get x = (z; 0 /co) (1 — cos ©f)-» V — (zV°>) sin ©*• Hence 
(x — i; 0 /o)) 2 -f- y 2 — (vj co) 2 . This is the equation of a circle of radius 
v 0 /a> with the centre at the point x 0 = r 0 /co, y 0 = 0. 

4.43. Will increase V 1 ~h Z U (RHY times. It is taken into 
account here that the water (when in liquid phase) moves translation- 
wise, and the system behaves as a mathematical pendulum. 

4.45. (a) T = 2nV l/3g=iA s; (b) E = l / z mgla* = 0.05 J. 

4.46. <p m = <p 0 j/" 1 + mR 2 q>l/2k<f>l, E= l l 2 ktf m . 

4.47'. ( T ) = V s mglQl + 

4.48. T = 4jx/o). 

4.49. / - ml 2 (o)g - g/Z)/(a 2 - a*) = 0.8 g-m 2 . 

4.50. a^V(/ 1 o>; + W(A + /2)-- 

4.51. * = i/2V3, T min = 2n}/ r l/gVZ. 

4.52. T = n V 2ft7F, Z red = ft/2. 


4.53. co 0 = V 3aco 2 /2Z. 

4.54. o> 0 = 1/ + //^? 2 ) 

4.55. a 0 =}/ 


2mg cos a 


At.R4-2m.fl (14- sin a) 


4.56. 7 , = 2nV3(i?-r)/2g. 

4.57. T = n V 3m/2x. 

4.58. o) 0 = Wp, where p = 4- m 2 ). 

4.59. (a) co = V^x7m~= 6 s- 1 ; (b) £=V 2 fu>J = 5 mJ, a = v l /a> = 
= 2 cm. Here p = TO 1 m 2 /(m 1 4-m 2 ). 

4.60. Tr=2nVTTk, where /' =/ 1 / 2 /(/ 1 + /*). 

4.61. a 2 /a, = Vl + 2m 0 //n c « 1.9, where wio and w c are the 
masses of oxygen and carbon atoms. 

4.62. o) = Sy^ypo/mFo, where y is the adiabatic exponent. 

4.63. <? = 4ft ne 0 mg (t) 2 — 1) = 2.0 pC. 

4.64. The induction of the field increased t) 2 = 25 times. 


4.65. x = (u 0 /a) sin at, where © = IB/Y m -ft. 

4.66. x = (1 — cos ©7) g/a 2 , where a = lB/V mL. 

4.67. (a) a 0 and a 0 a; (b) t n = (arctan y 4- mt) , where 

re = 0 , 1, 2 , ... 

4.68. (a) <p (0) = - p<p 0 , <p (0) = (p 2 - © 2 )<P 0 ! (b) t n = 
= -^- | arctan <0 “ ^ - 4- » Jt ) , where n = 0, 1, 2, 
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4.69. (a) a 0 = -!^2J-, a = { /2, 

c ° l +«/2, 

= I x 0 | ]/l + (P/a>) 2 , a = arctan ( — p/co) , 
x 0 >0 and jx/ 2 < a < ft, if x 0 <0. 


when 

when 

with 


£ 0 >0, 
x 0 <0; 


(b) a 0 = 


— jr/2<a<0, if 


4.70. P-co/ri 2 -l=:5 s" 1 . 

4.71. (a) v(t) = a 0 V ® 2 4-P 2 e~^; (b) » (0 = I i 0 1 Vl + (P/©) 2 e-P*. 

4.72. The answer depends on what is meant by the given ques- 
tion. The first oscillation attenuates faster in time. But if one takes 
the natural time scale, the period T, for each oscillation, the second 
oscillation attenuates faster during that period. 

4.73. I = nX 0 /yi + (1 - n 2 ) (V2n) 2 = 3.3, n' = V 1 + (2n A c ) 2 = 
= 4.3 times. 

4.74. T = V (4ji 2 + X 2 ) Az/g = 0.70 s. 

4.75. (? = itn/ln r] = 5 • 10 2 . 

4.76. s«Z(l+e-^ 2 )/(l-e-V2) = 2 m. 

4.77. Q= i l 2 \/' 1 = 1.3- 10 2 . 

4.78. T = Y » / 2 (4tt 2 + A, 2 ) i?/g = 0.9 s. 

4.80. T] = 2XhI/nR i T. 

4.81. t = 2RIIa i B\ 

4.82. (a) T — 2nY m/x — 0.28 s; (b) n = (x 0 — A)/4A = 3.5 oscilla- 
tions, here A = kmglx. 

4.83. x = ( cos a> 0 Z — cos ©Z). 

4.84. The motion equations and their solutions: 

Z ^ x, a: + ©„£ = Flm, x = (1 — cos © 0 Z) FY&, 
f t, x 4- o>lx =0, x — a cos [oo 0 (Z — t) -j-oc], 

where © 2 = k/m, a and a are arbitrary constants. From the conti- 
nuity of x and x at the moment Z = t we find the sought amplitude: 


a — (2F7ft)|sin (© 0 Z/2)|. 


4.85. 


®re» = 



1-(A./2n) 2 g 
l + (3t/2n)* M ’ 



4.86. ( o res = /(©* + ©*)/2 = 5.1 • 10 2 s-i. 

4.87. (a) ©o = y ©j© 2 j (b) p= | © 2 — © 1 |/2|/'3, 

= V ® 1©2 — (©2 — © i ) 2 / 12 . 

4.88. rj = (1 + A. 2 /4it 2 ) it IX = 2.1. 

4.89. A = naF 0 sin (p. 


0) = 
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4.90. (a) Q=% V^csizr 


4to 2 tog 


•1 = 2.2; (b) A — nma z ((i>l — 


(to 2 — cog) 2 tan 2 q > 

— (o 2 ) tan qp = 6 mJ. Here u 0 = Y x/m. 

4.91. (a) = (b) (o = co 0 , (P) max = FlWrn. 

4.92. 

( P)max T] 2 — 1 

4.43. (a) A=-rnp m JV m since; (b) Q = . 


4.94. o) = ]/n(? 2 /e 0 m = 1.65 -10 16 s- 1 . 

4.95. F 2 + PL/C = V 2 m . 

4.96. (a) 7 = 7 m sin co 0 f, where I m = V m VC/L, a> 0 = l/Y LC; 

(b) % 8 =VJV 2. 

4.97. A = (t] 2 - 1) IF. 


4.98. (a) 7’ = 2 ji/L(C 1 + C 2 ) = 0.7 ms; 

(b) 7 m = F/(C 1 + C 2 )/L = 8 A. 

4.99. F = */ 2 (1 ± cos cot) F 0 , where the plus sign refers to 
the left-hand capacitor, and the minus sign to the right-hand one; 
cd = V~2lLC. 

4.100. 7 = cos (f/ ]/LC). 

4.101. (a) t n = ^-; (b) t n = -i- [arctan ( — )+ Jtra] . Here 

n~ 0, 1, 2, ... 

4.102. F 0 /F m =]/ 1— §£. 

4.103. F c = 7 m |/ L/C e-P* sin (coJ-l-a) with tana = co/|3; F c (0) = 


-I mV c(l + P 2 /co 2 )’ 

4.104. W L /W C = LICR 2 = 5. 

4.105. L = Li + L 2 , 7? = 7?! -f 7? 2 . 

4.106. t =-2-ln t] = 0.5 s. 

'TT'VJ 1 


4.107. n=4-/ ^--1-16. 


4.108. 


2ji 
co n — to 


= 0.5%.- 


®o F l + 1/(2<?) 2 8 <? 2 

4.109. (a) JF 0 = !/ 2 g 2 (L + C7? 2 )/(r + 7?) 2 = 2.0 mJ; 
W 0 B~ tR/L = 0.10 mJ. 


(b) IF = 


4.110. t : 


2nvo 


In t)= 1.0 ms. 


4.111. (a) Tc-mci-- <H Q“W yr- 1 - 

When solving the problem, it should be taken into account that 
dqldt = / — /' , where g is the charge of the capacitor, I is the cur- 
rent in the coil winding, /' is the leakage current (/' = VIR). 


4.112. = = 1.0-102. 

4.113. {P) = R {P) = V 2 i?/^ = 20 mW. 

4.114. (P) = '/ 2 RCVJL = 5 mW. 

Ii/Jl 
2 V C * 


LC 


4.115. a = j/ 

4.117 . / = ^.<e-*/V2B ; 7 = / mo * = -^]/ 

=/Zc. 


’ 4i? 2 C 2 * 2 

, 1 , 1 _ 1 
and R t + R 2 ~ R ■ 


at the moment 


4.118. /: 


• [cos (tot — <p)— cos cp ■e -tR '' L ], tan <p = mL/R . 


Y fl 2 +to 2 i 2 

4.119. I = - ■■■ — = [cos (m t — <p) — cos cp - ft-t/Hcj tan<p = 

Y i? 2 H-l/((oC ) 2 v Y Y 

1 v ur —mv 


(oRC 


4.120. The current lags behind 
the voltage by phase angle cp, defined 

by the equation tan cp — 


[X 0 3T l va 


4rcp 

4.121. The current is ahead of 
the voltage by the phase angle 
<p = 60°, defined by the equation 



r __ _4 l / £_ 

^ | of current 

1/ 


Fig. 31. 


tan (p = V (F m /i?/ m ) 2 — 1. 

4.122. (a) F' = P 0 + F m cos ( <at — a ) , where V m = V 0 /Y\ + (aRC) 2 , 
a = arctan (a>RC); (b) RC = Y t| 2 — l/ro — 22 ms. 

4.123. See Fig. 31. 

4.124. (a) / m = F m /'K^ 2 + (® Z '-l/©C) 2 = 4.5 A; (b) tanq> = 
_wL—AUo£ , qj_ _60° (the current is ahead of the voltage); 

(c) F c = 7 m /coC = 0.65 kV, Fl = / to K # 2 + to 2 7 2 = 0.50 kV. 

4.125. (a) cd = 1Ao) 2 -2P 2 ; (b) o> = © 2 /V © 2 -2p 2 , where o> 2 = 
= 1/Z.C, p = i?/2L. 

4.126. For C = -^=28^; F t = F m /i + (o>L/i?) 2 = 0. 54 kV; 

V c = V m ti»L/R = 0.5 “ kV. 

4.127. / = I m cos (u>t + <p) , where I m = 1 + (o>i?C) 2 and 

tan cp = coi?C. 

4.128. 0)0=}/" c l\ 2 ) • 

4.129. Q = y r n 2 -l/4. 

4.130. (2=1/^ 1 


(n — 1> 2 4 


4.131. (a) (o 0 = V <o 1 o) 2 ; (b) <?=]/ 
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4. 133. I 0 U = Vi + (<? 2 + 1/4) (r| 2 - 1) 2 /t) 2 , 2.2and 19 respectively. 

4.134. t = l / 2 nt 0 . 

4.135. (a) /=y=-/ 0 wl.l5/ 0 ; (b) / = yg- / 0 « l.ll/ 0 . 

4.136. 

4.137. The current lags behind the voltage by the phase angle 

<p - arccos Yi - ( TJZf - « 37°, /> = l/Z 2 - Al = 0.16 kW. 

1/2 

4.138. For R = aL-r = 0.20 kQ; ^^ = ^- = 0.11 kVV. 

4.139. Increased by Y n ~ 1 « 30%. 

4.140. For <?^>1 the ratio is A(i)/o> 0 » i l 2 Yn — \/Q — 0.5%. 



Ir Axis of_ 
(p j voltages 




II 


(c) 


Fig. 32. 


4.141. P 2 - */, (F 2 - V\ - VI)/ B = 30 W. 

4.142. = */, (/ 2 - I]- I\)R = 2.5 W. 

4.143. Z = R/Y 1 + ((i>C7?) 2 = 40 Q. 

4.144. See Fig. 32. 

4.145. (a) (n res =]/ -Zc —jr = 3- i0<t rad/s; (b) I = VRC/L = 
= 3 rri A, I L — V Y'CjL = 1.0 A, / c = r/j-(y) Z = 1.0 A. 

, , /c , ti>C(B 2 +<is*L*)— aL 

4.146. tan <p = — 1 — — . 

4.147. Z = j/\- 


i ?2 + (| J 2£,2 


(©Ci?) 2 +(1 — © 2 CL) 2 * 

r. 4 f.n / V \ uPLJL 12 /? 3Z.12 

4.149. 

4.150. «=- 77 J^=T. 

4.151. Acp = -j- | (*4 — Z2) cos a + (1/4 — y 2 ) cos £ + (24 — 22) cos 7 |. 

4.152. k = ®(£ + T7 + -^)- 

4.153. | = a cos [(1 — V/v) at — fcr'], where v = a>lk. 

4.155. (a) a/k = 5.1 • 1 0 ~ 6 ; (b) v m — 11 cm/s, 3.2-10- 4 ; 


(c) (d%/dx) m = 3.2- 10 + (dt/dt) m = v (dUdx) t 
is the velocity of the wave. 


where v = 0.34 km/s 
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4.156. See Fig. 33. 

4.157. A<p= ~ In (1 — rj) « —0.3 rad. 

4.158. r = (a 1 r 1 -l-a 2 r 2 )/(a 1 + a 2 ). 

4.159. (a) y= =°- 08 m‘‘; (*>) »m = -^p- = 15 cm/s. 

4.160. (a) See Fig. 34a. The particles of the medium at the points 
lying on the solid straight lines (y — x ± rik, n • — 0, 1, 2, . . .) 



Fig. 33. 


oscillate with maximum amplitude, those on the dotted lines do 
not oscillate at all. 

(b) See Fig. 346. The particles of the medium at the points lying 
on the straight lines y = x ± nX, y = x ± {n - h 1/2) X and y = 
= x ± {n 4= 1/4) X oscillate respectively along those lines, at 



Fig. 34. 


Tight angles to them, or move along the circles (here n — 0,1,2,.. .)• 
At all other points the particles move along the ellipses. 

4.161. (w) = 2 / 3 w 0 . 

4.162. <®>= TnwH 20 i‘ w - 

4.163. ((D) = P/V l + (2R/h) 2 = 0.07 W. 
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4.164. Fee Fig. 35, for (a) and (b); see Fig. 36 for (c). 

4.165. (a) w p = V 2 p a 2 © 2 sin 2 kx- cos 2 cot; (b) w h = V 2 pa 2 a> 2 X 
X cos 2 fcr*sin 2 a>f. See Fig. 37. 




Fig. 35. 


4.166. a mo * = 5 mm; to the third overtone. 


4.167. 


v z _ | /" r|2 (f +21jj 
Vi F T| x (l + ri 2 ) 


4.168. Will increase r) = 


= 1.4. 

/ 1— Ar/r 
l + MIl 


= 2 times. 



Fig. 36. 


Fig. 37. 


4.169. v — 2lv = 0.34 km/s. 

4.170. (a) v n = -£-(2re + l), six oscillations; (b) v„ = -|-(n + l), 
also six oscillations. Here rc = 0, 1, 2, ... 

4.171. — = 3.8(2re-fl) kHz; four oscillations with 

frequencies 26.6, 34.2, 41.8, and 49.4 kHz. 

4.172. (a) r mo *=7 4 m© 2 <4 a :c; (b) {T) = V 8 mco 2 a^ nx . 

4.173. FF = 'UnSptfaVk. 

4.174. v = 2\ 0 vu/(v 2 — u 2 ) « 2v 0 u/v — 1.0 Hz. 
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4.175. u = (V 1 -f (v/v 0 ) 2 — l) « = 0.5 m/s. 

4.176. o) = (y l + (Av/v 0 ) 2 — l) = 34 s->. 

4.177. v — xq/Y 1 + 2wt/v = 1.35 kHz. 

4.178. (a) v = Vq/ (1 — t) 2 ) = 5 kHz; (b) r = Z l/"l -+• *| 2 = 0.-32 km. 

4.179. Decreases by 2 u/(v + u) = 2.0%. 

4.180. v = 2 v 0 u/(v + u) = 0.60 Hz. 

4.181. 7 = = 6 • 10 ~ 3 m_1 - 

4.182. (a) L' = L — 20\tf; log e = 50 dB; (b) x = 0.30 km. 

4.183. (a) L = L 0 + 20 log (r 0 /r) = 36 dB; (b) r > 0.63 km. 

4.184. P = ln(jg /t a ) / [t .j. (r B ~r /l )/ v ]= 0. 12s _1 . 

4.185. (a) Let us consider the motion of a plane element of the 
medium of thickness dx and unit area of cross-section. In accordance 

with Newton’s second law p dx\ = —dp, where dp is the pressure 

increment over the length dx. Recalling the wave equation £ = 
= V s (d 2 £/dx?), we can write the foregoing equation as 

pv*^dx= -dp. 

Integrating this equation, we get 

A p= — pu 2 -|| + const. 

In the absence of a deformation (a wave) the Surplus pressure is 
A p = 0. Hence, const = 0. 

4.186. (<t>> - n R 2 (Ap fJ2£yX = 11 mW. 

4.187. (a) (Ap) m = YpvP/2nr z = 5 Pa, (A p) m lp = 5-10' 5 ; 

(b) a = (Ap) m /2nvpv = 3pm, a/% = 5-10-®. 

4.188. P = 4nr 2 e 2 ^/ 0 • 10 L = 1.4 W, where L is expressed 
in bels. 

4.189. A% = (i/Y e — l)c/v= —50 m. 

4.190. t = 2(]/e 1 — ]/ r e 2 )Z/cln(e 1 /e 2 ). 

4.191. jljdis — cr/2nvee 0 = 2. . 

4.192. H = -i V^T 0 [kE m ] cos (ckt), where c is the velocity of 

K 

the wave in vacuum. 

4.193. (a) H = 1/ e 0 /p 0 cos fcr = — 0.30e z ; 

(b) H = e z E m Y &o/'Po cos ( ckt 0 — kx ) = 0.1 8e z . Here e z is the unit vector 
of the z axis, H is expressed in A/m. 

4.194. e m = 2tt vl 2 E m /c = 13 mV. 

4.196. (S) = 1 / 2 ke 0 c 2 £’y®- 

4.197. (a) Ut, = n ]/ 2e 0 v£ ro = 0.20 mA/m 2 ; (b) (S) = 
= V 2 e 0 d?m = 3.3 pW/m 2 . 
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4.198. Since t T, where T is the period of oscillations, W — 
= ‘/ 2 |/ ee 0 /n 0 E 2 mnR 2 t — 5 kJ. 

4.199. B = B m sin fcr-sin to t, where B m J_ E m , with B m = E m /c. 

4.200. S x = V 4 e 0 c£|, sin 2fcr-sin 2cof, { S x ) = 0. 

4.201. WJW e = y 8 e 0[ i 0 (o 2 R 2 = 5.0- 10- 15 . 

4.202. WJW m = l / 8 s 0i .i 0 «> 2 R 2 = 5.0- 10- 15 . 

4.204. 0> s = PR. 

4.205. S = py ml2eU/4nH 0 r 2 . 

4.207. To the left. 

4.208. (D = VI. 

4.209. <0) = V 2 F 0 / 0 cos (p. 

4.211. The electric dipole moment of the system is p — — 

= (e/m) Mrc, where M is the mass of the system, r c is the radius 

vector of its centre of inertia. Since the radiation power P oc p 2 oc 


oc rc, and in our case r c = 0, P = 0 too. 


4.212. { P >: 

4.213. /> = 


4 e 2 a 2 co 4 


4ne 0 

1 


3c 3 

2 


(4jie 0 ) 3 3c 3 
1 


= 5-10~ i5 W. 

( qe 2 \2 

\mR 2 ) • 

31 e i q 2 


4.214. A W zs, (4srieo)3 3 C 3 m 2 v j,3- 

4.215. A W/T = x l z *BlB4t*m* = 2 • lO' 18 . 

4.216. r=r o e~ a *, where a= l / s e^B 2 /m 0 c s m 3 . After * 0 = — = 


f 2.5 s for the electron, 

1 1.6 *10 10 s = 0.5-10 3 years for the proton. 

4.217. S x /S 2 - tan 2 (<ol/c) = 3. 

4.218. (a) Suppose that t is the moment of time when the particle 
is at a definite point x , y of the circle, and t' is the moment when 
the information about that reaches the point P. Denoting the observed 
values of the y coordinate at the point P by y f (see Fig. 4.40), we 
shall write 


t’ = t 


l—x(t) 


y’ (?) = y(t). 


The sought acceleration is found by means of the double differen- 
tiation of y ( with respect to t'\ 

dy' dy dy dt d 2 y dt d / dy' \ v 2 v/c—y/R 

■ IF ~lF~~~'~df~dF ' IF 2 * ~~~dt r ~dT \ IF ) - ~R (1 — vyfcRf » 

where the following relations are taken into account: x ~ R sinottf, 
y = R cos (o t, and co = v/R. 

(b) Energy flow density of electromagnetic radiation S is pro- 
portional to the square of the y projection of the observed accelera- 
tion of the particle. Consequently, SJS 2 = (1 + y/c) 4 /( 1 — y/c) 4 . 

4.219. (P) = 8 / 3 jir 2 *S 0 . 

4.220. (w) = 3 / 8 P 0 /jir 2 c. 

4.221. P = V 6 p 2 co 4 /jxe 0 c 3 . 
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4.222. (P)/{S) = (e 2 /m)V*/ 6n. 


4.223. ( P)/(S ) 


fig (e 2 (m ) 2 a) 4 
6ji (cog — (o 2 ) 2 * 


4.224. i? — 3P/lQjicypM c « 0.6 [xm. 

5.1. (a) 3 and 9 mW; (b) <D = V 2 (Fi + V 2 ) <& e IA = 1.6 lm, 
where A = 1.6 mW/lm, and F 2 are the values of relative spectral 
response of an eye for the given wavelengths. 

5.2. Ein = V \i 0 / E 0 A(b/2nr 2 V%, hence E m = 1.1 V/m, = 
= 3.0 mA/m. Here ^4 =1.6 mW/lm, V x is the relative spectral 
response of an eye for the given wavelength. 


5.3. (a) <£> = V 2 £«; (b) (£) = 1 = 50 lx. 

5.4. M = 2 / 3 nL 0 . 

5.5. (a) = nLAS sin 2 0; (b) Af = jtL. 

5.6. hf&R, E = LSIAR 2 = 40 lx. 

5.7. / = / 0 /cos 3 0, <D = nI 0 R 2 /h 2 = 3- 10 s lm. 

5.8. E max — (9/16jiV 3) p ES/R 2 — 0.21 lx, at the distance 
RlY 3 from the ceiling. 

5.9. E = nL. 

5.10. E = nL. 

5.11. M = £ 0 ( 1 + TO 2 ) = 7-10 2 lm/m 2 . 

5.12. £ 0 = nLR 2 lh 2 = 25 lx. 

5.13. e' = e — 2(en) n. 

5.14. Suppose n lt n 2 , n 3 are the unit vectors of the normals to 
the planes of the given mirrors, and e 0 , e lt e 2 , e 3 are the unit vectors 
of the incident ray and the rays reflected from the first, second, 
and the third mirror. Then (see the answer to the foregoing problem): 

e i = e o — 2 (eonj n lt e 2 =e 4 — 2 (e^) n 2 , e 3 = e 2 — 2 (e 2 n 3 ) n 3 . 
Summing termwise the left-hand and right-hand sides of these 
expressions, it can be readily shown that e 3 — — e f 

5.15. 0J = arctan n — 53°. 

5.16. nJn 2 =^lY v ? — 1 = 1.25. 

5.17. x = [1 — V (1 —sin 2 0)/(n 2 — sin 2 0)] d sin 0 — 3.1 cm. 

5.18. h' = (hn 2 cos3 Q)/(n 2 - sin 2 0) 3 / 2 . 

5.21. 0 = 83°. 

5.22. From 37 to 58°. 

5.23. a = 8.7°. 

5.24. Arv. = A i in i — Are — 0.44°. 

y 1 — n 2 sin 2 (0/2) 

5.27. (a) / - Zp/( 1 - P 2 ) = 10 cm; (b) / = - PJ - 

= 2.5 cm. 

5.28. /' = p/ 0 / 2 (/ -s) 2 = 2.0- 10 3 cd. 

5.29. Suppose S is a point source of light and S' its image 
(Fig. 38). According to Fermat’s principle the optical paths of all 
rays originating at S and converging at S' are equal. Let us draw 
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circles with the centres at S and S' and radii SO and * S'M. Conse- 
quently, the optical paths (DM) and (OB) must be equal: 

n-DM — v! • OB. (*) 

However, in the case of paraxial rays DM & AO + OC , where 
AO « h 2 l( — 2s) and OC « h' 2 /2R. Besides, OB = OC — BC « 
m h' 2 l2R — h' 2 l2s'. Substituting these expressions into (*) and 
taking into account that h' « h , we obtain n'/s' — n/s = (n'—ri)/R. 



Fig. 38. 


5 - 30 * x = ^fi( l ~V /r 1 — (» — 1 ) r ) ’ r max = fV (n — l)/(»+l). 

5.31. 6.3 cm. 

5.32. (a) p = 1 - d (n — l)/nR — —0.20; (b) E = nn 2 D 2 L/4d 2 = 
— r 42 lx. 

5.33. ’ (a) O = O 0 (n - re„)/(w - 1) = 2.0 D, /' = -/ = n 0 /O = 
= 85 cm; (b) <D = ‘/ 2 O 0 (2 n - n 0 - l)/(n - 1) = 6.7 D, / = 
= I/O « 15 cm. /' — n 0 /<t> « 20 cm. Here n and n 0 are the refrac- 
tive indices of glass and water. 

5.35. Ex « Elf /(l — f) 2 = 0.5 mm. 

5.36. (a) J = [l* -JElfW = 20 cm; 

(b) / = l V rj/(l + V " Tl) 2 = 20 cm. 

5.37. h = V h'h" = 3.0 mm. 

5.38. E = (1 — a) nLDVAf = 15 lx. 

5.39. (a) Is independent of F>; (b) is proportional to D 2 . 

5.40. / = n 0 R/2(n 1 — n 2 ) = 35 cm, where n 0 is refractive index 
of water. 

5.41. / = R/2(2n - 1) = 10 cm. 

5.42. (a) To the right of the last lens at the distance 3.3 cm from 
it; (b) l — 17 cm. 

5.43. (a) 50 and 5 cm; (b) by a distance of 0.5 cm. 

5.44. T = D/d. _ 

5.45. i|> = i|//K ti - 0.6'. 

5.46. T' — (F -f- 1) reo ” — 1 = 3.1, where n 0 is the refractive 
index of water. 
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5.47. r < Dld 0 = 20. 

5.48. T = 60. 

5.49. (a) T — 2al 0 /d 0 = 15, where l 0 is the distance of the best 
vision (25 cm); (b) T 2a l 0 /d 0 . 

5.50. The principal planes coincide with the centre of the lens. 
The focal lengths in air and water: / = — l/d> = — 11 cm, /' = 
= n 0 /d> = +15 cm. Here ® = (2 n — n 0 — 1 )/R, where n and n 0 
are the refractive indices of glass and water. The nodal points coincide 
and are located in water at the distance x — f + / = 3.7 cm from 
the lens. 

5.51. See Fig. 39. 

5.54. (a) The optical power of the system is <t> = <!>! + (J> 2 — 
— dd> iO a = + 4 D, the focal length is 25 cm. Both principal planes 


H H’ 



(a) 




Fig. 39. 


are located in front of the converging lens: the front one at a distance 
of 10 cm from the converging lens, and the rear one at a distance of 
10 cm from the diverging lens ( x — d( D 2 /d> and x' — — dOj/d)); 
(b) d — 5 cm; about 4/3. 

5.55. The optical power of the given lens is d> = d>x + d> 2 — 

— {din) d^dJg, x — dd> 2 /n< f> = 5.0 cm, x' = —dG>i/n<S> == 2.5 cm, 
i.e. both principal planes are located outside the lens from the side 
of its convex surface. 

5.56. / = j . The lens should be positioned in the front 

principal plane of the system, i.e. at a distance of x — 

— fid/(fi + / 2 — d) from the first lens. 

5.57. <D = 2<D' - 2d>' 2 Z/« 0 = 3.0 D, where <D' = (2n-n 0 -i)/R, 
n and n 0 are the refractive indices of glass and water. 

5.58. (a) d — nAR/(n — 1) = 4.5 cm; (b) d = 3.0 cm. 

5.59. (a) <£> = d (n — 1 ) 2 lnR 2 > 0, the principal planes are locat- 
ed on the side of the convex surface at a distance of d from each 
other, with the front principal plane being removed from the convex 
surface of the lens by a distance of R/(n — 1); (b) d> = (l/i? 2 — i/Rj) X 
X ( n — 1 )/n <0; both principal planes pass through the common 
curvature centre of the surfaces of the lens. 

5.60. d — ^-l^n {R 1 + R 2 )/(n — 1) = 9.0 cm, T = i?x/i? 2 = 5.0. 

5.61. <D = 2{n 2 - 1 )/n 2 R = 37 D. 

5.63. p = 3*10 7 m; |Vn|= 1.6* 10* 7 m _1 . 

5.65. 1.9a. 


22—9451 
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5.66. Let us represent the fcth oscillation in the complex form 

= ae i h°i+(&-i) , p] = a*e ifi>t , 

where a* — is the complex amplitude. Then the complex 

amplitude of the resulting oscillation is 

2V 

A*= 2 ae i (ft- 1 >i> = a[l-|-e 1 v4-e* 2< P-|- ... 4- e iOv-n<pi __ 

s=i 

= a (e‘<Piv _ i)/( e *<p — 1). 

Multiplying A* by the complex conjugate value and extracting 
the square root, we obtain the real amplitude 

A = a i /l^coijVjP = a 

V 1 — cos cp sin (<p/2) 

5.67. (a) cos 0 = (A: — (p/2n) X/d, k = 0, ±1, ±2, . . 

(b) q> = n/2, d/X = k -+- 1/4, k = 0, 1, 2, . . . 

5.68. Acp = 2 n [k — (d/X) sin (c ot -f- a)], where k = 0, ±1, 

±2, . . . 

5.69. X = 2 AxAk/l (n - 1) = 0.6 ^m. 

5.71. (a) iXx = X (b -f- r)/2ar = 1.1 mm, 9 maxima; (b) the 

shift is 8x = ( blr ) 81 = 13 mm; (c) the fringe pattern is still sharp 
when 8x •< Ax/ 2, hence 8 max = (1 -+- r/b)X/ 4a = 43 nm. 

5.72. X = 2aAx = 0.64 ^m. 

5.73. (a) Ax = Xfla = 0.15 mm, 13 maxima; (b) the fringes 
are still sufficiently sharp when 8x Ax/2, where 8x is the shift 
of the fringes from the extreme elements of the slit, hence, 8 m „ x — 

= Xf/2ab = 37 [im. 

5.74. X = 2 a 0(n — 1) Ax/(a -)-&) = 0.6 p,m. 

5.75. Ax « X/29 ( n — n') — 0.20 mm. 

5.76. The fringes are displaced toward the covered slit over the 
distance Ax = hi ( n — 1 )/d — 2.0 mm. 

5.77. n' = n + NX/ 1 = 1.000377. 

5.78. (a) Let E, E', and E" be the electric field vectors in the incident, 
reflected and transmitted waves. Select the x-, y-axes at the interface so that 
they coincide in direction with E and H in the incident wave. 

The continuity of the tangential components across the interface 
yields 


E + E' = E”. 

The minus sign before H ' appears because H it H. 

Rewrite the second equation taking into account that H<xnE. Solving 
the obtained and the first equation find: 


sat 


E" = 2E«/(«! + «2>. 


Hence, we see that E” and E are collinear, that is. cophasal. 
(b)E' = E («, — «?)/(«! + n^), 


that is at n z > «, and E' i t E the phase abruptly changes by ir at the inter- 
face. If n 2 < n, the phase jump does not occur. 


5.79. d = (1 + 2 Zc) /yV - sin 2 0, = 0.14 (1 + 2/c) 

k = 0 , 1 , 2 , ... 

5.80. d min = 0.65 [xm. 

5.81. d = i U‘k (l + 2Zc) /]/ n, where Zc — 0, 1, 2, ... 


5.82. 


j , Y n 2 — sin 2 6 
d ~ K sin 20-66 


— 15 [xm. 


|xm, 


5.83. 

5.84. 

5.85. 

5.86. 


4 nl 2 (i—k) • 

. X cos 0i 

ax = 


2a Y ni — sin 2 
(a) © = l / 2 X/nAx = 3'; (b) 
A r « V 4 AJ?/r. 


Am « Az/Z = 0.014. 


where 


5.87. r' = j / r 2 — 2/?A/t — 1.5 mm. 

5.88. r = j/r 2 + (/c — 1/2) = 3.8 mm, where Zc = 6. 

5.89. = V 4 (cZj — dl)/R (Zc 2 — Zi^) = 0.50 [xm, where Zc x and 
Zc 2 are the numbers of the dark rings. 

5.90. O = 2 (n — 1)(2 k — 1 )X/d 2 = 2.4 D, where Zc is the 
number of the bright ring. 

5.91. (a) r = Y2k‘k(n— 1)/G> = 3.5 mm, where Zc— 10; (b) r' — 
= r/Vn 0 = 3.0 mm, where n 0 is the refractive index of water. 

5.92. r = |/^/ 2 (1 +-2/c) XR/n 2 =1.3 mm, where k~ 5. 

5.93. k m j n = 1 /2^i/(^ 2 ^i) ~ 140. 

5.94. The transition from one sharp pattern to another occurs 
if the following condition is met: 


(k + 1) K = a 2 , 


where k is a certain integer. The corresponding displacement A h 
of the mirror is determined from the equation 2A h = kX 2 . From these 
two equations we get 


A h 


^ 1^2 

2 (^2 — ^ l ) 


A, 2 

2AA, 


= 0.3 mm. 


5.95. (a) The condition for maxima: 2d cos 0 = kk ; hence, the 
order of interference k diminishes as the angle 0, i.e. the radius of 
the rings, increases (see Fig. 5.18). (b) Differenting both sides of 
the foregoing equation and taking into account that on transition 
from one maximum to another the value of k changes by unity, we 
obtain 60 = x l 2 Xld sin 0; this shows that the angular width of the 
fringes decreases with an increase of the angle 0, i.e. with a decrease 
in the order of interference. 


22 * 
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5. 96. (a) k max = 2 d/ft = 1.0- 10 5 , (b) Aft = ft/ft = ft 2 /2 d = 5 pm. 

oo 

5.97. = j I{r)rdr. 

o 

5.98. ft = ar a /(Efl - r 2 ) = 2.0 m. 

5.99. ft = (r 2 — r\) (a + b)/2ab = 0.60 pm. 

5.100. (a) / « 4/ 0 , I « 2/ 0 ; (b) / « /„. 

5.101. (a) / « 0; (b) / « IJ2. 

5.102. (a) /j^ ~ */i8 1 01 I Z ~ k 1 01 1 3 — 0 i A = / 2 . 7 ^ 
« (1 - <p/2n) 2 / 0 ; (b) / 5 « 25 / 16 / fl , / 6 » »/ 4 / fl , / 7 « »/ 16 / 0 , / 8 - 
= / 6 , / « (1 + <p/2n) 2 /„. Here <p is the angle covered by the 
screen. 

5.103. (a) ft = ft (ft + 3/8)/(» — 1) = 1.2 (ft + 3/8) pm; (b) ft = 
= 1.2 (ft H- 7/8) pm, (c) ft = 1.2ft or 1.2 (ft -f- 3/4) pm. Here ft = 
= 0, 1 , 2, . . . 

5.104. ft = ft (ft -f- 3/4 )/(n — 1), where ft = 0, 1, 2, . . ., 

(6) I max 8/fl. 

5.105. ft mt - n « ft (ft -f- 5/8 )/(n — 1) = 2.5 pm, where ft == 2. 

5.106. r = J/" ft ft/6/ (6 - /) = 0.90 /ft mm, where ft = 1, 3, 5, ... 

5.107. 6' - bl rf = 1.0 m. 

5.108. (a) y' = t/6/a = 9 mm; (b) h min « aftft/Z) (a + ft) = 
= 0.10 mm. 

5.109. f — abl(a + b) = 0.6 m. This value corresponds to the 
principal focal point, apart from which there are other points as 
well. 

5.110. (a) ft = 0.60 (2 ft + 1) pm; (b) ft = 0.30 (2ft + 1) pm. 
Hers Jc == 0 1 2 . 

5.111. (a) ’imajimtn ® 1.7, (b) ft = 2 (Ax)*/b(v 2 - l^) 2 = 

= 0.7 pm, where and r 2 are the corresponding values of the para- 
meter along Cornu’s spiral. 

5.112. I cenlr J I edge. « 2.6. 

5.113. ft = (Aft) 2 /2ft (y 2 — y x ) 2 = 0.55 pm, where v x and v 2 are 
the corresponding values of the parameter along Cornu’s spiral. 

5.114. ft « ft (ft + 3/4 )/(ra — 1), where ft = 0, 1, 2, . . . 

5.115. IJI X » 1.9. 

5.116. / » 2.8 /„. 

5.117. /, : / 2 : / 3 « 1:4:7. 

5.118. / « 

5.119. /e co (sin 2 a)/a 2 , where a=(nft/ft ) sin 0; ft sin 0 = ftft, 
ft = 1, 2, 3, . . . 

5.120. The condition for a maximum leads to the transcendental 
equation tan a = a, where a = (nb/k) sin 0. The solution of this 
equation (by means of plotting or selection) provides the following 
root values: a x = 1.43n, a 2 = 2.46n, a 3 = 3.47n. Hence 6 sin 0 X = 
= 1.43ft, ft sin 0 2 = 2.46ft, ft sin 0 3 = 3.47ft. 

5.121. 6 (sin 0 — sin 0„) = ftft; for ft = + 1 and ft = —1 the 
angles 0 are equal to 33° and 27° respectively. 
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5.122. (a) A0 = arcsin ( n sin 0) — 0 = 7.9°; (b) from the con- 
dition b (sin — n sin 0) = we obtain A0 — 0 +1 — 0 , = 
= 7.3°. 

5.123. X « (a 2 — aj) dl2k — 0.6 jam. 

5.125. 55°. 

5.126. d — 2.8 (im. 

5.127. X = (dsin A0)/}/5 — 4cosA0 = O.54 pm. 

5.128. (a) 45°; (b)-64°. 

5.129. x = 2i?/(n — 1) V (d/X) 2 — 1 = 8 cm. 

5.130. From the condition d [ra sin 0 — sin (0 + 0 ft )] = kX we 
obtain 0 O = —18.5°, 0 +1 = 0°; k max — +6, 0 +6 = +78.5°. See 
Fig. 40. 

5.131. hk — X (k — 1/2 )/(n — 1), where k = 1, 2, . . .; 
a sin 0 X = X/2. 

5.132. v — Xvf/Ax = 1.5 km/s. 

5.133. Each star produces its own diffraction pattern in the 
objective’s focal plane, with their zeroth maxima being separated 



and when 0 becomes equal to 2 tJj, the first deterioration of visi- 
bility occurs: the maxima of one system of fringes coincide with the 
minima of the other system. Thus, from the condition 0 = 2 i)j and 
the formula sin 0 = XI d we obtain ij? = XI 2d » 0.06", 

5.134. (a) D=JtldV_ 1 — <JcX/d ) 2 =sQ.5 ang. min/nm, where k— 2; 
(b) D — kid Vi — ( kX/d — sin 0 O ) 2 =13 ang. min/nm, where k — 4. 

5.135. dQldX = (tan Q)/X. 

5.136. A0 = 2X1 Nd ]/l - {kX/dj^ = IV. 

5.139. 0 = 46°. 

5.140. (a) In the fourth order; (b) 6X min « X 2 /l = 7 pm. 

5.141. (a) d = 0.05 mm; (b) l = 6 cm. 

5.142. (a) 6 and 12 um; (b) not in the first order, yes in the se- 
cond order. 
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5.143. According to Rayleigh’s criterion the maximum of the 
line of wavelength X must coincide with the first minimum of the 
line of wavelength X + SX. Let us write both conditions for the least 
deviation angle in terms of the optical path differences for the 
extreme rays (see Fig. 5.28): 

bn - (DC + CE) = 0, b (n + 8 n) - (DC + CE) = X + 8X. 

Hence, bbn « X . What follows is obvious. 

5.144. (a) X/8X =2 bBIX 3 ; 1.2-10 4 and 0.35-10 4 (b) 1.0 cm. 

5.145. About 20 cm. 

5.146. R = 7*10 4 , A y min zz 4 cm. 

5.147. About 50 m. 

5.148. Suppose A\|) and A^' are the minimum angular separations 
resolved by the telescope’s objective and the eye respectively 
(A\}) = 1.22 XlD, A\J?' = 1,22 X/d 0 ). Then the sought magnification 
of the telescope is F mfn = A\|//A\J? = Dld 0 = 13. 

5.149. d min — 0.6li/sin a = 1.4 fxm. 

5.150. Suppose d min is the minimum separation resolved by the 
microscope’s objective, Aif is the angle subtended by the eye at 
the object over the distance of the best visibility l 0 (25 cm), and 
A\|/ is the minimum angular separation resolved by the eye (A\j/ = 
= 1.22 X/d 0 ). Then the sought magnification of the microscope is 
r m fn = Ai|)7Ai|) = 2 (l 0 /d 0 ) sin a = 30. 

5.151. 26, 60, 84, 107 and 134°. 

5.152. a = 0.28 nm, b = 0.41 nm. 

5.153. Suppose a, p, and y are the angles between the direction 
to the diffraction maximum and the directions of the array along the 
periods a, b, and c respectively. Then the values of these angles can 
be found from the following conditions: a (1 — cos a) = k x X, 
b cos |J = k 2 X, and c cos y — k 3 X . Recalling that cos 2 a + cos 2 P + 
+ cos 2 y = 1 , we obtain 

* Zk 1 la 

^ “(*!/«)* + (fc,/6)* + (W 

2 3 /'~m 

5.154. % — — y —sin a = 244 pm, where k — 2, m is the mass 
of a NaCl molecule. 

5.155. d — 2 sin ^ a / 2 ) VK + K — 2k t k 2 cos (a/ 2) = 0.28 pm, where 

k i and k 2 are the orders of reflection. 

5.156. r — l tan 2a = 3.5 cm, where a is the glancing angle 
found from the condition 2d sin a = kk. 

5.157. 7 0 /4. 

5.158. (a) 7 0 ; (b) 2 !/ 0 . 

5.159. E — nd& 0 /a) = 0.6 mJ. 

5.160. ri = ‘/ 2 (cos q,)2(jv— i) ^0.12. 

5.161. / 0 //=- 3 - 2 - r - » 60. 

u T 3 COS 4 (p 

5.162. I po i II nat = P/( 1 - P) = 0.3. 
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5.163. P = (tj — 1)/(1 — T| cos 29) = 0.8. 

5.164. (a) Let us represent the natural light as a sum of two mutual- 
ly perpendicular components with intensities 7 0 . Suppose that each 
polarizer transmits in its plane the fraction 0^ of the light with 
oscillation plane parallel to the polarizer’s plane, and the fraction 
a 2 with oscillation plane perpendicular to the polarizer’s plane. 
The intensity of light transmitted through the system of two pola- 
rizers is then equal to 

J|, = a 2 / 0 + ag/ot 

when their planes are parallel, and to 

/ JL = 0 “1“ 

when their planes are perpendicular; according to the condition, 

h'h = n- 

On the other hand, the degree of polarization produced separately 
by each polarizer is 

^0 = (<*1 — a 2 )/(ai + a 2 ). 

Eliminating a x and a 2 from these equations, we get 
P 0 = /(r,-l)/(rH-l) = 0.905. 


(b) P= 1/1-1/^ = 0.995. 

5.165. The relative intensity variations of both beams in the 
cases A and B are 


( AH I ) A = 4 cot (cp/2)-8<p, (All I) B = 4 tan (qp/2) - 6q>. 


Hence 

ri = (A III) a I(M/I) b = cot 2 (cp/2), <p = 11.5°. 

5.166. 90°. 

5.167. (a) p = l l 2 (n 2 - 1 ) 2 /(n 2 + l) 2 = 0.074; 

(b) P = p/(l — p) — = 0.080. Here n is tbe refractive 

index of glass. 

5.168. / = 7 0 (1 — p )ln = 0.721/ 0 , where n is the refractive 
index of water. 

5.169. p = [( n 2 — 1 )l(n 2 + 1)] sin 2 <p = 0.038, where n is the 
refractive index of water. 


5.170. Pi = P 3 ^ 1, 

5.171. (a) In this 
rface of 

/ 4 = /od . 

p l-(l-p') 2 . (l + ra 2 ) 4 — 16ra 4 

'■ > 1 + (1 — p') 2— (l + /i 2 ) 4 + 16n 4 


. . =Q.i7. 


P 2 = -JL_ = 0.087, /> 4 =„ _- n — 

1 1 — p ’ 4 1 — 2p (1 — p) 

case the coefficient of reflection from each 
surface of the plate is equal to p = ( n 2 — 1 ) 2 !(n 2 l) 2 , and therefore 

In (1 - p) 2 .= 167p» 4 /(l + ny = 0.725 7 0 ; 

^0.16, where p' is the coeffic- 
ient of reflection for the component of light whose electric vector 
oscillates at right angles to the incidence plane. 

5.172. (a) P = (1 - a 4iV )/(l + a 4 *), where a = 2n/(l + n 2 ), 
n is the refractive index of glass; (b) 0.16, 0.31, 0.67, and 0.92 re- 
spectively. 




5.173. (a) p = (n - ifl(n + l) 2 -0.040; (b) A<D/<D = 1 - 
— (1 — p) 2 iv _ 0.34, where N is the number of lenses. 

5.175. (a) 0.83; (b) 0.044. 



Fig. 42. 



5.176. See Fig. 42, where o and e are the ordinary and extraor- 
dinary rays. 

5.177. 8 & 11°. 

5.178. For the right-handed system of coordinates: 

(1) circular anticlockwise polarization, when observed toward 
the incoming wave; 

(2) elliptical clockwise polarization, when observed toward the 
incoming wave; the major axis of the ellipse coincides with the 
straight line y — x; 

(3) plane polarization, along the straight line y = —x. 

5.179. (a) 0.490 mm; (b) 0.475 mm. 

5.180. k = idAn/{2k -f 1); 0.58, 0.55 and 0.51 pm respectively 
at k = 15, 16 and 17. 

5.181. Four. 

5.182. 0.69 and 0.43 pm. 

5.183. d — (k — 1/2) kylAn — 0.25 mm, where k — 4. 

5.184. An = k/QAx = 0.009. 

5.185. Let us denote the intensity of transmitted light by I ± 
in the case of the crossed Polaroids, and by 7|j in the case of the 
parallel Polaroids. Then 

I x = V 2 / 0 sin 2 2cp • sin 2 (8/2), 

/|l = V 2 7 0 [1 — sin 2 2<p-sin 2 (8/2)]. 

The conditions for the maximum and the minimum: 


Polaroids 

I max 

I min 

i 

A ==(*-)- 1/2) X, <p = n/4 

a = kX, for any 9 

ii 

A — kk, for any <p 

A = (A: + 1/2) X, 9 = n/4 


Here A is the optical path difference for the ordinary and extraor- 
dinary rays, k — 0, 1, 2, ... 


5.187. (a) The light with right-hand circular polarization (from 
the observer’s viewpoint) becomes plane polarized on passing through 
a quarter-wave plate. In this case the direction of oscillations of 
the electric vector of the electromagnetic wave forms an angle of 
+ 45° with the axis 00 ' of the crystal (Fig. 43a); in the case of left- 
hand polarization this angle will be equal to —45° (Fig. 43ft). 

(b) If for any position of the plate the rotation of the Polaroid 
(located behind the plate) does not bring about any variation in 
the intensity of the transmitted light, the initial light is natural; 




to) ( 6 ) 

Fig. 43. 

if the intensity of the transmitted light varies and drops to zero, 
the initial light is circularly polarized; if it varies but does not 
drop to zero, then the initial light is composed of natural and cir- 
cularly polarized light. 

5.188. (a) Ax = i / 2 k ( n e — n 0 ) 0, (b) d (n 0 — ri e ) = 

= —2 (n e — n 0 ) ©8x < 0. 

5.. 189. A n = akin = 0.71 «10~ 4 , where a is the rotational con- 
stant. 

5.190. a — Jt/Ax tan © = 21 ang. deg. /mm, I(x) ~ cos 2 (jcx/Ax), 
where x is the distance from the maximum. 

5.191. d min = (i/a) arcsin 1/^ 2rj = 3.0 mm. 

5.192. 8.7 mm. 

5.193. [a] = 72 ang. deg./(dm*g/cm 3 ). 

5.194. (a) E min = ll\/Wl = 10.6 kV/cm; (b) 2.2-10 8 inter- 
ruptions per second. 

5.195. An = 2cHV/a>, where c is the velocity of light in vacuum. 

5.196. V = i / 2 (91 — (p 2 )HH = 0.015 ang. min/A. 

5.197. If one looks toward the transmitted beam and counts the 
positive direction clockwise, then 9 = (a — - VNH ) Z, where N is 
the number of times the beam passes through the substance (in 
Fig. 5.35 the number is N = 5). 

5.198. H min = nIAVl = 4.0 kA/m, where V is the Verdet con- 
stant. The direction along which the light is transmitted changes 
to the opposite. 

5.199. t — mctojkl = 12 hours. Although the effect is very small, 
it was observed both for visible light and for SHF radiation. 


5.200. (a) a = e2? 0 /m© 2 = 5-10 -16 cm, where E 0 = \' r 2I/e 0 c, v = 

= aco = 1.7 cm/s; (b) F m /F e = 2.9 -10 -il . 

5.201. (a) e = l — n 0 e 2 /e 0 moi 2 , v — c ]F 1 -+- (re 0 e 2 /4jT 2 e 0 reic 2 ) A, 2 . 

5.202. re 0 = (4jtVme 0 /« 2 )(l - re 2 ) = 2.4- 10 7 cm- 3 . 

5.203. re — 1 = — re 0 e 2 A, 2 /8jt 2 e 0 rrec 2 - — 5.4-10 -7 , where re 0 is 
the concentration of electrons in carbon. 

5.204. (a) x = a cos (cot + <p), where a and <p are defined by 
the formulas 

eEJm. . 20® 

a = - - , tan <p = „ ■ . 

Y (cog— co 2 ) 2 + 4p 2 co 2 o) 2 — 


Here p = y/2rei, al = k/m, m is the mass of an electron, (b) (P) = 


m$ ( eE 0 tm ) 2 to 2 
'(©§— o) 2 ) 2 +4p*co 2 ' 


(7 5 )ma* = -5-(-V') {0r W = a) 0. 


5.205* Let us write the wave equation in the form A = <4 0 e i O flf ~ ,iac \ 
where k = 2n!%. If n = n + in, then k = (2jx/X 0 )m / and 

^4 ^4^02rtHac/^o0i(wf-2Jin*Ao) 7 

or in the real form 

4 = ^e 1 *'* cos (bit — ft'a;) , 

i.e. the light propagates as a plane wave whose amplitude depends 
on x. When x < 0, the amplitude diminishes (the attenuation of 
the wave due to absorption). When re' = ix, then 

A = A 0 &*' x cos bit. 

This is a standing wave whose amplitude decreases exponentially 
(if x < 0). In this case the light experiences total internal reflection 
in the medium (without absorption). 

5.206. re 0 = 4it 2 e 0 reic 2 /e 2 A, 2 = 2.0- 10 9 cm -3 . 

5.208. (a) u — . 3 / 2 v, (b) u — 2v\ (c) u — V 3 v. 

5.209. e = 1 + i4/co 2 , where A is a constant. 

5.210. v = c/re = 1.83 -10 8 m/s, u = [1 + {kin) (dn/dk) 1 c/re = 
= 1.70- 10 8 m/s. 

5.211. It is sufficient to discuss three harmonic components of 
the train of waves (most easily with the help of a plot). 

5.212. I — i l 2 I oC - * 1 sin 2 tp, where tp = VIH. 

5.213. (a) / = /„ (1 - p) 2 (1 + p 2 + p 4 + . . .) = 

= /„ (1 - P) 2 /(1 - P 2 ); (b) / = Zo (1 - P)M* + a 2 p 2 + oV+...) = 
= I 0 o (1 — p) 2 /(l — cr 2 p 2 ), where a = exp (— xd). 

5.214. x= lD , (Tl/ ; z) =0.35 cm" 1 . 

d 2 — 

5.215. x = - ] i r ln (1 ~ p) - 2 - V - = 0.034 cm’ 1 . 

5.216. x = (1 — ; p) 2 exp [ — 1 / 2 (x x + x 2 ) l\. 
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5.217. 


7 = / 0 (l-p)* 


(x 2 — *i) l • 


5.218. A X = 2?w 0 Y (l n t|)/ad. 

5.219. /= 


5.220. Will decrease exp (pd) = 0.6 -10 4 times. . 


5.221. d = 0.3 mm. 


5.222. d = (In 2)/u = 8 mm. 

5.223. N = (In rj)/ln 2 = 5.6. 

5.224. c = 2/z (re 2 — = 3.0 -10 8 m/s. 

5.225. First of all note that when d<c, the time rate is practic- 
ally identical in the reference frames fixed to the source and to the 
receiver. Suppose that the source emits short pulses with the inter- 
vals TV Then in the reference frame fixed to the receiver the distance 
between two successive pulses is equal to X = cT 0 — v r T 0 , when 
measured along the observation line. Here v r is the projection of the 
source velocity on the observation line ( v T — v cos 0). The frequency 
of received pulses v = clX = v 0 /( 1 — v r lc), where v 0 = 1 IT 0 . Hence 
(v — v 0 )/v 0 = {vie) cos 0. 


5.226. AX = —X VZTImc 2 cos 0 = —26 nm. 

5.227. T = AnRX cbX = 25 days, where R is the radius of the 
Sun. 

5.228. d = {AXlX) m cx/n = 3-10 7 km, m = {AXlX)^xl2ny = 
= 2.9- 10 s9 kg, where y is the gravitational constant. 

5.229. co — co 0 (1 4~ p)/(l — p), where p = F/c; co « 
« co 0 (1 4- 2 F/c). 

5.230. v = l l 2 X Av « 900 km per hour. 

5.231. Substituting the expressions for t' and x' (from the Lorentz 
transformation) into the equation cot — kx = co't' — k'x' , we 
obtain 


co = co' (1 + WV 1 - P 2 , & = k! (1 4- WV 1 - P 2 , 


where p = F/c. Here it is taken into a ccount that co ' = ck' . 

5.232. From the formula co^coj/^l — P)/(14-p) we get (3 = 
= v/c = 0.26. 

5-233. *~ c fljjff =7-M0‘ km/s. 

5.234. co = co 0 V377: 

5.235. AX = XT/m 0 c 2 = 0.70 nm, where m 0 is the mass of the 
atom. 

5.236. (a) co = co o /lA-P 2 = 5.0-10 10 s ~i ; (b) co = co 0 Vl - p 2 = 
= 1.8- 10 10 s- 1 . Here J3 = z;/c. 

5.237. The charge of an electron and the positive charge induced 
in the metal form a dipole. In the reference frame fixed to the elec- 
tron the electric dipole moment varies with a period T' = d’lv, 
where d! — dY 1 — (vie)*. The corresponding “natural” frequency 
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is v' sbs v/d' . Due to the Doppler effect the observed frequency is 


, V~1 — (v /c) 2 _ vid 

V v 1 — (l>/c) cos 0 1 — (vie) cos 0 * 

The corresponding wavelength is X ~ civ = d ( civ — cos 0). When 
0 = 45° and v » c the wavelength is X » 0.6 pm. 

5.238. (a) Let v x be the projection of the velocity vector of the 
radiating atom on the observation direction. The number of atoms 
with projections falling within the interval v x , v x -f- dv x is 

n ( v x ) dv x ~ exp ( — mv^l2kT) • dv x . 

The frequency of light emitted by the atoms moving with velocity 
v x is to = (o 0 (1 4- vjc). From the expression the frequency distri- 
bution of atoms can be found: n (©) da = n (v x ) dv x . And finally 
it should be taken into account that the spectral radiation intensity 
I m ~n (©). (b) Acd/(d 0 = 2 V (2 In 2) kTImc 2 . 

5 - 239 -“-r rws- 11 v « c ’ th “ 

5.240. v = V 2 c 80 = 30 km/s. 

5.242. 0' = 8°. 

5.243. The field induced by a charged particle moving with 
velocity V excites the atoms of the medium turning them into sources 
of light waves. Let us consider two 
arbitrary points A and B along the 
path of the particle. The light waves 
emitted from these points when the 
particle passes them reach the point 
P (Fig. 44) simultaneously and amplify 
each other provided the time taken 
by the light wave to propagate from 
the point A to the point C is equal 
to that taken by the particle to fly 
over the distance AB. Hence, we 
obtain cos 0 = ul V , where v — cln is the phase velocity of light. 
It is evident that the radiation is possible only if V > v, i.e. when 
the velocity of the particle exceeds the phase velocity of light in 
the medium. 

5.244. T min = {n/Vn^i-l)mc*-, 0.14 MeV and 0.26 GeV 
respectively. For muons. 

5.245. T=( - ■ " c ° 39 •• - 1 ) me* = 0-23 MeV. 

V y n a cos 2 0 — 1 j 

5.247. T z — bTi/(b-\-TiAX) = 1.75 kK. 

5.248. X m = 3.4 pm. 

5.249. 5-10 9 kg/s, about 10 11 years. 

5.250. T = ^/ ScBp/oM = 2 • 10 7 K, where B is the universal 
gas constant, M is the molar mass of hydrogen. 



5.251. t — (r) s — 1) cpdli8aT 3 0 = 3 hours, where c is the spe- 
cific heat capacity of copper, p is its density. 

5 252. T 2 = Yd/21 = 0.4 kK. 

5.253. (a) C v *= (dU/dT) v = i§ oTW/c — 3 nJ/K, where £7 — 
= 4cr7’ 4 V7c; (b) S = i6oT 3 Vl3c = 1.0 nJ/K. 

5.254. (a) co pr = 3 Tla = 7.85- 10 14 s- 4 ; (b). X pr = 2ncal5T = 
= 1.44 pm. 


5.255. (a) u (0 = (fcT/ri !i c 3 ) co 2 ; (b) u a > = (hU*c 3 ) a 3 e~ h <“/» T . 

K occ .. 16n% v 3 .. 16n 2 cSX.- 5 

0.400. M v — c 3 e 2nhv/hT * U>i e 2Mic/kTk_i' 

5.257. AP = 4n*c 2 ?iT 6 Mlb 6 ( e 2nf,c/ h b_ i) = o.31 W/cm 2 , where 
6 is the constant in Wien’s displacement law. 


5.258. (a) 1.1 pm; (b) 0.37; (c) P 2 /P 1 = {TjTtf (1 - = 

= 4.9. 


5.259. 71(0(710 = 


1 <a 2 dm 

Jt 2 C* gtita/hT i * 


8jiX - 4 dX 

Tlx aA — e 2jihc/hr7._ 1 ' 


5.260. (a) (;) = P)J8ji*chr 2 - 6-10 13 ernes' 1 ; 

(b) r = ]/" P%l2hnl2nc = 9 m. 

5.261. dp/dt = <D e /c. 

5.262. (p> = 4 (1 + p) ElncPcx « 50 atm. 

5.263. p = (P/c) /I + p 2 + 2p cos 29 = 35 nN-s. 

5.264. p = {He) (1 + p) cos 2 9 = 0.6 nN/cm 2 . 

5.265. F = nR 2 Ilc = 0.18 pN. 

5.266. F = P/2c (1 + V). 

5.267. (a) Ap = ^-^f^-; (b) Ap = ^l_L_ Here (J = 

= Vic. It is evident that in the reference frame fixed to the 
mirror the latter obtains the smaller momentum. 

5.268. sin (9/2) « Elmc ]/ gi, 0 = 0.5°. 

5.269. Aco/coo = — (1 — e~y M / Rc2 ) < 0, i.e. the frequency of 
the photon decreases. 

5.270. V = 2 nhc (1 — l/r])/eAX = 16 kV. 

5.271. V = nfre/ed sin a = 31 kV. 

5.272. K min — 2nh/mc{y — 1) = 2.8 pm, where y = l/]/l — (v/c) 2 . 

5.273. 332 nm, 6.6- 10 5 m/s. 

5.274. A = 2nck ( f~^ = 1.9 eV. 

X 2 (tj 2 — 1) 

5.275. <p mM = 4.4 V. 

5.276. T max = h (coo + co) - A f = 0.38 eV 

5.277. w = 2n chJleK = 0.020. 

5.278. y maa; = 6.4- 10 5 m/s. 

5.279. 0.5 V; the polarity of the contact potential difference 
is opposite to that of external voltage. 

5.280. fr/mc, the Compton wavelength for the given particle. 
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5.281. Let us write the energy and momentum conservation laws 
in the reference frame fixed to the electron for the moment preceding 
the collision with the photon: ^co + m o c2 ~ mc 2 ? = mv, where 


m = m 0 Y 1 — (vie) 2 . From this it follows that v = 0 or v = c. 
The results have no physical meaning. 

5.282. (a) Light is scattered by the free electrons; (b) the increase 
of the number of electrons that turn free (the free electrons have the 
binding energy much lower than the energy transferred to them by 
the photons); (c) the presence of a non-displaced component is due 
to scattering by the strongly bound electrons and the nuclei. 

5.283. X = 4jrk c (sin (0 2 /2) — r] sin (0 x /2)]/(r| — 1) = 1.2 pm. 

5.284. T = h cor]/ (1 + t|) = 020 MeV. 

5.285. (a) co' = 2nc/(X + 2nh/mc) — 2.2 *10 20 rad/s; 

2nchlX 


(b) T 


1 -f- Xmc/2n/z 

5.286. ftco' 


= 60 keV. 

hu> 


1 + 2 (htoime 2 ) sin (0/2) 


: 0.144 MeV. 


5.287. sin (0/2) = Y mc (p — p')/2pp ' . Hence 0=120°. 

5.288. ha = [l + Vi + 2 mMT sin 2 (0/2 )] 27 2 = 0.68 MeV. 

5.289. X — (2nh/mc) (]/ 1 -\-2mc z !T max — 1) = 3.7 pm. 


5-2M- *‘»'P- V T: l Z%r' , *-31°. 

5.292. AA. = (4»/mc) sin 2 (0/2) = 1.2 pm. 

6.1. r = 3e 2 /2 E = 0.16 nm, X = (2n cle) Y mr 3 = 0.24 pm. 

6.2. b — 0.73 pm. 

6.3. (a) r MiJl = 0.59 pm; (b) r mln — (2 Ze 2 lT) (1 + m a /m Li ) = 
= 0.034 pm. 

6.4. (a) 9min = ( ZeVT ) cot 2 (0/2) = 0.23 pm; (b) r min = 
== [1 + cosec (0/2)] Ze 2 IT = 0.56 pm. 


6.5. ptn2V2mTl[l+(2bT/Ze 2 Y). 

6.6. T e — m v e k lm e b z T - 4 eV. 

6.7. &= sm (e /2) where n== yY+u /f. 

l/l + n 2 — 2«cos(6/2) 

6.8. (a) cos (0/2) = Z>/(i? + r); (b) dP = »/, sin 0 d0; (c) P = 
= 1 / 2 . 

6.9. 3.3-10 -5 . 

6.10. d = (4 Jr 2 T 2 lnIZ 2 e*) sin 4 (0/2) = 1.5 pm, where n is the 
concentration of nuclei. 


6.11. Zpt = ^Ag ’H-'lpt/ -^Ag =78. 

6.12. (a) 1.6-10 6 ; (b) iV = rcnd (Ze 2 /!T ) 2 cot 2 (0 o /2) 7 0 t = 2.0- 10 7 , 
where n is the concentration of nuclei. 

6.13. P = Jind (Ze 2 lmv 2 ) 2 = 0.006, where n is the concentration 
of nuclei. 

6.14. A N/N = 1 - itnZV/P 2 tan 2 (0„/2) = O.6. 
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6.15. A NIN = ^ (0.7 |I + 0.3 J^) pdlV A cot 2 -| = 1.4-10- 3 , 

•where Z i and Z 2 are the atomic numbers of copper and zinc, 
Mi and M 2 are their molar masses, N A is Avogadro’s number. 

6.16. A a = n {Ze'ITf cot 2 (6 0 /2) = 0.73 kb. 

6.17. (a) 0.9 MeV; (b) doldQ, = Ao/4jt sin 4 (6/2) = 0.64 kb/sp. 

6.18. t = (3mc 3 /2e 2 co 2 ) In = 15 ns. 

6.19. t m m 2 cW4 13 ps. 

6.21. r n - Y rihlm co, E n = nha, where n — 1, 2, . . ., co — 

= Vklm. 

6 . 22 . 



ri, pm 

v, 10^ m/s 

T, eV 

E 6 . eV 

<P*, v. 

<Pl, V 

X, nm 

H 

52.9 

2.18 

13.6 

13.6 

13.6 

10.2 

121.5 

He + 

26.5 

4.36 

54.5 

54.5 

54.5 

40.8 

30.4 


6.23. co = meWhW = 2.07- 10 16 s-». 

6.24. p n = ne%l2mc, \ijM n — e!2mc, p x = p B . 

6.25. B = m 2 e 7 /c/i 5 = 125 kG. 

6.27. The Brackett series, A. 6-4 = 2.63 pm. 

6.28. (a) 657, 487 and 434 nm; (b) K/6K « 1.5-10 3 . 

6.29. For n 1 sin 6 « n 3 nc/lR, whence 0 « 60°. 

6.30. He + . 

6.31. N = l / 2 n (n- 1). 

6.32. 97.3, 102.6 and 121.6 nm. 

6.33. n — 5. 

6-34. fl- 1 ^ r =2.07.)0»r'. 

6.35. Z = Y (176/15) nc/RAK = 3, Li ++ . 

6.36. X= (2jtc/Ato) (Z Y R/Aa — 1)/(2Z V /?/Aco — 1) = 0.47 pm. 

6.37. E b = 54.4 eV (He + ). 

6.38. E = E 0 + AhR = 79 eV. 

6.39. n = V2(/ko — 4/i/?)/m = 2.3 -10 6 m/s, where ® = 2nc/\. 

6.40. T mln = 3 / 2 /LR = 20.5 eV. 

6.41. v = ShRlimc = 3.25 m/s, where m is the mass of the 
atom. 

6.42. (e — e')/e « MRl8mc 2 = 0.55-10 _6 %, where m is the 

mass of the atom. 

6.43. v = 2 Y hRIm — 3.1 -10® m/s, where m is the mass of 

tV\n plpptpnn 

6.44. v = 3i?AX/8n cos 6 = 0.7 -10 6 m/s. 

6.45. Ja) E n = nWh 2 l2mP-, (b) E n = n 2 h 2 l2mr\ (c) E n = 
= reS a/m; (d) E n = — ma. 2 l2K 2 n 2 . 
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6.46. E b = (A£ 4 /2/i 2 , R — [ie 4 /2S 3 , where fi is the reduced mass 
of the system. If the motion of the nucleus is not taken into account, 
these values (in the case of a hydrogen atom) are greater by mIM » 
» 0.055 % , where m and M are the masses of an electron and a pro- 
ton. 

6.47. E-q — j E ji — 3.7 meV, Xjj — Xd — 33 pm. 

6.48. (a) 0.285 pm, 2.53 keV, 0.65 nm; (b) 106 pm, 6.8 eV, 
0.243 pm. 

6.49. 123, 2.86 and 0.186 pm. 

6.50. 0.45 keV. 

6.51. For both particles % = 2n% (1 + m n /m d )/[' r 2m n T = 8.6 pm. 

6.52. T= 2k i X 2 / YX 2 J + kl. 

6.53. K = 2nh/Y^2mkT — 128 pm. 

6.54. First, let us find the distribution of molecules over de 
Broglie wavelengths. From the relation / ( v ) dv = — cp (X) dk where 
f (v) is Maxwell’s distribution of velocities, we obtain 

(p (X) == 4X" 4 e~ a/W , a = 2n 2 h 2 l akT. 

The condition dxp/d k = 0 provides k pr = nh/Y mkT = 0.09 nm. 

6.55. 'K—2n%lY 2mT (1 +T/2mc 2 ), T sg Amc 2 Ak/k = 20.4 keV (for 
an electron) and 37.5 MeV (for a proton). 

6.56. 7’ = (/2 — 1) me 2 = 0.2 1 MeV. 

6.57. %~K lth lY\-\-mcX sh ln% = 8.8 

6.58. v = 4ji^Z/m&Ax = 2.0-10 6 m/s. 

6.59. Ax — 2ji/x//d]^2mcF = 4.9 [xm. 

6.60. V 0 — n 2 H 2 /2me(Yri — l) 2 d 2 sin 2 0 = 0.15 keV. 

6.61. d — nhk/ Y 2 mT cos (0/2) = 0.21 nm, where k~ 4. 

6.62. d = nhk/Y 2mT sin 0 = 0.23 ± 0.04 nm, where k = 3 and the 
angle 0 is determined by the formula tan20 = Z?/2Z. 

6.63. (a) rc = lA + fVF = 1.05; (b) F/F £ > 1 /t|(2 + tj) =50. 

6.64. j E n — n 2 n 2 h 2 /2ml 2 , where n = 1, 2, ... 

6.66. 1-10 4 , 1 - 10 and 1-10~ 20 cm/s. 

6.67. Av « hhnl — 1 * 10 6 m/s; — 2.2- 10 6 m/s. 

6.69. Ai « r )ml 2 lh » 10 -16 s. 

6.70. Tmjn « H 2 l2ml 2 — 1 eV. Here we assumed that p « Ap 
and Ax — l. 

6.71. Av/v~h/lY2mT = MO' 4 . 

6.72. F « h 2 /ml 3 . 

6.73. Taking into account that p ~ Ap ~ hi Ax ~ hlx, we get 
E = T + U & h 2 l 2mx 2 + fcr 2 /2. From the condition dEldx = 0 
we find x 0 and then E min « S }Oc/m = ftco, where co is the oscillat- 
or’s angular frequency. The rigorous calculations furnish the value 
h&l 2. 

6.74. Taking into account that p ~ Ap ~ hi Ar and A r ~ r, 
we get E = p 2 /2m — e 2 /r « h 2 l2mr 2 — e 2 /r. From the condition 
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dE/dr .= 0 we find r eff « h 2 /me 2 = 53 pm, £' mfn « — me*/2h 2 = 
= —13.6 eV. 

6.75. The width of the image is A«6+A'«8 + TiZ/pS, 
where A' is an additional widening associated with the uncertainty 
of the momentum A p y (when the hydrogen atoms pass through the 
slit), p is the momentum of the incident hydrogen atoms. The func- 
tion A(S) has the minimum when 8 ^ Y hllmv — 0.01 mm. 

6.76. The solution of the Schrodinger equation should be sought 

in the form W = Or)-/ (t). The substitution of this function into 

the initial equation with subsequent separation of the variables x 
and t results in t wo equations. Their solutions are (x) ~ e ihx , 
where k = Y^mElh, E is the energy of the particle, and / (Z) ~ 
~e" icof , where co = ElK. Finally, V = a6Uftx-<Dt), where a is a cer- 
tain constant. 

6.77. P = 1/3 + /3/2n = 0.61. 

{ .Acos (jrna;/Z), if n=l, 3, 5, 

A sin (nnx/l), if re = 2, 4, 6, ... 

Here A = V2/i- 

6.80. dN/dE = (l/nh)y^m/2E-, if E= 1 eV, then dNIdE — 
— 0.8-10 7 levels per eV. 

6.81. (a) In this case the Schrodinger equation takes the form 


d 2 ty 

dx 2 


= 0 , k 2 = 2mE/H 2 . 


Let us take the origin of coordinates at one of the corners of the 
well. On the sides of the well the function (x, y) must turn into 
zero (according to the condition), and therefore it is convenient to 
seek this function inside the well in the form (x, y) — a sin k ± x X 
x sin k 2 y, since on the two sides (x = 0 and y = 0) \j) = 0 automa- 
tically. The possible values of k x and k 2 are found from the condi- 
tion of \j; turning into zero on the opposite sides of the well: 

t (h, y) = 0, k x = ± (n/lj) n x , n x = 1, 2, 3, . . ., 

^ ^ 2 ) 9, ^*2 :== dn re 2 = 1? 2, 3, ... 

The substitution of the wave function into the Schrodinger equa- 
tion leads to the relation k\ + k\ = k 2 , whence 

= (Kill + n 2 Jll) n 2 h 2 l2m. 

(b) 9.87, 24.7, 39.5, jmd 49.4 units of H 2 lml 2 . 

6.82. P = 1/3 - yH/4n = 19.5%. 

6.83. (a) E = {n\ + K -r K) n 2 h 2 l2ma 2 , where re lt n 2 , re 3 are 
integers not equal to zero: (b) A E = n 2 h 2 lma 2 \ (c) for the 6-th level 
K + K + K — 14 and E = 7n 2 h 2 /ma 2 \ the number of states is equal 

0 six (it is equal to the number of permutations of a triad 1, 2, 3.) 

23—9451 
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6.84. Let us integrate the Schrodinger equation over a small 
interval of the coordinate x within which there is a discontinuity 
in U (x), for example at the point x = 0: 

-6 

Since the discontinuity U is finite the integral tends to zero as 
6 ->■ 0. What follows is obvious. 

6.85. (a) Let us write the Schrodinger equation for two regions 

0 < a; < Z, 'll?" + /c 2 ^! =0, k 2 = 2 mElK 2 , 

x > l, o|?" — = 0, x 2 = 2m {U 0 — E)/h 2 . 

Their common solutions 

% (x) = a sin ( kx + a), (x) = be"** + ce KX 

must satisfy the standard and boundary conditions. From the condi- 
tion (0) = 0 and the requirement for the finiteness of the wave 



Fig. 45. 


function it follows that a=^0 and c~0. And finally, from the 
continuity of -ij? (x) and its derivative at the point x = l we obtain 
tan kl = — Zc/x, whence 

sin kl = ± kl V fi?/2ml 2 U 0 . 

Plotting the left-hand and right-hand sides of the last equation 
(Fig. 45), we can find the points at which the straight line crosses 
the sine curve. The roots of the equation corresponding to the eigen- 
values of energy E are found from those intersection points ( kl) t 
for which tan ( kl) t < 0, i.e. the roots of that equation are located 
in the even quadrants (these segments of the abscissa axis are shown 
heavy in the figure). It is seen from the plot that the roots of the 
equation, i.e. the bound states of the particle, do not always exist. 
The dotted line indicates the ultimate position of the straight line, 
(b) (l 2 U 0 ) ! min = (l*U 0 ) n min = (2 j» - 1) x*h*/8 m. 


6.86. Suppose that P a and P ( are the probabilities of the particle 
being outside and inside the well. Then 


Pa 

Pi 




— ■ 2. xx 


dx 


i * 2 + 3ji ’ 

§ a* sin* kx dx 


where the ratio bla can be found from the condition (i) = (Z)* 

Now it remains to take into account that P a +P t = 1; then P a = 
= 2/(4 + 3jt) = 14.9%. 

The penetration of the particle into the region where its energy 
E < U is a purely quantum phenomenon. It occurs owing to the 
wave properties of the particle ruling out the simultaneous precise 
magnitudes of the coordinate and the momentum, and consequently 
the precise division of the total energy of the particle into the poten- 
tial and the kinetic energy. The latter could be done only within 
the limits set by the uncertainty principle. 

6.87. Utilizing the substitution indicated, we get 

%" + k 2 % = 0, where k 2 = 2 mE/fr 2 . 

We shall seek the solution of this equation in the form % = 
= a sin ( kr + a). From the finiteness of the wave function i|3 at 
the point r = 0 it follows that a = 0. Thus, \j) = {air) sin kr . From 
the boundary condition \|) (r 0 ) = 0 we obtain kr 0 = nn, where 
n = 1, 2, ... Hence, E n = n 2 n 2 K 2 l2mr\. 

6.88. (a) t|>(r)» , n = 1, 2, ...; (b) r pr = 

= r 0 /2; 50%. 

6.89. (a) The solutions of the Schrodinger equation for the func- 
tion x (r)' 


rCr 0 , Xi = A sin (kr + a), where k—y2mE/h, 

r>r 0 , Xz = Be* r +Ce- xr , where v. = Y 2m (U 0 — E)/h. 

Since the function ( r ) is finite throughout the space, a 

B = 0. Thus, 

, . sin kr „ e~ xr 

= A——, \p z = C — — . 


0 and 


From the continuity of the function ij) 
the point r = r 0 we get tan kr 0 = — fc/x 3 or 


and its derivative at 


sin kr 0 = ± Y h 2 /2mrlU 0 kr 0 . 

As it was demonstrated in the solution of Problem 6.85, this equa- 
tion determines the discontinuous spectrum of energy eigenvalues, 
(b) r\U 0 — n 2 H 2 /8m. 


23 * 
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6.90. a = m(o/2h, E — ^co/2, where co — V k/m. 

6.91. E = —me*/8h 2 , i.e. the level with principal quantum 
number n = 2. 

6.92. (a) The probability of the electron being at the interval 
r, r + dr from the nucleus is dP = \|? 2 (r) 4nr 2 dr. From the condi- 
tion for the maximum of the function dP/dr we get r Dr = r,; 
(b) (F) = 2e 2 /r?; (c) <t/> = -e 2 /r x . 

6.93. q> 0 = | (p/r) 4jtr 2 dr =-e/r x , where p — is the space 

charge density, \|> is the normalized wave function. 

6.94. (a) Let us write the solutions of the Schrodinger equation 
to the left and to the right of the barrier in the following form: 

*<0, \p t (x) = aje^i* + where k x ~Y 2mElh, 

£>0 , i| 5 2 (a:) = a 2 e^2^ 4.6 2 e“^2^ ? where k 2 ~ Y^ m (E — U 0 )/H . 

Let us assume that the incident wave has an amplitude a x and the 
reflected wave an amplitude b 2 . Since in the region x >0 there is 
only a travelling wave, b 2 — 0. The reflection coefficient R is the 
ratio of the reflected stream of particles to the incident stream, or, 
in other words, the ratio of the squares of amplitudes of correspond- 
ing waves. Due to the continuity of yp and its derivative at the point 
x = 0 we have a x + b x — a 2 and a x — b x = {kjk^) a 2 , whence 

R = ( bjatf = (k x - k 2 Y!{k x + k 2 )\ 

(b) In the case of E < U 0 the solution of the Schrodinger equa- 
tion to the right of the barrier takes the form 

yp 2 (x) = a 2 e xx + where K~Y^ m (Uq ~ 

From the finiteness of (x) it follows that a 2 = 0. The probability 
of finding the particle under the barrier has the density P 2 (x) — 
= yp 2 2 (x)~ e~ 2xx . Hence, x eff = l/2x. 

6.95. (a) exp 2m (£/<>- £)] ; 

(b) 

6.96. D « exp £ — §" ]/ (U 0 — £)]. 

6.97. — 0.41 for an S term and — 0.04 for a P term. 

6.98. a = Y hRl{E 0 — e<pj) — 3 = — 0.88. 

6.99. E b = HR/(V - 1)2 = 5.3 eV. 

6.100. 0.82 (xm (35 -+2P) and 0.68 |xm (2 P ->-25). 

6.101. = 2nhcM/V = 2.0 meV. 

6.102. A© = 1.05- 10 14 rad/s. 

6.103. 3 S 1 / 2 , SPi/a 3 P 3/2 , 3Z?3/j, 3D 5/z . 

6.104. (a) 1, 2, 3, 4, 5; (b) 0, 1, 2, 3, 4, 5, 6; (c) 1/2, 3/2, 5/2, 
7/2, 9/2. 
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6.105. For the st_ate 4 P: ft V 3/2, ft J/15/2, and ft V 32/2; for 
the state 5 P: 0, ft]/ 2; ft]/ 6, ft]/ 12, A]/ 20. 

6.106. (a) 2 F 7/2j M max = ft ]/ 63/2, _(b) 3 F 4 , M mosc = 2ft]/5. 

6.107. In the F state Af, = ft]/ 6; for the D state it can be 

only found that ft ]/6. 

6.108. 3, 4, 5. 

6.109. (a) 1, 3, 5, 7, 9; (b) 2, 4, 6; (c) 5, 7, 9. 

6.110. 31°. 

6.111. 3 F> 2 . 

6.112. 4 P i, 1 F 3 , 3 P o,i, a> 3 Pi,a,3> a, 3, 4- 

6.113. The same as in the foregoing problem. 

6.114. The second and the third term. 

6.115. g = 4 + 6 = 10. 

6.116. 4, 7 and 10. 

6.117. 3 F S . 

6.118. As. 

6.119. (a) *S 3l3 , (b) ®P 2 . 

6.120. (a) 4 F 3/ 2 , ft 1/15/2; (b) 4 F 9/2 , S3 ]/ 11/2. 

6.121. (a) Two d electrons; (b) five p electrons; (c) five d elec- 
trons. 

6.122. (a) 3 P 0 , (b) 4 F 9/2 . 

6.123. 4 F 3/2 . 

6.124. p. — p b V 35 ( 6 F 5 /a). 

6.125. r) = n 2 e- ha/hT — 3-10 -17 , where co = R (1 — 1 In 2 ). 

6.126. N/N 0 = (g/g 0 ) = 1.14- 10 -4 , where g and g 0 

are the statistical weights (degeneracy ratios) of the levels 3P and 
3 S respectively (g = 6, g 0 = 2). 

6.127. t = l/v In r] = 1.3 ps. 

6.128. N = KxP/2nch = 7-10 9 . 

6.129. t = (nha/P) (gig a) e~ m l hT = 65 ns, where g and g 0 
are the degeneracy ratios of the resonant and the basic level. 

6.130. (a) P indIP, p = l/(e fi “/ ftT — 1) « lO" 34 , where co = 
= */ k R; (b) T = 1.7 - 10 5 K. 

6.131. Suppose that I is the intensity of the passing ray. The 
decrease in this value on passing through the layer of the substance 
of thickness dx is equal to 

— dl = kI dx = (A’ l B 12 — N 2 B 21 ) (He) ha dx, 

where N 2 and N t are the concentrations of atoms on the lower and 
upper levels, P 12 and P 21 are the Einstein coefficients. Hence 

x = (hale) N 1 B 1 a (1 - g 1 N i /g t N 1 ). 

Next, the Boltzmann distribution should be taken into considera- 
tion, as well as the fact that ha kT (in this case is approxim- 
ately equal to N 0 , the total concentration of the atoms). 

6.132. Ak Dop /A k nat »4 nxv pr /k « 10 3 , where v pr = Y2RTIM. 
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6.133. X — 154 pm. 

6.134. (a) 843 pm for Al, 180 pm for Co; (b) « 5 keV. 

6.135. Three. 

6.136. V = 15 kV. 

6.137. Yes. 

6.138. Z = 1 + 2 V(n - 1) eV 4 /3 HR (n - = 29. 

6.139. Z = 1 + K4A©/3i? = 22, titanium. 

6.140. E b = VfiR ( Z - l) 2 + 2 nch/X L = 5.5 keV. 

6.141. E L — ft© (2nc/a)AX — 1) «0.5 keV, where © = 
= */*/? (Z - l) 2 . 

6.142. T = _ i)2 _ 2rtcftA, K = 1.45 keV, v = 

= 2.26-10 7 m/s. 

6.143. (a) g — 2, with the exception of the singlet state, where 

g = 0/0; (b) g = 1. 

6.144. (a) — 2/3; (b) 0; (c) 1; jd) 5/2; (e) 0/0. _ 

6.145. (a) /l2p B ; (b) 2^3/5p B ; (c) (8//3) p B . 

6.146. M s — 2 /3ft. 

6.147. p = (8//3)p fl . 

6.148. jx = 3 7/5|i fl . 

6.149. p — (5 /5/2) p B . 

6.150. AT = ft / 3/2. 

6.151. 5 F X . 

6.152. <n = \i B lgB/h — 1.2- 10 10 rad/s, where g is the Lande 
factor. 

6.153. F max = p B max ‘\dB/dz\ = (3//8)jt/g/p B /cr 2 = 

= 4-10" 27 N. 

6.154. F = 2/ps/cr 2 = 3-10- 28 N. 

6.155. dB/dz = 27’6/g/p B f x (f x + 2I ? ) = 15 kG/cm. 

6.156. (a) It does not split; (b) splits into 6 sublevels; (c) does 
not split (g = 0). 

6.157. (a) 58 peF; (b) A E — 2gJ\i B B = 145 peV. 

6.158. (a) Normal; (b) anomalous; (c) normal; (d) normal (both 
terms have identical Lande factors). 

6.159. L — A2?/2p B 5 = 3; 1 F 3 . 

6.160. AX — X 2 eBI2nmc* = 35 pm. 

6.161. B mln = 4.0 kG. 

6.162. B = hA(£>/g\i B = 3 kG. 

6.163. (a) 2 .1 (the ratio of the corresponding Lande factors); 
(b) B — 2nchAXIg\iBf\X 2 — 5.5 kG. 

6.164. A© = (±1.3, ±4.0, ±6.6)*10 10 s- 1 , six components. 

6.165. (a) Six ( 1 ) and four (2); (b) nine ( 1 ) and six (2). 

6.166. A© = (m 1 g 1 — m*g*) maxpBImc = 1.0* 10 u s- ! . 

6.167. © = 4 Y2hlmd % = 1.57 *10 u s- 1 , where m is the mass 
of the molecule. 

6.168. 2 and 3. 
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6.169. M = Y md 2 EI2 = 3.5 h, where m is the mass of the mole- 
cule. 

6.170. / = HI Ate = 1.93- 10 -40 g-cm 2 , d — 112 pm. 

6.171. 13 levels. 

6.172. N mV 2Uf H = 33 lines. 

6.173. dNIdE & V I/2H 2 E, where / is the moment of inertia 
of the molecule. In the case of / = 10 dN/dE— 1.0 -10 4 levels 
per eV. 

6.174. E vib IE rot = io\id 2 /H, where p, is the reduced mass of 
the molecule; (a) 36; (b) 1.7 -lO 2 ; (c) 2.9 -10 3 . 

6.175. N vlb /N rot = 1 / 3 e-«“- 2 B)/ftT = 3 . 1 . 10“ 4 , where B = 
= HI2I, I is the moment of inertia of the molecule. 

6.176. According to the definition 

_ ^}g„exp(— EJkT) _ ^ £ 0 exp(— qg p ) 

* ~ £exp(-B,/kT) 2 exp(-a£„) ' 


where E p = Ha (v + 1/2), a = 1 IkT. The summation is carried out 
over v taking the values from 0 to 00 as follows: 


<* — £ 1 . 2 «p (— 


exp (- 
hay 


hay 


Vvib 


= N 


d(E) _ R (fia/kT) 2 e R6) ^ ftr 


dT 


( e ha/hT_ 1 ja 


2 1 exp (hay/kT ) — 1 

0.56 R, 


where R is the universal gas constant. 

6.177. d= |^2ft/fxA(D = 0.13 nm, where p is the reduced mass 
of the molecule. 

6.178. K = ^ 0 /(l =F coA, 0 /2 nc) = 423 and 387 nm. 

6.179. co = nc (k r — , k v )/k T X v = 1.37 -10 14 rad/s, x = 4.96 N/cm. 

6.180. I v /I r ~ex p( — Hay/kT) = 0.067. Will increase 3.9 times. 

6.181. (a) See Fig. 46a in which the arrows indicate the motion 
directions of the nuclei in the molecule at the same moment. The 
oscillation frequencies are co^ co 2 , co 3 , with co 3 being' the frequency 
of two independent oscillations in mutually perpendicular planes. 
Thus, there are four different oscillations, (b) See Fig. 466; there 
are seven different oscillations: three longitudinal ones (co 3 , a) 2 , co 3 ) 
and four transversal ones (co 4 , co 5 ), two oscillations for each 
frequency. 

6.182. dN & = (l/nv) day. 

6.183. dNn = (572m; 2 ) co day. 

6.184. dN» = (F/jiV) co 2 day. 

6.185. (a) 0 — ( hfk ) n vn 0 ] (b) 0 = ( h/k ) v ]/ 4nn 0 ; (c) © = 

= (h/k) v 6 j i 2 rc 0 . 
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6.186. @ = {h/k) y 18n 2 n 0 /(vjf -f- 2r>l 3 ) =470 K, where n 0 is the 
concentration of the atoms. 


-w, 

u> z 

u 3 


(a) 


J i 




(0 2 

-Wj 

<Oc 


(b) 


Fig. 46. 


6.187. v & kQ/H j/^6 7i 2 n 0 ~ 3.4 km/s, where n 0 is the concent- 
ration of the atoms. The tabulated values are: tfj) — 6.3 km/s, 

i>_l = 3*1 km/s. 

6.188. The oscillation energy of a mole of a “crystal” is 

0/r 

J -£=i ]• 

o 

where x = H(S)!kT. Hence the molar heat capacity is 


e/T 

( 2T (* xdx 

BIT \ 

®| 

CD 

1 

1 

e ®/r_ i ) 


When T 0 , the heat capacity C « R. 


6.189. (a) dN/dto = 2llna y a>m ax — e> 2 ; (b) N = Ha, i.e. 

is equal to the number of the atoms in 
the chain. 

6.190. U 0 = 9i?0/8p = 48.6 J/g, 
where p is the molar mass of copper. 

6.191. (a) 0 » 220 K; (b) C 



(c) co r 


= 4.1 X 


6.198. n = 1 — 2- 3 ' 2 

6.199. 0.93. 

6.200. «3-10 4 K. 


10 J/(mol- K); 

X 10 13 rad/s. 

6.193. Yes, because the heat capac- 
ity is proportional to T 3 at these tem- 
peratures. 

6.194. (E) = 3 / 8 kQ. 

6.195. See Fig. 47. 

6.196. ko)j nax = 28 meV, kk Tnax ^ / 
~10~ 19 g-cm/s. 

6.197. (a) T max = (3n 2 n) 2 l s H 2 /2nv, 
(b) (T) = 3 UT max . 

x 65 % . 
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6.201. A E = 2n W/mV (3n 2 n)y 3 = 2.10~ 22 eV. 

6.202. (a) dn v = ( m 3 /n 2 h 3 ) v 2 dn; (b) ( v)/v max — 3/4. 

6.203. drc*. = 8:xA, _4 dA,. 

6.204. p — 2 / 3 rc (7 1 ) = (n 9nh 2 /5m) n s / 3 «5-10 4 atm. 

6.205. A = kT (r\T/AT — 2) = 4.5 eV. 

6.206. n — Y^+UJT — 1.02, where £/ 0 = T’maa-M, T max = 
= ( 3n 2 n ) z/ 3 h 2 /2m . A is the work function. 

6.207. £ min = |^MnT, = 0.33 eV. 

6.208. a = -i-|£- = -l^r = “O' 05 K" 1 , where 
A2? 0 is the forbidden band width. 

6.209. AE= — 2k£^=l.2 and 0.06 eV. 

6.210. t = //In ^n£ll£s — 0.01 s. 

(p — P2) Pi 

6.211. n = hBV/elpV H = 5-10 1B cm' 3 , u 0 = lV H /hBV = 

= 0.05 m 2 /(V-s). 

6.212. |w- - n 0 + | = l/t | B = 0.20 m 2 /(V-s). 

6.213. n + ln~ = rj 2 = 4.0. 

6.214. (a) P = 1 - exp (-Ad); (b) t = 1/X. 

6.215. About 1/4. 

6.216. 1.2- 10 15 . 

6.217. t ^ 16 s. 

6.218. T = 5.3 days. 

6.219. 4.6 -10 2 part. /min. 

6.220. A, = -(1 It) In (1 - r|) H = 1-1*10-® s“\ x = 1/A = 
= 1.0 years. 

6.221. 7’ = 4.5-10 9 years, A =1.2-10 4 dis./s. 

6.222. 4.1 • 10 3 years. 

6.223. About 2.0- 10 9 years. 

6.224. 3.2- 10 17 and 0.8-10 5 dis/(s*g) respectively. 

6.225. V = (A/A') exp (— / In 2/7) =6 1. 

6.226. 0.19%. 

6.227. 7\ = 1.6 hours, T 2 — 9.8 hours; N i /N 1 = (TJT-/) X 
X exp {In A 2 — In A x ) = 10. 

6.228. t = — (TVln 2) In (1 - A/q) = 9.5 days. 


6.229. (a) A 2 (/) = A 1 o T ^j r (e-M_e-M); 

/u\ f In (A t /A 2 ) 

V u ; ^ ^ • 

6.230. (a) N 2 (/) = XN 10 t exp ( — A ,/); (b) / m = 1/A,. 


6.231. N 3 (t) = N i0 (l 

6.232. A b = N Q A,, 




)• 


^ ^ 

exp { — V) ~ 0.72- 10 11 part./s, 7V a = 
= N 0 {e - *A — e"*"**) KKHU — A^) = 1.46- 10 u part./s. Here N 0 
is the initial number of Bi 210 nuclei. 

6.233. (a) Pb 206 ; (b) eight alpha decays and six beta decays. 


6.234. y = l/2/n a r a //n = 3.4-10 5 m/s; 0.020. 

6.235. 1.6 MJ. 

6.236 . 0.82 MeV. 

6.237. (a) 6.1 cm; (b) 2.1* 10 s and 0.77- 10 5 respectively. 

{ (M p — M d )c 2 for decay and /^-capture, 

(M p — M d — 2m) c 2 for {J+ decay. 

6.239. 0.56 MeV and 47.5 eV. 

6.240. 5 MJ. 

6.241. 0.32 and 0.65 MeV. 

6.242. T « i l i Q ( Q + 2 mc 2 )/M N c 2 = 0.11 keV, where Q = 

: (M n — M c — 2m) c 2 , m is the mass of an electron. 

6.243. 40 km/s. 

6.244. 0.45 c, where c is the velocity of light. 

6.245. Ae/e = E/2mc 2 = 3.6- 10 -7 , where m is the mass of the 


nucleus. 

6.246. v x time = 0.22 km/s, where m is the mass of the nuc- 
leus. 

6.247. v = ghlc — 65 pm/s. 

6.248. h min = hc 1 2 lgtx = 4.6 m. 

6.249. T — T a l[ 1 -f- ( M — m) 2 /4mM cos 2 0] = 6.0 MeV, where 
m and M are the masses of an alpha particle and a lithium nucleus. 

6.250. (a) tj = 4 mM/{m + Af) 2 = 0.89; (b) = 2m/{m + M) = 

= 2/3. Here m and M are the masses of a neutron and a deuteron. 

6.251. Q max = arcsin (mjm^) = 30°, where mj and m 2 are the 
masses of a proton and a deuteron. 

6.252. 2-10 u kg/cm 3 , 1 • 10 3s nucl./cm 3 . 

6.253. (a) d; (b) F 17 ; (c) a; (d) Cl 37 . 

6.255. Be 8 , E b = 56.5 MeV. 

6.256. (a) 8.0 MeV; (b) 11.5 and 8.7 MeV; (c) 14.5 MeV. 

6.257. E n — E p = 0.22 MeV. 

6.258. E = 20e Ne — 2-4e a — 12e c = 11.9 MeV, where e is 
the binding energy per nucleon in the corresponding nucleus. 

6.259. (a) 8.0225 a.m.u.; (b) 10.0135 a.m.u. 

6.260. Q = (£ 3 + £ 4 ) - (Ei + E 2 ). 

6.261. (a) 8.2* 10 10 kJ, 2.7>10 6 kg; (b) 1.5 kg. 

6.262. 5.74- 10 7 kJ, 2-10 4 kg. 

6.263. 2.79 MeV; 0.85 MeV. 


6.264. Q = 8s a — 7e L1 - 17.3 MeV. 

6.265. Q = (1 + tip) T p - (1 - ha) T a - 2 ^ti a T p T a X 
X cos 0 = —1.2 MeV, where ti p = m p /m o, ti a = mjmo- 

6.266. (a) -1.65 MeV; (b) 6.82 MeV; (c) -2.79 MeV; 

(d) 3.11 MeV. 

6.267. v a — 0.92 -10 7 m/s, i^li = 0.53- 10 7 m/s. 

6.268. 1.9 MeV. 

6.269. T. _g+<iz^I„8.5 MeV. 


6.270. 9.1 


1 + m n /m c 

MeV, 170.5°. 
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6.272. T >- E b (m p + m d )/m d = 3.3 MeV. 

6.273. Between 1.89 and 2.06 MeV. 

6.274. Q = -»/ l2 T th = -3.7 MeV. 

6.275. 1.88 and 5.75 MeV respectively. 

6.276. 4.4 MeV; 5.3 -10 6 m/s. 

6 - 277 - 

m 4 , m 2 , m 3 , m 4 are the masses of neutron, a C 12 nucleus, an 
alpha patticle, and a Be 9 nucleus. 

6.278. By BJ2mc 2 — 0.06%, where m is the mass of a deuteron. 

6.279. E = Q + V Z T = 6.5 MeV. 

6.280. Ei = E b + T, = 16.7, 16.9, 17.5 and 17.7 MeV, 

where Eb is the binding energy of a deuteron in the transitional 
nucleus. 

6.281. a = ( M/Np d) In = 2.5 kb, where M is the molar mass 
of cadmium, N is the Avogadro number, p is the density of cadmium. 

6.282. I 0 /I = exp i(2a 1 + a 2 ) nd] = 20, where n is the concen- 
tration of heavy water molecules. 

6.283. w = (1 — exp [ — (o, + o a ) nd ]} aj(a a 0 O ) = 0.35, 
where n is the concentration of Fe nuclei. 

6.284. (a) T = (w/k) In 2; (b) w = ATellt In 2 = 2-10- 3 . 

6.285. (a) t = r\/aJ = 3-10 6 years; (b) N max = JoN 0 Tf In 2 = 
= 1.0- 10 13 , where N 0 is the number of Au 197 nuclei in the foil. 

6.286. N = (1 — e-M) Jna/K. 

6.287. J = Ae M /oN 0 (1 — e - *'*) = 6-10 9 part./(cm 2 -s), where X 
is the decay constant, N 0 is the number of Au nuclei in the foil. 

6.288. N — V 0 /c i_1 = 1.3* 10 5 , where i is the number of genera- 
tions. 

6.289. N = vPIE = 0.8 -10 19 s’ 1 . 

6.290. (a) N/N 0 = 4-10 2 ; (b) T = t /( ft - 1) = 10 s. 

6.291. 0.05, 0.4, and 9 GeV respectively. 

6.292. <Z> = ct 0 |/ti(ti + 2) = 15 m. 

6.293. t 0 = ImclV T (T + 2mc 2 ) = 26 ns, where m is the rest 

mass of a pion. 

6.294. J/J 0 = exp [ — lmch 3 V T {T + 2mc 2 )] — 0.22, where m is 
the rest mass of a negative pion. 

6.295*. Ty. = (m n - m^) 2 /2m„ = 4.1 MeV, E v = 29.8 MeV. 

6.296*. T = [(ms - m„) 2 - to 2 *]/ 2m x = 19.5 MeV. 

6.297*. T max — ( to u — m e ) 2 /2m u = 52.5 MeV. 

6.298*. m = m p +T-\-Vml + T (T + 2m p ) = 1115 MeV, a A 
pdrticls 

6.299*. = V a (mj — m*)/(m„ + T) = 22 MeV. 


* In the answers to Problems 6.295 - 6.299 marked [by an asterisk the 
quantity me 1 is abbreviated as m. 
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6.300*. m — V m\ 4- m 2 n — 2 (mz + Tx) (m n + r n ) = 0.94 GeV, 
neutron. 

6.301*. T n - m n [cosec (©/2) — 1], E v — m n l 2 sin (0/2). For 
0 = 60° the energy T n — E y = m*. 

6.303*. cos (0/2) = UY i + 2 m/T, whence 0 = 99°. 

6.304*. (a) s tfl = 4 m e = 2.04 MeV; (b) e th — 2 m„ (1 -\-m n /m p ) = 
- 320 MeV. 

6.305*. (a) T th = 6m p = 5.6 GeV; (b) T th —m„ (4 m p -{-m n )/2m p = 
= 0.28 GeV. 

6.306. (a) 0.90 GeV; (b) 0.77 GeV. 

6.307. S = —2, Y = — 1, H° particle. 

6.308. Processes 1, 2, and 3 are forbidden. 

6.309. Processes 2, 4, and 5 are forbidden. 

6.310. Process 1 is forbidden in terms of energy; in other pro- 
cesses the following laws of conservation are broken: of baryon 
charge (2), of electric charge (3), of strangeness (4), of lepton charge 
(5), and of electron and muon charge (6). 


* In the answers to Problems 6.300-6.305 marked by an asterisk the quan- 
tity me 1 is abbreviated as m. 



APPENDICES 


1. Basic Trigonometrical formulas 


sin 2 a + cos 2 a=l 
sec 2 a— tan 2 a — 1 
cosec 2 a— cot 2 a = 1 
sin a- cosec a = 1 
cos a*sec a — 1 
tan a • cot a — 1 


sin (a dz ft) = sin a cos ft dz cos a sin ft 

cos (a dz ft) = cos a cos ft d= sin a sin ft 

. . , tana dz tan ft 

an (a ft) — ^ tan a . tan p 

Q v cot a cot ft 1 
°°t(«±,p)= cofF ^c+ 


sm a — 


1 


Y 1 + cot 2 a 

1 


cos a— 

y 1 + tan 2 a 

sin 2 a — 2 sin a cos a 

cos 2a — cos 2 a— sin 2 a 
2 tan a 


* q 0 ♦ a+ft a — ft 

sin a + sxn ft = 2 sm — ~~ cos — 

sin a— sin ft = 2 cos sin a ~^ 

. Do &+ ft CC- ft 

cosa+cosft = 2cos — cos — ~~ 

a . a+ft . a — ft 

cos a— cos ft = — 2 sm — ^ - sm — ~— 


tan 2a = 
cot 2a = 


1 — tan 2 a 
cot 2 a— 1 
2 cot a 


tan adz tan ft = 


sin (a dz ft) 
cos a cos ft 


cot a ± cot ft= ± 


sin a sin ft 


sm 




— cos a 


COS Tr~ — 


/ 1 + cos a 
2 


2 sin a sin ft — cos (a— ft) — cos (a+ft) 
2 cos a cos ft = cos (a— ft) + cos (a+ft) 
2 sin a cos ft = sin (a— ft) + sin (a + ft) 


sinh a= 


cosh a = 


e a +e~ a 


tanh a = 


coth a = 


e a +e~ a 
e a + e~ a 


m 


2. Sine Function Values 


<P° 

0' 

20' 

40 ' 

<p° 

O' 

20' 

40' 

0 

0.0000 

0.0058 

0.0116 

45 

0.7071 

0.7112 

0.7153 

1 

0.0175 

0.0233 

0.0291 

46 

0.7193 

0.7234 

0.7274 

2 

0.0349 

0.0407 

0.0465 

47 

0.7314 

0.7353 

0.7393 

3 

0.0523 

0.0581 

0.0640 

48 

0.7431 

0.7470 

0.7504 

4 

0.0698 

0.0756 

0.0814 

49 

0.7547 

0.7585 

0.7622 

5 

0.0872 

0.0929 

0.0987 

50 

0.7660 

0.7698 

0.7735 

6 

0.1045 

0.1103 

0.1161 

51 

0.7771 

0.7808 

0.7844 

7 

0.1219 

0.1276 

0.1334 

52 

0.7880 

0.7916 

0.7951 

8 

0.1392 

0.1449 

0.1507 

53 

0.7986 

0.8021 

0.8056 

9 

0.1564 

0.1622 

0.1679 

54 

0.8090 

0.8124 

0.8158 

10 

0.1736 

0.1794 

0.1851 

55 

0.8192 

0.8225 

0.8258 

11 

0.1908 

0.1965 

0.2022 

56 

0.8290 

0.8323 

0.8355 

12 

0.2079 

0.2136 

0.2196 

57 

0.8387 

0.8418 

0.8450 

13 

0.2250 

0.2306 

0.2363 

58 

0.8480 

0.8511 

0.8542 

14 

0.2419 

0.2476 

0.2532 

59 

0.8572 

0.8601 

0.8631 

15 

0.2588 

0.2644 

0.2700 

60 

0.8660 

0.8689 

0.8718 

16 

0.2756 

0.2812 

0.2868 

61 

0.8746 

0.8774 

0.8802 

17 

0.2924 

0.2979 

0.3035 

62 

0.8829 

0.8857 

0.8884 

18 

0.3090 

0.3145 

0.3201 

63 

0.8910 

0.8936 

0.8962 

19 

0.3256 

0.3311 

0.3365 

64 

0.8988 

0.9013 

0.9038 

20 

0.3420 

0.3475 

0.3529 

65 

0.9063 

0.9088 

0.9112 

21 

0.3584 

0.3638 

0.3692 

66 

0.9135 

0.9159 

0.9182 

22 

0.3746 

0.3800 

0.3854 

67 

0.9205 

0.9228 

0.9250 

23 

0.3907 

0.3961 

0.4014 

68 

0.9272 

0.9293 

0.9315 

24 

0.4067 

0.4120 

0.4173 

69 

0.9336 

0.9356 

0.9377 

25 

0.4226 

0.4279 

0.4331 

70 

0.9397 

0.9417 

0.9436 

26 

0.4384 

0.4436 

0.4488 

71 

0.9455 

0.9474 

0.9492 

27 

0.4540 

0.4592 

0.4643 

72 

0.9511 

0.9528 

0.9546 

28 

0.4695 

0.4746 

0.4797 

73 

0.9563 

0.9580 

0.9596 

29 

0.4848 

0.4899 

0.4950 

74 

0.9613 

0.9628 

0.9644 

30 

0.5000 

0.5050 

0.5100 

75 

0.9659 

0.9674 

0.9689 

31 

0.5150 

0.5200 

0.5250 

76 

0.9703 

0.9717 

0.9730 

32 

0.5299 

0.5348 

0.5398 

77 

0.9744 

0.9757 

0.9769 

33 

0.5446 

0.5495 

0.5544 

78 

0.9781 

0.9793 

0.9805 

34 

0.5592 

0.5640 

0.5688 . 

79 

0.9816 

0.9827 

0.9838 

35 

0.5736 

0.5783 

0.5831 

80 

0.9848 

0.9858 

0.9868 

36 

0.5878 

0.5925 

0.5972 

81 

0.9877 

0.9886 

0.9894 

37 

0.6018 

0.6065 

0.6111 

82 

0.9903 

0.9911 

0.9918 

38 

0.6157 

0.6202 

0.6248 

83 

0.9925 

0.9932 

0.9939 

39 

0.6293 

0.6338 

0.6383 

84 

0.9945 

0.9951 

0.9957 

40 

0.6428 

0.6472 

0.6517 

85 

0.9962 

0.9967 

0.9971 

41 

0.6561 

0.6604 

0.6648 

86 

0.9976 

0.9980 

0.9983 

42 

0.6691 

0.6734 

0.6777 

87 

0.9986 

0.9989 

0.9992 

43 

0.6820 

0.6862 

0.6905 

88 

0.9994 

0.9996 

0.9997 

44 

0.6947 

0.6988 

0.7030 

89 

0.9998 

0.9999 

1.0000 
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3. Tangent Function Values 


<p° 

O' 

20' 

40' 

<P° 

0' 

20' 

40' 

0 

0.0000 

0.0058 

0.0116 

45 

1.0000 

1.012 

1.024 

1 

0.0175 

0.0233 

0.0291 

46 

1.036 

1.048 

1.060 

2 

0.0349 

0.0407 

0.0466 

47 

1.072 

1.085 

1.098 

3 

0.0524 

0.0582 

0.0641 

48 

1.111 

1.124 

1.137 

4 

0.0699 

0.0758 

0.0816 

49 

1.150 

1.164 

1.178 

5 

0.0875 

0.0934 

0.0992 

50 

1.192 

1.206 

1.220 

6 

0.1051 

0.1110 

0.1169 

51 

1.235 

1.250 

1.265 

7 

0.1228 

0.1287 

0.1346 

52 

1.280 

1.295 

1.311 

8 

0.1405 

0.1465 

0.1524 

53 

1.327 

1.343 

1.360 

9 

0.1584 

0.1644 

0.1703 

54 

1.376 

1.393 

1.411 

10 

0.1763 

0.1823 

0.1883 

55 

1.428 

1.446 

1.464 

11 

0.1944 

0.2004 

0.2065 

56 

1.483 

1.501 

1.520 

12 

0.2126 

0.2186 

0.2247 

57 

1.540 

1.560 

1.580 

13 

0.2309 

0.2370 

0.2432 

- 58 

1.600 

1.621 

1.643 

14 

0.2493 

0.2555 

0.2617 

59 

1.664 

1.686 

1.709 

15 

0.2679 

0.2742 

0.2805 

60 

1.732 

1.756 

1.780 

16 

0.2867 

0.2931 

0.2994 

61 

1.804 

1.829 

1.855 

17 

0.3057 

0.3121 

0.3185 

62 

1.881 

1.907 

1.935 

18 

0.3249 

0.3314 

0.3378 

63 

1.963 

1.991 

2.020 

19 

0.3443 

0.3508 

0.3574 

64 

2.050 

2.081 

2.112 

20 

0.3640 

0.3706 

0.3772 

65 

2.145 

2.177 

2.211 

21 

0.3839 

0.3906 

0.3973 

66 

2.246 

2.282 

2.318 

22 

0.4040 

0.4108 

0.4176 

67 

2.356 

2.394 

2.434 

23 

0.4245 

0.4314 

0.4383 

68 

2.475 

2.517 

2.560 

24 

0.4452 

0.4522 

0.4592 

69 

2.605 

2.651 

2.699 

25 

0.4663 

0.4734 

0.4806 

70 

2.747 

2.798 

2.850 

26 

0.4877 

0.4950 

0.5022 

71 

2.904 

2.960 

3.018 

27 

0.5095 

0.5169 

0.5243 

72 

3.078 

3.140 

3.204 

28 

0.5317 

0.5392 

0.5467 

73 

3.271 

3.340 

3.412 

29 

0.5543 

0.5619 

0.5696 

74 

3.487 

3.566 

3.647 

30 

0.5774 

0.5851 

0.5930 

75 

3.732 

3.821 

3.914 

31 

0.6009 

0.6088 

0.6168 

76 

4.011 

4.113 

4.219 

32 

0.6249 

0.6330 

0.6412 

77 

4.331 

4.449 

4.574 

33 

0.6494 

0.6577 

0.6661 

78 

4.705 

4.843 

4.989 

34 

0.6745 

0.6830 

0.6916 

79 

5.145 

5.309 

5.485 

35 

0.7002 

0.7089 

0.7177 

80 

5.671 

5.871 

6.084 

36 

0.7265 

0.7355 

0.7445 

81 

6.314 

6.561 

6.827 

37 

0.7536 

0.7627 

0.7720 

82 

7.115 

7.429 

7.770 

38 

0.7813 

0.7907 

0.8002 

83 

8.144 

8.556 

9.010 

39 

0.8098 

0.8195 

0.8292 

84 

9.514 

10.08 

10.71 

40 

0.8391 

0.8491 

0.8591 

85 

11.43 

12.25 

13.20 

41 

0.8693 

0.8796 

0.8899 

86 

14.30 

15.60 

17.17 

42 

0.9004 

0.9110 

0.9217 

87 

19.08 

21.47 

24.54 

43 

0.9325 

0.9435 

0.9545 

88 

28.64 

34.37 

42.96 

44 

0.9657 

0.9770 

0.9884 

89 

57.29 

85.94 

171.9 
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4. Common Logarithms 


N 

0 

1 

2 

3 

4 

5 

6 

7 

8 

9 

10 

0000 

0043 

0086 

0128 

0170 

0212 

0253 

0294 

0334 

0374 

11 

0414 

0453 

0492 

0531 

0569 

0607 

0645 

0682 

0719 

0755 

12 

0792 

0828 

0864 

0899 

0934 

0969 

1004 

1038 

1072 

1106 

! 13 

1139 

1173 

1206 

1239 

1271 

1303 

1335 

1367 

1399 

1430 

14 

1461 

1492 

1523 

1553 

1584 

1614 

1644 

1673 

1703 

1732 

15 

1761 

1790 

1818 

1847 

1875 

1903 

1931 

1959 

1987 

2014 

16 

2041 

2068 

2095 

2122 

2148 

2175 

2201 

2227 

2253 

2279 

17 

2304 

2330 

2355 

2380 

2405 

2430 

2455 

2488 

2504 

2529 

18 

2553 

2577 

2601 

2625 

2648 

2672 

2695 

2718 

2742 

2765 

19 

2788 

2810 

2833 

2856 

2878 

2900 

2923 

2945 

2967 

2989 

20 

3010 

3032 

3054 

3075 

3096 

3118 

3139 

3160 

3181 

3201 

21 

3222 

3243 

3263 

3284 

3304 

3324 

3345 

3365 

3385 

3404 

22 

3424 

3444 

3464 

3483 

3502 

3522 

3541 

3560 

3579 

3598 

23 

3617 

3636 

3655 

3674 

3692 

3711 

3729 

3747 

3766 

3784 

24 

3802 

3820 

3838 

3856 

3874 

3892 

3909 

3927 

3945 

3962 

25 

3979 

3997 

4014 

4031 

4048 

4065 

4082 

4099 

4116 

4133 

26 

4150 

4166 

4183 

4200 

4216 

4232 

4249 

4265 

4381 

4298 

27 

4314 

4330 

4346 

4362 

4378 

4393 

4409 

4425 

4440 

4456 

28 

4472 

4487 

4502 

4518 

4533 

4548 

4564 

4579 

4594 

4609 

29 

4624 

4639 

4654 

4669 

4683 

4698 

4713 

4728 

4742 

4757 

30 

4771 

4786 

4800 

4814 

4829 

4843 

4857 

4871 

4886 

4900 

31 

4914 

4928 

4942 

4955 

4969 

4983 

4997 

5011 

5024 

5038 

32 

5051 

5065 

5079 

5092 

5105 

5119 

5132 

5145 

5159 

5172 

33 

5185 

5198 

5211 

5224 

5237 

5250 

5263 

5276 

5289 

5302 

34 

5315 

5328 

5340 

5353 

5366 

5378 

5391 

5403 

5416 

5428 

35 

5441 

5453 

5465 

5478 

5490 

5502 

5514 

5527 

5539 

5551 

36 

5563 

5575 

5587 

5599 

5611 

5623 

5635 

5647 

5658 

5670 

37 

5682 

5694 

5705 

5717 

5729 

5740 

5752 

5763 

5775 

5786 

38 

5798 

5809 

5821 

5832 

5843 

5855 

5866 

5877 

5888 

5899 

39 

5911 

5922 

5933 

5944 

5955 

5966 

5977 

5988 

5999 

6010 

40 

6021 

6031 

6042 

6053 

6064 

6075 

6085 

6096 

6107 

6117 

41 

6128 

6138 

6149 

6160 

6170 

6180 

6191 

6201 

6212 

6222 

42 

6232 

6243 

6253 

6263 

6274 

6284 

6294 

6304 

6314 

6325 

43 

6335 

6345 

6355 

6365 

6375 

6385 

6395 

6405 

6415 

6425 

44 

6435 

6444 

6454 

6464 

6474 

6484 

6493 

6503 

6513 

6522 

45 

6532 

6542 

6551 

6561 

6571 

6580 

6590 

6599 

6609 

6618 

46 

6628 

6637 

6646 

6656 

6665 

6675 

6684 

6693 

6702 

6712 

47 

6721 

6730 

6739 

6749 

6758 

6767 

6776 

6785 

6794 

6803 

48 

6812 

6821 

6830 

6839 

6848 

6857 

6866 

6875 

6885 

6893 

49 

6902 

6911 

6920 

6928 

6937 

6946 

6955 

6964 

6972 

6981 

50 

6990 

6998 

7007 

7016 

7024 

7033 

7042 

7050 

7059 

7067 

51 

7076 

7084 

7093 

7101 

7110 

7118 

7126 

7135 

7143 

7152 

52 

7160 

7168 

7177 

7185 

7193 

7202 

7210 

7218 

7226 

7235 

53 

7243 

7251 

7259 

7267 

7275 

7284 

7292 

7300 

7308 

7316 

54 

7324 

7332 

7340 

7348 

7356 

7364 

7372 

7380 

7388 

7396 
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N 

0 

l 

2 

3 

4 

5 

6 

7 

8 

9 

55 

7404 

7412 

7419 

7427 

7435 

7443 

7451 

7459 

7466 

7475 

56 

7482 

7490 

7497 

7505 

7513 

7520 

7528 

7536 

7543 

7551 

57 

7559 

7566 

7574 

7582 

7589 

7597 

7604 

7612 

7619 

7627 

58 

7634 

7642 

7649 

7657 

7664 

7672 

7679 

7686 

7694 

7701 

59 

7709 

7716 

7723 

7731 

7738 

7745 

7752 

7760 

7767 

7774 

60 

7782 

7789 

7796 

7803 

7810 

7818 

7825 

7832 

7839 

7846 

61 

7853 

7860 

7868 

7875 

7882 

7889 

7896 

7903 

7910 

7917 

62 

7924 

7931 

7938 

7945 

7952 

7959 

7966 

7973 

7980 

7987 

63 

7993 

8000 

8007 

8014 

8021 

8028 

8035 

8041 

8048 

8055 

64 

8062 

8069 

8075 

8082 

8089 

8096 

8102 

8109 

8116 

8122 

65 

8129 

8136 

8142 

8149 

8156 

8162 

8169 

8176 

8182 

8189 

66 

8195 

8202 

8209 

8215 

8222 

8228 

8235 

8241 

8248 

8254 

67 

8261 

8267 

8274 

8280 

8287 

8293 

8299 

8306 

8312 

8319 

68 

8325 

8331 

8338 

8344 

8351 

8357 

8363 

8370 

8376 

8382 

69 

8388 

8395 

8401 

8407 

8414 

8420 

8426 

8432 

8439 

8445 

70 

8451 

8457 

8463 

8470 

8476 

8482 

8488 

8494 

8500 

8506 

71 

8513 

8519 

8525 

8531 

8537 

8543 

8549 

8555 

8561 

8567 

72 

8573 

8579 

8585 

8591 

8597 

8603 

8609 

8615 

8621 

8627 

73 

8633 

8639 

8645 

8651 

8657 

8663 

8669 

8675 

8681 

8686 

74 

8692 

8698 

8704 

8710 

8716 

8722 

8727 

8733 

8739 

8745 

75 

8751 

8756 

8762 

8768 

8774 

8779 

8785 

8791 

8797 

8802 

76 

8808 

8814 

8820 

8825 

8831 

8837 

8842 

8848 

8854 

8859 

77 

8865 

8871 

8876 

8882 

8887 

8893 

8899 

8904 

8910 

8915 

78 

8921 

8927 

8632 

8938 

8943 

8949 

8954 

8960 

8965 

8971 

79 

8976 

8982 

8987 

8993 

8998 

9004 

9009 

9015 

9020 

9025 

80 

9031 

9036 

9042 

9047 

9053 

9058 

9063 

9069 

9074 

9079 

81 

9085 

9090 

9096 

9101 

9106 

9112 

9117 

9122 

9128 

9133 

82 

9138 

9143 

9149 

9154 

9159 

9165 

9170 

9175 

9180 

9186 

83 

9191 

9196 

9201 

9206 

9212 

9217 

9222 

9227 

9232 

9238 

84 

9243 

9248 

9253 

9258 

9263 

9269 

9274 

9279 

9284 

9289 

85 

9294 

9299 

9304 

9309 

9315 

9320 

9325 

9330 

9335 

9340 

86 

9345 

9350 

9355 

9360 

9365 

9370 

9375 

9380 

9385 

9390 

87 

9395 

9400 

9405 

9410 

9415 

9420 

9425 

9430 

9435 

9440 

88 

9445 

9450 

9455 

9460 

9465 

9469 

9474 

9479 

9484 

9489 

89 

9494 

9499 

9504 

9509 

9513 

9518 

9523 

9528 

9533 

9538 

90 

9542 

9547 

9552 

9557 

9562 

9566 

9571 

95*6 

9581 

9586 

91 

9590 

9595 

9600 

9605 

9609 

9614 

9619 

9624 

9628 

9633 

92 

9638 

9643 

9647 

9652 

9657 

9661 

9666 

9671 

9675 

9680 

93 

9685 

9689 

9694 

9699 

9703 

9708 

9713 

9717 

8722 

9727 

94 

9731 

9736 

9741 

9745 

9750 

9754 

9759 

9763 

9768 

9773 

95 

9777 

9782 

9786 

9791 

9795 

9800 

9805 

9809 

9814 

9818 

96 

9823 

9827 

9832 

9836 

9841 

9845 

9850 

9854 

9859 

9863 

97 

9868 

9872 

9877 

9881 

9886 

9890 

9894 

9899 

9903 

9908 

98 

9912 

9917 

9921 

9926 

9930 

9934 

9939 

9943 

9948 

9952 

99 

9956 

9961 

9965 

9969 

9974 

9978 

9983 

9987 

9991 

9996 
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5. Exponential Functions 


X 

e * 

e~ x 

X 

e * 

e “* 

0.00 

1.0000 

1.0000 

2.00 

7.3891 

0.1353 

0.05 

1.0513 

0.9512 

2.05 

7.7679 

0.1287 

0.10 

1.1052 

0.9048 

2.10 

8.1662 

0.1225 

0.15 

1.1618 

0.8607 

2.15 

8.5849 

0.1165 

0.20 

1.2214 

0.8187 

2.20 

9.0250 

0.1108 

0.25 

1.2840 

0.7788 

2.25 

9.4877 

0.1054 

0.30 

1.3499 

0.7408 

2.30 

9.9742 

0.1003 

0.35 

1.4191 

0.7047 

2.35 

10.486 

0.09537 

0.40 

1.4918 

0.6703 

2.40 

11.023 

0.09072 

0.45 

1.5683 

0,6376 

2.45 

11.588 

0.08629 

0.50 

1.6487 

0.6065 

2.50 

12.182 

0.08208 

0.55 

1.7333 

0.5770 

2.55 

12.807 

0.07808 

0.60 

1.8221 

0.5488 

2.60 

13.464 

0.07427 

0.65 

1.9155 

0.5221 

2.65 

14.154 

0.07065 

0.70 

2.0138 

0.4966 

2.70 

14.880 

0.06721 

0.75 

2.1170 

0.4724 

2.75 

15.643 

0.06393 

0.80 

2.2255 

0.4493 

2.80 

16.445 

0.06081 

0.85 

2.3396 

0.4274 

2.85 

17.288 

0.05784 

0.90 

2.4596 

0.4066 

2.90 

18.174 

0.05502 

0.95 

2.5857 

0.3867 

2.95 

19.106 

0.05234 

1.00 

2.7183 

0.3679 

3.00 

20.086 

0.04979 

1.05 

2.8577 

0.3499 

3.05 

21.115 

0.04736 

1.10 

3.0042 

0.3329 

3.10 

22.198 

0.04505 

1.15 

3.1582 

0.3166 

3.15 

23.336 

0.04285 

1.20 

3.3201 

0.3012 

3.20 

24.533 

0.04076 

1.25 

3.4903 

0.2865 

3.25 

25.790 

0.03877 

1.30 

3.6693 

0.2725 

3.30 

27.113 

0.03688 

1.35 

3.8574 

0.2592 

3.35 

28.503 

0.03508 

1.40 

4.0552 

0.2466 

3.40 

29.964 

0.03337 

1.45 

4.2631 

0.2346 

3.45 

31.500 

0.03175 

1.50 

4.4817 

0.2231 

3.50 

33.115 

0.03020 

1.55 

4.7115 

0.2123 

3.55 

34.813 

0.02872 

1.60 

4.9530 

0.2019 

3.60 

36.598 

0.02732 

1.65 

5.2070 

0.1921 

3.65 

38.475 

0.02599 

1.70 

5.4739 

0.1827 

3.70 

40.447 

0.02472 

1.75 

5.7546 

0.1738 

3.75 

42.521 

0.02352 

1.80 

6.0496 

0.1653 

3.80 

44.701 

0.02237 

1.85 

6.3598 

0.1572 

3.85 

46.993 

0.02128 

1.90 

6.6859 

0.1496 

3.90 

49.402 

0.02024 

1.95 

7.0287 

0.1423 

3.95 

51.935 

0.01925 
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(i Continued ) 


X 

e x 

e~ x 

X 

e x 

e “* 

4.00 

54.598 

0.01832 

6.0 

403.43 

0.00248 

4.05 

57.397 

0.01742 

6.1 

445/86 

0.00224 

4.10 

60.340 

0.01657 

6.2 

492.75 

0.00203 

4.15 

63.434 

0.01576 

6.3 

544.57 

0.00184 

4.20 

66.686 

0.01500 

6.4 

601.85 

0.00166 

4.25 

70.105 

0.01426 

6.5 

665.14 

0.001503 

4.30 

73.700 

0.01357 

6.6 

735.10 

0.001360 

4.35 

77.478 

0.01991 

6.7 

812.41 

0.001231 

4.40 

81.451 

0.01228 

6.8 

897.85 

0.001114 

4.45 

85.627 

0.01168 

6.9 

992.27 

0.001008 

4.50 

90.017 

0.01111 

7.0 

1096.6 

0.000912 

4.55 

94.632 

0.01057 

7.1 

1212.2 

0.000825 

4.60 

99.484 

0.01005 

7.2 

1339.4 

0.000747 

4.65 

104.58 

0.00956 

7.3 

1480.5 

0.000676 

4.70 

109.95 

0.00910 

7.4 

1636.0 

0.000611 

4.75 

115.58 

0.00865 

7.5 

1808.0 

0.000553 

4.80 

121.51 

0.00823 

7.6 

1998.2 

0.000500 

4.85 

127.74 

0.00783 

7.7 

2208.3 

0.000453 

4.90 

134.29 

0.00745 

7.8 

2440.6 

0.000410 

4.95 

141.17 

0.00708 

7.9 

2697.3 

0.000371 

5.00 

148.41 

0.00674 

8.0 

2981.0 

0.000335 

5.05 

156.02 

0.00641 

8.1 

3294.5 

0.000304 

5.10 

164.02 

0.00610 

8.2 

3641.0 

0.000275 

5.15 

172.43 

0.00580 

8.3 

4023.9 

0.000249 

5.20 

181.27 

0.00552 

8.4 

4447.1 

0.000225 

5.25 

190.57 

0.00525 

8.5 

4914.8 

0.000203 

5.30 

200.34 

0.00499 

8.6 

5431.7 

0.000184 

5.35 

210.61 

0.00475 

8.7 

6002.9 

0.000167 

5.40 

221.41 

0.00452 

8.8 

6634.2 

0.000151 

5.45 

232.76 

0.00430 

8.9 

7332.0 

0.000136 

5.50 

244.69 

0.00409 

9,0 

8103.1 

0.000123 

5.55 

257.24 

0.00389 

9.1 

8955.3 

0.000112 

5.60 

270.43 

0.00370 

9.2 

9897.1 

0.000101 

5.65 

284.29 

0.00352 

9.3 

10938 

0.000091 

5.70 

298.87 

0.00335 

9.4 

12088 

0.000083 

5.75 

314.19 

0.00318 

9.5 

13360 

0.000075 

5.80 

330.30 

0.00303 

9.6 

14765 

0.000068 

5.85 

347.23 

0.00288 

9.7 

16318 j 

0.000061 

5.90 

365.04 

0.00274 

9.8 

18034 

0.000055 

• 5.95 

383.75 

0.00261 

9.9 

19930 

0.000050 




10.0 

22026 

0.000045 
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6. Greek Alphabet 


A, a— alpha 

I, i— iota 

P, p— rho 

B, P— beta 

K, x— kappa 

2, 0 — sigma 

I\ y — gamma 

A, X — lambda 

T, r — tau 

A, 6 — delta 

M, p — mu 

T, v — upsilon 

E, e — epsilon 

N, v — nu 

CD, cp — phi 

Z, £ — zeta 

S, l— xi 

X, x — chi 

H, tj — eta 

0, o — omicron 

'F, psi 

0, 6— theta 

II, 3i— pi 

Q, (o— omega 


7. Numerical Constants and Approximations 


Numerical constants 

Approximate formulas (for a « 1) 

3t = 3.1416 

(1 dc a) n ^ 1 db n a 

3x2 = 9.8696 

e a ^ 1 + a 

>/"¥= 1.7725 

In (1 + a) ^ a 

e = 2.7183 

sin a ^ a 

log e = 0.4343 

cos a^l- a*/2 

In 10 = 2.3026 

tan a « a 


8. Some Data on Vectors 


a (b-f c) = ab-f ac [a, b + c] = [ab] + |ac] 

ab ^a x b x -\-a y b y -\-a z b z [a [be]] = b (ac) — c (ab) 

i j k 

[ab] = a x a y a z = (a y b z -a z b y )\ + (a z b x — a x b z )j+(a x b y — a y b x )k 
bx by b z 


d . , da db 
It (a+b)= -dF + W 
d . v da, da 

I<“ a)= ¥ ,+ “¥ 


-3T( ab)=^b + af 

~ST l ab ] = [ "3F b ] L 8 ~JT ] 


9. Derivatives and Integrals 


Function 

Derivative 

Function 

Derivative 

Function 

Derivative 

x n 

nx 11 " 1 

sin x 

COS X 

arcsin x 

1 

1 

1 

cos x 

— sin x 

y i— i* 

X 

X 2 

tan x 

1 

arccos x 

i 

1 

n 

COS 2 X 

y i— I* 

i 

x n 

x n+l 

cot X 

1 

arctan x 

Yx 

1 

sin 2 x 

l + £* 

2 Yx 
e* 

Yu 

u' 

arccot x 

1 

e* 

2 Yu 

l + x 2 

e nx 

ne nx 

In u 

u' 

sinh x 

cosh x 

a * 

a x In a 

u 

cosh x 

sinh x 
1 

cosh 2 x 

In x 

1 

u 

uu' — v'u 

tanh x 





X 

V 

V 2 

coth x 

1 





sinh 2 x 



oo 

j x n er x dx = 

0 

c 1. » = 0 

! V»/n, n= 1/2 

1, n=l 
V 2, n = 2 

00 

1 x n e-xidx — 
0 

t 1 l t y it, n = 0 
| 1/2, n=l 

1 1 /«K n. n = 2 

1/2, n = 3 

OO 

f x n dx 

) e* — 1 ~ ' 

0 

2.31, n= 1/2 
n*/6, = 1 

2.405, n — 2 
n 4 /15, n = 3 
24.9, n = 4 

a 

r x 8 <fcr 

J e* — 1 ~ ' 

0 

0.225, a — 1 
1.18, a == 2 
2.56, a — 3 
4.91, a = 5 
6.43, a =10 
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10. Astronomical Data 


1 Body 

Mean radius, 
m 

Mass, kg 

Mean density, 
103 kg/m 3 

Period of rotation 
about axis, days 

Sun 

6.95-10 8 

i. 97 -1030 

1.41 

25.4 

Earth 

6.37 -10 6 

5.9610 21 

5.52 

1.00 

Moon 

1.74-10 6 

7.30-10 22 

3.30 

27.3 


Planets of solar system 

Mean distance from the 
Sun, 10 6 km 

Siderial period, years 

Mercury 

57.87 

0.241 

Venus 

108.14 

0.615 

Earth 

149.50 

1.000 

Mars 

227.79 

1.881 

Jupiter 

777.8 

11.862 

Saturn 

1426.1 

29.458 

Uranus 

2867.7 

84.013 

Neptune 

4494 

164.79 


11. Density of Substances 


Solids 

p, g/cm 3 

Liquids 

p, g/cm 3 

Diamond 

3.5 

Benzene 

0.88 

Aluminium 

2.7 

Water < 

1.00 

Tungsten 

19.1 

Glycerin 

1.26 

Graphite 

1.6 

Castor oil 

0.90 

Iron (steel) 

7.8 

Kerosene 

0.80 

Gold 

19.3 

Mercury 

13.6 

Cadmium 

8.65 

Alcohol 

0.79 

Cobalt 

8.9 

Heavy water 

1.1 

Ice 

0.916 

Ether 

0.72 

Copper 

8.9 

Gases (under standard condi- 

p, kg/m 3 

Molibdenum 

10.2 

tions) 


Sodium 

0.97 

Nitrogen 

1.25 

Nickel 

8.9 

Ammonia 

0.77 

Tin 

7.4 

Hydrogen 

0.09 

Platinum 

21.5 

Air 

1.293 

Cork 

0.20 

Oxygen 

1.43 

Lead 

11.3 

Methane 

0.72 

Silver 

10.5 

Carbon dioxide 

1.98 

Titanium 

4.5 

Chlorine 

3.21 

Uranium 

19.0 



Porcelain 

2.3 



Zinc 

7.0 




12. Thermal Expansion Coefficients 
(at room temperatures) 


Solids 

Linear expansion 
coefficient; a, 
10-6 K-l 

Liquids 

Bulk expam 
coefficient; 
10-4 K-j 

Aluminium 

22.9 

Water 

2.1 

Brass 

18.9 

Glycerin 

5.0 

Copper 

16.7 j 

Kerosene 

10.0 

Steel (iron) 

11 

Mercury 

1.8 

Common glass 

8.5 

Ethyl alcohol 

11.0 




w 4 _ 1 dl 1 dV 

Note, a— t gJ , , P v dT 


13. Elastic Constants. Tensile Strength 


Material 

Young’s 
modulus E , 
GPa 

Shear 
modulus 
G, GPa 

Poisson’s 
ratio 4 

Tensile 
strength <J m , 
GPa 

Compressibil- 
ity, (3, GPa” 1 

Aluminium 

70 

26 

0.34 

0.10 

0.014 

Copper 

130 

40 

0.34 

0.30 

0.007 

Lead 

16 

5.6 

0.44 

0.015 

0.022 

Steel (iron) 

200 

81 

0.29 

0.60 

0.006 

Glass 

60 

30 

0.25 

0.05 

0.025 

Water 

— 

— 

— 

— 

0.49 

Note. Compressibility 

P- V 

dV 

dp 




14. Saturated Vapour Pressure 


°c 

Pressure , 
kPa 

°c 

Pressure, 
kPa 1 

°c 

Pressure, 

kPa 

0 

0.61 

25 

3.15 

60 

19.9 

5 

0.87 

30 

4.23 

70 

31.0 

10 

1.22 

35 

5.60 

80 

47.3 

15 

1.70 

40 

7.35 

90 

70.0 

20 

2.33 

50 

12.3 

100 

101.3 


15. Gas Constants 

(under standard conditions) 


Gas 

Relative 

C P 

Heat con- 
ductivity 

Viscosity 

Molecular 

dia- 

Van der Waals 
constants 

molecular 

Y ~ c v 

mW 

tj, MPa*s 

meter 

atm - la 



mass 

V 

*• m-K 


d t nm 






°* moJ2 

He 

4 

1.67 

141.5 

18.9 

0.20 



Ar 

40 

1.67 

16.2 

22.1 

0.35 

1.30 

0.032 

h 2 

2 

1.41 

168.4 

8.4 

0.27 

0.24 

0.027 

n 2 

28 

1.40 

24.3 

16.7 

0.37 

1.35 

0.039 

o 2 

32 

1.40 

24.4 

19.2 

0.35 

1.35 

0.032 

co 2 

44 

1.30 

23.2 

14.0 

0.40 

3.62 

0.043 

h 2 o 

18 

1.32 

15.8 

9.0 

0.30 

5.47 

0.030 

Air 

29 

1.40 

24.1 

17.2 

0.35 

— 

— 

Note. This table quotes the mean values of molecular diameters. 

When performing more accurate calculations, 

it should be remembered 

that the values of d obtained from the coefficients 

of viscosity, heat 

conductivity, and diffusion, as well as the Van der Waals constant 
differ perceptibly from one another. 


16. Some Parameters of Liquids and Solids 


Substance 

Specific heat 
capacity * 

/- J .. 

Specific heat of 
vaporization ** 
<7. J/g 

Specific heat of 
melting 
<2, J fg 

Surface 
tension * 
a, mN/m 

g K 

Water 

4.18 

2250 

_ 

73 

Glycerin 

2.42 

— 

— 

66 

Mercury 

0.14 

284 

— 

490 

Alcohol 

2.42 

853 

— 

22 

Aluminum 

0.90 

— 

321 

— 

Iron 

0.46 

— 

270 

— 

Ice 

2.09 

— 

333 

__ 

Copper 

0.39 

— 

175 

— 

Silver 

0.23 

— 

88 

— 

Lead 

0.13 

— 

25 


* Under standard conditions. 




** Under standard atmospheric pressure. 




376 


17. Permittivities 
(relative values) 


Dielectric 

8 

Dielectric 

e 

Water 

81 

Mica 

7.5 

Air 

1.00058 

Alcohol 

26 

Kerosene 

2.0 

Glass 

6.0 

Paraffin 

2.0 

Porcelain 

6.0 

Plexiglas 

3.5 

Ebonite 

2.7 

Polyethylene 

2.3 




18. Resistivities of Conductors 


Conductor 

Resistivity (at 20 °C) 
p, nfl*m 

Temperature coefficient 
a, kK-i 

Aluminium 

25 

4.5 

Tungsten 

50 

4.8 

Iron 

90 

6.5 

Gold 

20 

4.0 

Copper 

16 

4.3 

Lead 

190 

4.2 

Silver 

15 

4.1 


19. Magnetic Susceptibilities of Para- and Dtamagnetics 


Paramagnetic sub- 
stance 

\i- 1 , lo-fl 

Diamagnetic sub- 
stance 

n-l, iO-6 

Nitrogen 

0.013 

Hydrogen 

—0.063 

Air 

0.38 

Benzene 

—7.5 

Oxygen 

1.9 

Water 

—9.0 

Ebonite 

14 

Copper 

—10.3 

Aluminium 

23 

Glass 

-12.6 

Tungsten 

176 

Rock-salt 

—12.6 

Platinum 

360 

Quartz 

—15.1 

Liquid oxygen 

3400 

Bismuth 

—176 




25—9451 


20. Refractive Indices 



Air 

Water 


1 .00029 
1.33 



Glass 

Diamond 


Note. Since the refractive indices are known to depend on the nature 
of the substance and the wavelength of light, the values of n listed here 
should be regarded as conditional. 


Wavelength X, nm 

Colour 

687 

red 

656 

orange 

589 

yellow 

527 

green 

486 

blue 

431 

indigo 

400 

violet 


Iceland spar 



21. Rotation of the Plane of Polarization 


Natural rotation in quartz (the thickness of the plate is 1 mm) 


X, nm 

deg 

X, nm 

<P, deg 

X t nm 

<P, deg 

199.0 

295.65 

344.1 

70.59 

589.5 

21.72 

217.4 

226.91 

372.6 

58.89 

656.3 

17.32 

219.4 

220.7 

404.7 

48.93 

670.8 

16.54 

257.1 

143.3 

435.9 

41.54 

1040 

6.69 

274.7 

121.1 

491.6 

31.98 

1450 

3.41 

328.6 

78.58 

508.6 

29.72 

1770 

2.28 


Magnetic Rotation (X = 589 nm). The Verdet Constant V : 


Liquid 

V, ang. min/A 

| Liquid 

y, ang. min/A 

Benzene 

2.59 

Carbon disulphide 


Water 

0.016 

Ethyl alcohol 
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22. Work Function o! Various Metals 


Metal 

m 

Metal 

A f eV 

Metal 

A, eV 

Aluminium 

3.74 

Gold 

4.58 

Potassium 


Barium 

2.29 

Iron 

4.36 

SilveT 


Bismuth 

4.62 

Lithium 

2.39 

Sodium 


Cesium 

1.89 

Molybdenum 

4.27 

Titanium 

3.92 

Cobalt 

4.25 

Nickel 

4.84 

Tungsten 

4.50 

Copper 

4.47 

Platinum 

5.29 

Zinc 

3.74 


23. K Band Absorption Edge 


z 

Element 


z 

Element 

X K , pm 

23 

V 


47 

Ag 

48.60 

26 

Fe 

i 

50 

Sn 

42.39 

27 

Co 

160.4 

74 

W 

17.85 

28 

Ni 

148.6 

78 

Pt 

15.85 

29 

Cu 

138.0 

79 

Au 

15.35 

30 

Zn 

128.4 

82 

Pb 

14.05 

42 

Mo 

61.9 

92 

U 

10.75 


24. Mass Absorption Coefficients 
(X-ray radiation, narrow beam) 


X, pm 

Mass absorption coefficient M-/P* cm2/g 

Air 

Water 

Aluminium 

Copper 

Lead 

10 


0.16 

0.16 

0.36 

3.8 

20 


0.18 

0.28 

1.5 

4.9 

30 


0.29 

0.47 

4.3 

14 

40 


0.44 

1.1 

9.8 

31 

50 

0.48 

0.66 

2.0 

19 

54 

60 

0.75 

1.0 

3.4 

32 

90 

70 

1.3 

1.5 

5.1 

48 

139 

80 

1.6 

2.1 

7.4 

70 


90 

2.1 

2.8 

11 

98 


100 

2.6 

3.8 

15 

131 


150 

8.7 

12 

46 

49 


200 

21 

28 

102 

108 


250 

39 

51 

194 

198 



25 * 
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25. Ionization Potentials of Atoms 


z 

Atom 

Ionization potential 
<p, V 

z 

Atom 

Ionization potential 
<p f V 

1 

H 

13.59 

1 

N 

14.54 

2 

He 

24.58 

8 

0 

13.62 

3 

Li 

5.39 

9 

F 

17.42 

4 

Be 

9.32 

10 

Ne 

21.56 

5 

B 

8.30 

11 

Na 

5.14 

6 

C 

14.27 

80 

Hg 

10.44 


26. Mass of Light Atoms 


z 

Isotope 

Excess of mass 
of atom 
A t - Ay a.m.u. 

z 

Isotope 

Excess of mass 
of atom 

A r - Ay a.m.u. 

0 

n 

0.00867 

6 

C 11 

0.01143 

1 

H 1 

0.00783 


C 12 

0 


H 2 

0.01410 


C 13 

0.00335 


H 3 

0.01605 

7 

N 13 

0.00574 

2 

He 3 

0.01603 


N u 

0.00307 


He 4 

0.00260 


N 15 

0.00011 

3 

Li 6 

0.01513 

8 

015 

0.00307 


Li 7 

0.01601 


016 

—0.00509 

4 

Be 7 

0.01693 


O 17 

—0.00087 


Be 8 

0.00531 

9 

pi9 

—0.00160 


Be 9 

0.01219 

10 

Ne 20 

—0.00756 


Be 10 

0.01354 

11 

Na 23 

—0.01023 

5 

B 10 

0.01294 


Na 24 

—0.00903 


B 11 

0.00930 

12 

Mg 24 

—0.01496 

Note. Here A r 
mass number. 

is the relative atomic 

mass (in a.m.u.), A is the 


27. Half-Life Values of Radionuclides 


z 

Isotope 

Kind of decay 

Half-life 

27 

Cobalt Co 60 

P 

5.2 years 

38 

Strontium Sr 90 

P 

28 years 

84 

Polonium Po 210 

a 

138 days 

86 

Radon Rn 222 

a 

3.8 days 

88 

Radium Ra 226 

a 

1620 years 

92 

Uranium U 238 

a 

4.5-10 9 years 


28. Units of Physical Quantities 

Names and symbols of certain quantities 


| A, ampere 

H, henry 

Oe, oersted 

a.m.u., atomic 

h, hour 

Q , ohm 

mass unit 

Hz, hertz 

P, poise 

B, bel 

J, joule 

Pa. pascal 

b, barn 

K, kelvin 

rad, radian 

C, coulomb 

1, litre 

S, siemens 

cd, candela 

1m, lumen 

s, second 

D, diopter 

lx, lux 

sr, steradian 

dyn, dyne 

m, metre 

St, stokes 

eV, electron-volt 

min, minute 

T, tesla 

F, farad 

mol, mole 

V, volt 

G, gauss 

Mx, maxwell 

W, watt 

gt gram 

N, newton 

Wb, weber 


Decimal Prefixes 


Factor 

Name of prefix 

Symbol 

Factor 

Name of prefix 

Symbol 

1Q12 

tera- 

T 

10-2 

centi- 

c 

109 

gig a “ 

G 

10~ 3 

milli- 

m 

10 6 

mega- 

M 

10-e 

micro- 

P 

10 3 

kilo- 

k 

10-9 

nano- 

n 

10 2 

hecto- 

h 

10-ia 

pico- 

P 

10 

deca- 

da 

10-15 

femto- 

f 

10” 1 

deci- 

d 

IQ-18 

atto- 

a 


SI and CGS Units 


Physical quantity 

Name of unit 

Conversion factor 
1 SI unit/1 CGS unit 

SI 

CGS 

Length 

m 

cm 

100 

Time 

s 

s 

1 

Velocity 

m/s 

cm/s 

100 

Acceleration 

m/s 2 

cm/s 3 

100 

Oscillation frequency 

Hz 

Hz 

1 

Angular velocity 

rad/s 

rad/s 

1 

Angular frequency 

s - 1 

s-i 

1 

Mass 

k g 

g 

10 3 

Density 

kg/m 3 

g/cm 3 

10~ 3 

Force 

N 

dyn 

105 
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(Continued) 


Physical quantity 

Name of unit 

Conversion factor 
i SI unit/1 CGS unit 

SI 

CGS 

Pressure, stress 

Pa 

dyn/cm 2 

10 

Momentum 

kg- m/s 

g-cm/s 

10 5 

Moment of force 

N m 

dyn*cm 

10 7 

Energy, work 

J 

erg 

10 7 

Power 

W 

erg/s 

10 7 

Energy flux density 

W/m 2 

erg/(s-cm 2 ) 

10 3 

Angular momentum 

kg*m 2 /s 

g*cm 2 /s 

10 7 

Moment of inertia 

kg*m 2 

g-cm 2 

10 7 

Dynamic viscosity 

Pa-s 

P 

10 

Temperature 

K 

K 

1 

Heat capacity, entropy 

J/K 

erg/K 

10 7 

Electric charge 

c 

CGSE unit 

3-109 

Potential 

V 

CGSE unit 

1/300 

Electric field strength 

V/m 

CGSE unit 

1/(3*104) 

Electric induction 

C-m 2 

CGSE unit 

12jc ■ 10 5 

Electric dipole moment 

C/m 

CGSE unit 

3-10 11 

Electric polarization 

C/m 2 

CGSE unit 

3 - 10 5 

Capacity 

F 

cm 

9 -10 11 

Current 

A 

CGSE unit 

3-109 

Current density 

A/m 2 

CGSE unit 

3-10 5 

Resistance 

Q 

CGSE unit 

1/(9- 10 11 ) 

Resistivity 

Q • m 

CGSE unit 

1/(9 10°) 

Conductance 

S 

CGSE unit 

9 • 10 11 

Magnetic induction 

. T 

G 

10 4 

Magnetic flux 

Wb 

Mx 

10 8 

Magnetic field strength 

A/m 

Oe 

4jx -10* 3 

Magnetic moment 

A*m 2 

CGSM unit 

10 3 

Magnetization 

A/m 

CGSM unit 

10- 3 

Inductance 

H 

cm 

109 

Luminous intensity 

cd 

cd 

1 

Luminous flux 

lm 

lm 

1 

Illumination 

lx 



Luminosity 

lm/m 2 



Brightness 

cd/m 2 



Note. The CGS electric and magnetic units are given here in the 

Gaussian system. 





Some Extrasystem Units 


1 year =3.11 10 7 s 
. . f 101.3 kPa 

1 atm - I 760 mm Hg 

1 bar = 100 kPa (precisely) 
1 mm Hg= 133.3 Pa 
1 latm =101.3 J 
1 cal =4.18 J 


1 A =10~ 8 cm 

lb = 10“ 24 cm 2 

_ r 1.6-10" 19 i 
“ l 1.6-10" 12 erg 
r 1.66*10-34 g 
“ \ 931.4 MeV 
1 Ci (curie) = 3.70- 10 10 dis./S 


1 eV 


1 a.m.u. 
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29. The Basic Formulas of Electrodynamics in the SI 
and Gaussian Systems 


Name 

SI 

Gaussian system 

Strength of the 
field of a point 

E— 1 9 

4ji 8 0 r 2 

°"K 

ii 

charge 


E~ 4jt0 

Strength of the 
field of a plane 

E- ° 

e 0 e 

8 

capacitor 

CP 1 q 


Potential of the 
field of a point 

0 L 

^ 4jie 0 r 


charge 


2 

Relation between 

E=— ?cp, <p x 

— <p 2 ~ \ E[dl 

E and <p 


J 

1 

Electric dipole p 

N = fpE], 

W=— pE 

in field E 


Relation between 

P — xe 0 E 

P = xE 

P and E 


Relation between 

G ' “ -P 7i “ xe 0 £ n 

o = P n = x>E n 

o', P, and E 


Definition of the 

D — e 0 E + P 

D = E + 4jiP 

vector D 



Relation between 

8 = 1 -}** X 

6 = 1 + 4jix 

e and x 


Relation between 

D = e 0 eE 

D = eE 

D and E 


Gauss theorem for 

(£) D n dS = q 

<^) D n dS — knq 

the vector D 

J 

Capacitance of a 


-q/V 

capacitor 


Capacitance of a 

c _ eoeS 

lC -f A 

plane capacitor 

d 

4itd 

Energy of a sys- 

W = i/,Y,qn Vi 

tem of charges 



Energy of a ca- 

W = CV*/2 

pacitor 



Energy density of 
electric field 

ED 

w ~ — 

ED 


W ~ 8ji 

Ohm’s law 

j = 

oE 

Joule's law 


oE 2 

Magnetic moment 

Pm — IS 

Pm = —IS 

of a current car- 


c 

rying loop 



Magnetic dipole 

N— [PmB], 

W— PmB 

p m in the field B 
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(C ontinued) 


Name 

SI 

Gaussian system 

Biot and Savart’s 
law 

PO ^ 

1 /[dl, r] 

4ji r3 

dB - c r 3 

Induction of the 
field produced 

(a) by direct 

current 

B _ f*o 2 / 
4jt r 

c r 

(b) in the centre 
of a loop 

B _ M-o 2 ji / 
r 

B- 1 2?l/ 

c r 

(c) in a solenoid 

B=a\kQllI 

B= — - nl 
c 

Definition of the 
vector H 

H = B/fi 0 — J 

H = B — 4jiJ 

Circulation of the 
vector H in a 
constant field 

II 

ii 

Relation between 
J and H 

J = 

XH 

Relation between 
p and x 

P=1 +1 

p=l+4n;x 

Relation between 
B and H 

popH 

B — jxH 

Lorentz force 

F = 9 [vB) 

f=-5-[ V bj 

C 

Ampere’s law 

dF = J [dl, B] 

dF = — [dl, B] 
c 

Force of inter- 

p Po 2IJ 2 

p 1 21,1, 

action of paral- 
lel currents 

4jt d 

c 2 d 

Emf of induction 

d(p 


dt 

c dt 

Inductance 

L = (D/I 

L = cO// 

Inductance of a 
solenoid 

L = n ol*n 2 V 

L = 4:rtprc 2 F 

Energy of the 
magnetic field 
produced by cur- 
rent 

W- LI2 

™ 2 

w= 1 112 
W c* 2 

Energy density of 
magnetic field 

BH 

BH 

W ~ 2 

W 8ji 
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(Concluded) 


Name 

SI 

Gaussian system 

Maxwell’s equa- 
tions in inte- 
gral form 

^ D n dS= j pdV 
<§> E t dl = - j B n dS 

§ D n dS = 4jx j p dV 
§E[dl=—^ j B n dS 


B n dS = 0 

<|) B n dS = 0 


§#,dl=j (i n + D n )dS 


Maxwell’s equa- 
tions in differen- 
tial form 

VD = p 
V X E= — B 

V-D==4jip 

V X E= — — B 
c 


V = 0 

V-B= 0 


VxH = ) + i) 

VxH-‘i(i+i) 

Velocity of an 
electromagnetic 
wave in a me- 
dium 

v — ilY e 0 p 0 sp 

V = c/Y 

Relation between 
E and H in an 
electromagnetic 
wave 

eYw=h Vn? 

eY*=h Yv- 

Poynting vector 

S — [EH] 

s =irf EH i 


30. Fundamental Constants 


Velocity of light in vacuum 

Gravitational constant 

Free fall acceleration 
(standard value) 

Avogadro constant 

Molar volume of ideal gas at stp 

Loschmidt’s number 

Universal gas constant 

Boltzmann constant 
Faraday constant 
Elementary charge 

Electron rest mass 

Specific charge of electron 
Proton rest mass 

Specific charge of proton 

Stefan-Boltzmann constant 
Constant in Wien’s displacement law 

Planck constant 
Rydberg constant 
First Bohr radius 

Binding energy of electron in a 
hydrogen atom 

Compton wavelength of an electron 
Classical electron radius 

Bohr magneton 
Nuclear magneton 


c = 2.998* 10® m/s 
= r 6.67* 10- 11 m 3 /(kg*s 2 ) 
Y_ \ 6.67-10- 8 cm 3 /(g-s 2 ) 
g = 9.807 m/s 2 

M a = 6.023- 10 23 mol" 1 
F 0 = 22.4 1/mol 
_ / 2.69-10 25 nr 3 
"° l 2.69-10 19 cm- 3 
f 8.314 J/(K • mol) 

/?=■{ 8.314- 10 7 erg/mol 
l 0.082 1 atm/ mol 
, / 1.380-10* 23 J/K 

\ 1.380- 10” le erg/K 
_ f 0.965-10® C/kg-equiv. 

— 1 2.90- 10 14 CGSE/g-equiv. 
_ f 1.602-10 -19 C 
e_ \ 4.803-10 -10 CGSE 
r 0.911 -10 -30 kg 
m e = 0.911 -10 -27 g 
{ 0.511 MeV 
e / 1-76-10 11 C/kg 
m e — \ 5.27-10 17 CGSE/g 
_ / 1.672-10' 27 kg 
mp \ 1.672-10 -24 g 
f 0.959 -10 s C/kg 
m p ~ \ 2.87 -10 14 CGSE/g 
o = 5.67-10-« W/(m*-K 4 ) 

6 = 0.29 cm-K 
( 1.054-10“ 3 M.s 
h= i 1.054- 10- 27 erg-s 
{ 0.659 *10~ 15 eV *s 

= i = 2.07-10» s-i 

i?' = .R/2jic=1.097-10 8 cm” 2 
ri = ^/me* = 0.529-10- 8 cm 
E = me*, 2ft 2 = 13.56 eV 

£<2 = hlmc = 3.86* 10~ 11 cm 
r e = e 2 lmc* = 2.82* 10 -13 cm 

u B =-ii- = 0.927-10- 2 <' erg/G 

Zl7l e C 

U, N = -^— = 5.05-1 0- 24 erg/G 

Zm-pC 


(Concluded) 


Proton magnetic moment 

Up =2. 7928 [Aiv 

Neutron magnetic moment 

(in = — 1-913 Hjv 
„ ( 1.660 -10- 24 g 

Atomic mass unit 

1 a.m.u. — | 931 4 MeV 

Permittivity of vacuum 

e 0 =0.885-10~ u F/m 
l/4neo — 9-10® m/F 

Permeability of vacuum 

Ho = 1-257 -I0-o H/m 
Ho/4it = 10“ 7 H/m 
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Principles of Optical Holography. Polarization of Light and Transverse 
Nature of Light Waves. Scale of Electromagnetic Waves. Velocity of 
Light. Dispersion of Light and Colours. Spectra and Spectral Laws. Ef- 
fects of Light. Part 4. Atomic and Nuclear Physics. Structure of 
Atoms. Radioactivity. Atomic Nuclei and Nuclear Power. Elementary 
Particles. New Achievements in Elementary Particle Physics. 



BARYONS MESONS LEPTONS 


ELEMENTARY 


PARTICLE 

SYMBOL* 

MASS 

MeV 

m e 


Photon 

Y 

0 

0 

oo 

Z 

Neutrino 

V V 

0 

0 

O 

H 

Qu 

Electron 

e- e + 

0,511 

1 

W 

Muon 

(T |i + 

105,66 

206,77 


I 

n+ n~ 

139,6 

273,2 


Pions ) 





l 

7T° 

135,0 

264,2 

z 

o 

Kaons J 

>5 

+ 

>5 

1 

493,8 

966,3 

oo 

W 

1 

K° K° 

498,0 

974,5 

s 

Eta meson 

71 

548,8 

1074 


Proton 

P P 

938,26 

1836,1 


Neutron 

n n 

939,55 

1838,6 


Lambda hyperon 

A 9 A° 

1115,4 

i 

2182,8 

oo 

z 

o 


£ + I" 

1189,4 

2328 

0* 

Sigma hyperons 4 

2‘ I 4 ” 

1197 

2342 

<< 

CQ 


2° 1° 

1192 

2333 


r 

S“ 

1321 

2585 


Xi hyperons < 





l 

oO 2® 

1314 

2572 


Omega hyperon 

sr q + 

1675 

3278 


MEAN LIFE, 

s 

OO 

oo 

i 

! 

oo 

2,2 • 10' 6 

2,55-10-® 
2 • 10" 16 
1,23-10-® 
10' 10 -10‘ 8 
2,4 -10' 19 


OO 

MO' 3 

2,6- 10' 10 

0,8 10" 10 
1 , 6 - 10' 10 
<10' 14 
1,7 -10* 10 
3- 10" 10 
~ 10 " l ° 


Symbols on the right-hand side denote antiparticles 






























PARTICLES 


SPIN 

h 

CHARGES 

ISOTOPIC 

SPIN 

w 

0 

5 1/3 

PRINCIPAL 

DECAY 

MODE 

Q 

fl 

B 


IB 

fe 2 

1 

0 

0 

0 





l /2 

0 

+1 

0 





l /2 

-1 

+1 

0 





1/2 

-1 


0 





0 

+1 

0 

0 

1 

-fl 

0 
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0 

0 

0 

1 


0 

n°-.2y 

0 

+1 

0 

0 

VS 


-fl 


0 

0 

0 

0 

VS 


-fl 

K^-.2n, nev 

0 

0 

0 

0 

0 


0 

■»)— 2y, 3 k 

V2 

+1 

0 

+1 

V2 

+1/2 

0 


J /2 

0 

0 

+1 

1/2 

-1/2 

0 

n— p + e'+^e 

l /2 

0 

0 

-fl 



-1 

A°— ►p+n - 

X /2 

+1 

0 

+1 

1 

+1 

-1 

I^N + n 

1/2 

-1 

0 

+1 

1 

-1 

-1 

+ tr 

V2 

0 

0 

+1 

1 


- 1 

2^A 0 + Y 

V2 

-1 

0 

-fl 

V2 

-1/2 

-2 

8^A°+n- 

1/2 

0 

0 

+1 

1/2 

+ 1/2 

-2 

S^-*A°-fn° 

3/2 

-1 

0 

+1 

0 

0 

-3 

Q— 2 + n, A°4/r 


Note. Particles and corresponding antiparticles have the identical values of mass, mean life, 
spin, and isotopic spin 7", while their electric Q, lepton L, and baryon B charges, projections 
of isotopic spin T z , and strangeness S, have the values that are opposite in sign. 


































